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PREFACE 


To the Second Parr. 


fore the Reader takes the Trou- 
ble to enter on the Second Part, 
it is fit he be appriſed of a few 

NY Things, that may prevent his miſ- 
8 taking my Meaning, in the more 
difficult Propoſitions, or may enable him to run 
through the whole with more Pleaſure. 

I. The firſt Chapter is intended only, as an 
Introduction to the two ſubſequent, to the third 
elpecially ; and for clearing up and demonſtrat- 
ing, in the moſt familiar and eaſy Way, the Nature 
and Properties of relative Infinites; the Foun- 
dations of the Arithmetick of Infinites, and the 
Structure built thereon, publiſhed by me in the 
former Edition of this Work, having been doubt- 
ed of, or miſtaken by ſome. The whole now, 


Aa 3 ro ed 


— — — — 
— „ r TE: TE EET 4 
_ m 
= 2 — — — — — — — 


l hope, is clear and unqueſtionable. I have bor. 


— 


ye 9, RH oe „ „ 
E” - 2 Y 
S — — * — - 
— — —_— > 4 — _ - — a — - 2 2 yo 


— 
— = —_—_ 
- 9 2 6. < ——— — 
-- — — 92 3 = - > — 
- 
— 
- 
. 
_ = 
„* > — 3 
. — — - ov - 
__ — = — * 2 _ % - — * — 
— = Dn" — - 
— — * of 
© * * 
— — 


— 8 — 
— 
—ͤ—ü—ñf — — — 


— 


pe — * Lb. — — — _— * 
— = woe — ˙— Ee — - 
1 — & » _ 
— N 


n... 


— 


The PREFACE. 


—_—_— TT” — 


— — 


tures 
their 
rures 
Speci 
to th 
Crea! 
amen 
the C 
ſtrong 
expret 
and S. 
ſame! 
expreſ 
more | 
as Lif 
the m. 
lities © 
Being 

Creaty 
muſt ir 
their R 
thoſe p 
Princip 
may be 
evident 
from a 
to mad 
Poſters, 
imple ! 
Then it 


rowed a few Things from the third Chapter, for 
the Eaſe of thoſe, who either might not have 
Humour and Leiſure, or might not have applied 
themſelves ſufficiently to ſuch Studies, as to be 
able to go quite through that Chapter, and yet 
might be content to ſee this curious Speculati. 
on cſtabliſhed here. 

II, The ſecond Chapter contains many Parti. 
culars of Weight and Moment. The Founda. 
tion is this : The ſupreme Creator of all Things, 
and the whole Syſtem of Creatures, from the 
higheſt Seraphim down to brute Matter, arc 
here together conſidered as it were an infinite 
Cone, (like the Shadow of the dark fide of the 
Earth, circumſcribed by the Light of the Sun 
in the empty Spaces of our Syſtem,) whoſe 
Baſe is the ſupreme and abſolute Infinite, the 
Origin of the Being and Faculties of all cre- 
ated Things; and its Body, is the whole Syſtem 
of Creatures, from the higheſt ſpiritual Intell: 
gence, deſcending, in a perpetual Subordina- 
tion, and continual Scale, down to brute Mat- 
ter ; or if there be any Creature lower than this. 
It is true, in this Metaphor or Reſemblance, 
the Baſe is to be ſuppoſed at an abſolutely inf 
nite Diſtance, from the Body of the Cone, (as 
the Sun, whoſe Rays define the dark Cone of 
the Earth's Shadow, is diſtant from the Earth:) 
But then, as all the Sections in a Cone, paral- 
lel to the Baſe, are ſimilar to the Baſe, and to 
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tures, conſidered in one View, together with 
their Creator, every Species and Set of Crea- 
tures is ſimilar to the Baſe, and to every other 
Species and Sct of Creatures, from the higheſt 
to the loweſt, 2. e. every Species and Set of 
Creatures of a higher Order, has the great Line- 
aments, and prominent Out-lines of their Bale, 
the Origin of all Being and Perfections, more 
ſtrongly, clearly, and largely repreſented and 
exprefied on, and by them; and every Species 
and Set of Creatures of a lower Order, has the 
lame Lineaments and Characters repreſented and 
expreſſed on, and by them, but in a more weak, 
more faint, and more contracted Manner. And 
as Life, Activity, and Fecundity arc among 
the moſt univerſal, primitive, and original Qua- 
lities of the Baſe, the Source, and Origin of all 
Being and Perfections: So every Species of 
Creatures, and each Individual of every Species, 
muſt in a higher or lower Degree, according to 
their Rank in the Scale of Exiſtence, partake of 
tnole primitive and original Qualities. If this 
Principle. and Foundation, thus ſhadowed our, 
may be allowed me, and ſure methinks, it is 
evident from the Nature of Things 4 Priori, 
irom all Experiments and Obſervations hither— 
to made on our material Syſtem of Things 4 
Poſteriori, and even from the moſt genuine and 
imple Reflections of our Minds within our ſelves: 
Then it will follow, | 
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I. That there is a perpetual Analogy, (Phy- 
ſical not Mathematical) running on in a Chain, 
through the whole Syſtem of Creatures, up to 
their Creator. 1 0 

II. That the Viſible are Images of the Inviſi. 
ble, the Senſible of the Inſenſible, the Ecty. 
pal of the Archetyppal, the Creatures of the 
Creator, at an abſolutely infinite Diſtance. 

III. That the Arguments from the Attributes 
of the Creator, to the Qualities of the Creature, 
with due regard to the abſolutely infinite Diſ- 
tance, is juſt and concluſive; & vice verſa. 

IV. That, as there are Objects intirely oppo- 
ſite and diſparata, ſo there mult be Faculties in 
intelligent Creatures, ſuited to thoſe different 
Objects, differing according to the Diverſity of 
the Objects. | | 
V. That if Gravitation be the Principle of 
Activity in Bodies; that of Re- union, with their 
Origin, muſt, by this analogical Neceſſity, be the 
Principle of Action in Spirits. 

VI. That material Subſtances are the ſame 
with ſpiritual Subſtances, of the higher Orders, 
at an infinite Diſtance, or that material Subſtan- 
ces are ſpiritual Subſtances infinitely condenſed 
or contracted, ſince in the Scale of Exiſtence, 
the firſt are ſuppoſed at an infinite Diſtance from 
the latter. | 
VII. That there is ſome Analogy between the 
Conſtitution, Temperaments, and Complexions 


of ſpiritual Beings, and the known different Tex 
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tares, Elements, and Faculties of material Sub- 
ſtances. 

THESE, Ithink, as they are neceſſary Conſe- 
quences from the preceeding Principle, ſo they 
are the main Pillars, and ſome of the principal 
, Propoſitions of this ſecond Chapter, which, if 
underſtood and granted, every Thing elſe will 
either be caſily received, or may be ſafely reject- 
ed, without any Hazard to the main Syſtem. 

AFTER all, ſeeing my whole Intention and 
Deſign, in advancing and publiſhing theſe Spe- 
culations, was to beget in the Minds of Men, 
noble, generous, and magnificent Sentiments, 
of God and his Works, that thereby they might 
be more powerfully engaged, to love, adore, 
and ſerve Him; to convince them of the De- 
generacy and Corruption of the whole Race of 
Mankind; of the Neceſlity of expanding and 
cultivating their ſuperior Faculties, by a faithful 
Obedience to the divine Attraction and Draw- 
ings in their Hearts; and thereby, of begetting 
in their Souls, Charity, or the pure Love of God, 
and of all his Images in a proper Subordinati- 
on: All which can by no other Means be brought 
about, but by a careful copying after, and imita- 
ting the Model and Pattern the BLESSED ]E- 
SUS has ſet us in his Life and Doctrine: 1 ſay, 
ſince this was my whole End and Aim, in advan- 
cing and publiſhing theſe Speculations ; If any 
Perſon ſhall think fit to controvert them, he may 
do it: very ſafely for me. For being ſatisfied in 
2 the 
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the Honeſty and Simplicity of my Intentions, and 
of the Uſe and Benefit theſe Speculations have 
been to my ſelf for theſe Ends and Purpoſcs; | 
am firmly reſolved, not to ſpend my Time in 
idle Diſputes, If Others differ with me, about 
the Truth and Reality of theſe Speculations, or 
their Uſefulneſs to, and Influence on the Ends 
propoſed, or are not diſpoſed to reliſh or receive 
them, they may let them alone or reject them; 
it is equal to me. All I ſhall be ever prevailed 
on to do, in ſuch a Cale (excepting always, in 
calc thoſe who either are my lawtul Superiors, 
or whom 1 look on my lelf obliged in Conlci- 
ence to obcy, ſhall command otherwilc,) ſhall 
be; to amend, alter, or retract what 1 ſhall be 
perſuaded is amiſs in the future Editions of this 
Work, if it ſhall have any more. | 

III. The third Chapter is what the revercnd 
and ingenious Mr. Fohn Craig ſent me about 
ſeven Years ago, when I deſired him (being low 
in my Health, and otherwiſe engaged) to write 
me down his Thoughts on, correct or alter, what 
I had formerly publiſhed on this Head in the firſt 
Edition of this Work, in order to a lecond Edi- 
tion. | have altered or added nothing, but one 
Note before his Additions, and that in lItalick 
Characters. 

To conclude, if any Perſon, by either of the 
Parts of this Work, ſhall be moved to adore, 
worſhip, or love the lovely and adorable Author 


of his Being, (who is wonderful in all his W _ 
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and Hypocriſy. 


and great in the leaſt;) 1 ſay, if any one ſhall 
be wrought on thereby to love him more, or 
ſerve him better, I ſhall have the whole Reward 
of my Labour, having intended it ſolely for his 
Glory, and the Good of my Fellow Crcatures; - 
and having, I hope, in the whole, and each ſin- 
gle Part, as far as my Weakneſs and Corruption 
would permit, diſengaged my ſelf from all ſi- 
niſter Ends, from all Fraud, Malice, Vain-glory 
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Second PA R T. 


CHap. I. 


Of the the Nature and Kinds of Infinites, of 
ſome of their reſpective Qualities, and of a 
new Arithmetick of Infinites. 


HE Introduction. 5 pag. 1 
$ Def. I. Quantity defined, and explain- 
ed. 2 
Def. II. Body defined and explained. ibid 
Def. III. The Principle of Activity in Bodies, 
defined and explained. p. 3. 
Def. IV. Spirit defined and explained. p. 4 
Def. V. The Principle of Action in Spirits, de. 
fined and explained. ibid 
Def. VI. The Nature of Finitude defined and 
explained. p. 5 
Def. VII. The Nature of Infinitude defined aud 
explained, | ibid 
Schol. 
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Schol. The Nature 0 infinite Progreſſions, 4e. 
ed and ——_ " p. 6 


Def. VIII. Relative Infinitude, defined and ex- 
plained. p. 7 
Schol. The Diviſion of relative Infinitude into 
infinitely Great and Little, explained. p. 8 
Def. IX. Relative Nothing defined and explaim- 
ed. ibid 
Def. X. The Nature of indefinite 1 
defined and explained. 
Schol, The Nature and Kinds of Indefinites Ne- 
ther explained. p. 10 
Def. XI. Supreme Infinitude explained. p. 12 
Def. XII. Abſolute Nothing explained p. 13 
Tuo Axioms about the Nature of Finitude 
and Infinitude, and the Meaſure of Quan- 
tity explained. ibid 
Prop. Quantity may be increaſed or . 
in infinitum. p. 14 
Two different Demonſtrations of this Pro- 
poſition. p. 14 and 15 
Coroll. I. The greateſt Relative, Infinite or 
Nothing, not i nable. p. 17 
Caroll, II. The Difference between relative 
Infinites or Nothings, and Finites explain- 
ed. ibid 
Coroll. III. That relative Infinites, and No. 
things are of the Nature of unknown Quan- 
titzes in Algebra. p. 18 
Prop. II. That Unity divided by an Infinite 
Number of Unities makes the 3 re- 
alive 
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lative Nothing. - ibid 
Coroll. I. That Unity divided by 3 No. 
thing, makes the Quotient a relative Infinity 
of Unites. p. 19 
Coroll. II. That @ relative infinite Number of 
Unites, multiplied by relative Nothing, makes 
the Quotient Unity. .  tbid 
Prop. Ill. As Finite in general, „is to relative 
Infinite in general, ſo is relative Nothing to 
Unity. ibid 
Prop. IV. Relative Nothing is à real Mathe- 
matical Quantity, and implies the leaſt Part 
of the Finite, io which it is related or com. 
pared. p. 20 
Corol. I. Since relatives Nothing is a Mathe- 
matical Quantity, ſo muſt relative Inſinite 


be. p. 21 
Corol. II. The various Senſes, in which relative 
Nothing is taken. ibid 


Coroll. Ill. That the firſt Term in the Series 
for relative Nothing is ſufficient. P. 22 
Coroll. IV. The Senſe, wherein a Quantity's 
being greater than Infinite, or one relative 
Tufinite s being greater than another, is 10 
be meant, _ ibid 
Prop. V. That relative Infinites, Indefinites, 
and Nothings, admit of all the Degrees and 
Arithmetical Operations that finite Quanti- 
ties are ſubjetted to. p. 24 
Prop. VI. That relative Infinite has no finite 


Proportion io the Finite, with which it 1s 
com- 
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compared. | D,''35 
Coroll. I. Relative Infinite in general, is to | 
Finite in general, as Unity is to relative | 
Nothing. p. 26 1 5 
Coroll. II. That a ſuperior Degree of Infinite, i T 
is to any inferior, as Unity is to relative No- 1 
thing, and the ſuperior Degree of relative it | 
Nothing, to the inferior, as relative Nothing i 
is to Unity. p. 27 1 | 
The Arithmetick of Inſinites. p. 28 11 
Prop. VII. That indefinite Quantities are pro- 
perly neither Finite nor Infinite, but between 


both. p. 29 | 
Schol. I further Explication of the Nature 1 
and Limits of Indeſinites. p. 31 | 


Prop VIII. That Space or the Extenſion of the 
Untverſe, is a relative Infinite, but of a high. 
er Degree than infinitely Unity. P. 33 
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Of the Philoſophical Principles of revealed 1 
| Religion, 1 
N Lemma I. Hat there is a perpetual Ana- Ki 
{ logy, running through the i 
| 6 
0 whole Syſtem of Creatures. p. 36 i 
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Coroll. 1. That abſolute | Infinite can neither 
be increaſed nor diminiſhed. p. 52 
Coroll. II. That abſolute Infinite is one, and 
individual. ibid 
Coroll. III. That abſolute Infinitude i is only com- 


petible to the divine Nature. P. 53 
Coroll. IV. That univerſal Space is the natu- 
ral Image of the divine Infinitude. ibid 
Coroll. V. That untverſal Space may be aptly 
called the Senſorium Divinitatis. ibid 
Coroll. VI. That an abſolutely infinite Creature, 
is a Contradiftion. p. 54 


Schol. The Difference between Finite, relative 
Infinite, and abſolute Infinite, and the Li- 
mits of natural and phyſical Effects. ibid 
Prop. XIII. Abſolute Infinite is the preciſe. and 
proper Oppoſite to abſolute Nothing. yp 56 
Coroll. I. Since abſolute! Nothing implies the 
utmoſt Contradiction to Reality, therefore 
abſolute F muſt imply Neceſſity of _ 
ing. p. 

oroll. II. Therefore the abſolute Infinite, as 
neceſſarily be. p. 58 
Prop. XIV. Finitude and Infinitude, when be- 
longing to natural and created Things, imply 
not Realities, but Modes of Realities. ibid 
roll, I. That the Modes of created Things, 
when elevated to their ſimilar Attributes, 
m the © thee Infinite, are in him —_ 
ties, p. 5 

roll, II. That the Attributes of Power, Sub- 
"I 8 b ſiſtence, 
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+ ſiſtence, &c. are different in Nature, as ue 0 
4, Degrees, in the ſupreme Infinite, fon f 
hal they are in Creatures. p. 61 
Schol. That the Faculties belonging to the ati. c 
onal. Soul, in compounded intelligent Beings, "oY 
are finite, but thoſe belonging to their ſupreme 5 
Spirit .are infinite. | p. 62 ch. 
Prop. XV. That the Deſire belonging to the ſu. 3 
preme Spirit, in compounded intelligent Beings y 
is infinite, and the moſt cardinal Faculty if 5 
their ſpiritual Part. | p. 67 1 
Schol. Shewring how this may be conceived. p. s 
Coroll- I. That ſince the Deſire is infinite, No. 8 ; 
thing but the ſupreme Infinite can adequately ch 
Fill it. | p. 69 
3 II. Since the Deſire, infinite in it ſelf, NF 
can be only filled with the ſupreme Infinite, it 2 
muſt then be inſinitely happy. 9. 70 > 
Prop. XVI. The whole Univerſitas Rerum i Pro 
comprehended under Faculty, its Object, and 7 
the Senſation between them. ibid 10 
Prop. XVII. An intelligent compounded Being, 10 
is an Epitome or Image of the whole Univer- f 
ſitas Rerum. 1 Fl 
Coroll: I. From this, all the Relations, and Core 
moral Duties of compounded intelligent he. 101 
ings are to be deduced. p. 73 80 
Coroll. II. From this the Nature of the con. Coro 
ponent Parts in theſe Beings, and of be _ 
whole material Syſtem is to be deduced. p.74 Cars 


Coroll. III. Hence the Immortality of ihe jp 
Rr 2 rilnat 
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ritual Part of all intelligent Beings, and 
of the whole individuals of Creatures, un- 
der one form or another, is to be deduced. 
p. 75 

Coroll. IV. That the Deſire of the Soul 7o- 
wards its proper Object is, as the infinite 
Space or Void to the divine Plenitude. p. 77 
Schol. I. That as in the Univerſitas Rerum 


6 all may be comprehended under Faculty, Ob- 
y jet, and Senſation, ſo in the material Sy- 
of ſtem, we have Brute-Matter, Gravitation, and 
7 the beautiful Appearances, and in every ſin- 
1 gle Body, we have Matter, Form, and Con- 
h gtuity. p. 78 


Schol. II. An analogical Repreſentation of the 
ever bleſſed Trinity in Unity, from the Pro- 
poſitions foregoing, in elevating the conſtant 
Qualities of Creatures to their archetypal 
Patterns, in the divine Nature. p. 79 

Prop. XVII). That there muſt be ſome Prin- 
ciple of Action in intelligent Beings, Ana- 
logous fo that of Attraction in Bodies, and 
that this can be nothing but that Principle 
F Re: union with the Origin of their Be- 
gg. p-. 85 


Coroll. I. Hence, the Source of natural Con- 
ſcience and of all internal Motions in the 


Soul. p- 88 
Coroll. II. Hence, the Degeneracy, and Cor- 
ruption of Mankind is evident. p. 89 


Coroll. III. Hence, the beautiful Analogy of 
Bb 2 Things 
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Things is to be deduced in ſpiritual Subſtan- 
Ces. N p. 90 

Coroll. IV. Hence, the genuine Nature of mo- 
ral Good and Evil is to be deduced, p. gt 
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CHAP. L 


Of the Nature and Kinds of Infinites. 
Of ſome of their reſpecirve Qualities. 
and of a New Aritbmetick of Intinites, 


HAT we may reaſon, as cau- 
„ ſtiouſly as poſlibly we can, a- 

e bout Matters ſo intricate, and 
ſo far removed from the com- 
mon Way of Thinking, as the 
| Nature and Qualities of III. 
nites, and the other Subjects of this Chapter 
are ; we ſhall begin with Definitions and Ax- 
ioms, and proceed to ſome general Propoſiti- 
0.9, demonſtrated after the plaineſt manner, 
till 
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till we obtain Principles to found our conc. 
quent Reaſonings on; and then draw ſuch 
Corollaries, from the ſeveral Parts, or from 
the whole, as ariſing neceſſarily from them, 
may be of uſe eo aſcertain ſome Speculations 
advanced in the foregoing Treatiſe ; or may 
otherwiſe help to conduct the Underſtand. 
ing in thoſe other Sciences, where they may 
find a Place. 


Definition J. 


QUANTITY is what may be increaſed or 
diminiſhed. 

Trovcn this Definition may not exhauſt the 
metaphyſical Nature of Quantity ; yet it points 
out that Quality in it, that is here chiefly re- 


garded ; for every Quantity may be increaſed 
or diminiſhed, and that continually, as ſhall be 


afterwards ſhown. 
Definition II. 


A BODY isan extended, impenetrable, paſ 
ſive, diviſible, unintelligent Subſtance. 


THis Definition alſo,though it exhauſt not the 


internal Eſſence and intimate Nature of Matter, 
yet it ſums up its ſenſible and moſt conſtant 
Qualities, by which it is diſtinguiſhed from cvc- 


ry thing elſe, 
a Defini- 


— 
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Definition III. 


THE inherent Principle of Activity, in the 
great Bodies of the Univerſe, is Gravitation or 
ſomething analogous thereto. 

Taro” Iam perfectly convinced, fram the Sim- 
plicity and Uniformity of the divine Nature, 
and of all his Works, that there is ſome one 
great and univerſal Principle, running through 
the whole Syſtem of Creatures analogically, and 
congruous to their relative Natures; which is 
the ſame in all Bodies great and ſmall, and the 
Origin of all their natural Actions upon one 
another, with regard to their different Circum- 
ſtances; and that there is not a differcnt Prin- 
ciple for the natural Actions of the leſſer Bo- 
dies from that which is the Principle of the na- 
tural Actions of the greater Bodies of the Uni- 
verſe, but one and the ſame Principle in both, 
ating differently in different Circumſtances : 
Vet ſince Gravitation, or ſomething analogous 
thereto, ſeems neceſlary for accounting for the 
conſtant and regular Motions, and Actions up- 
on one another, of the great Bodies of the 
Univerſe; Gravitation or ſomething analogous 
thereto mult be a neceſſary Conſequence in the 
greater Bodies of the Univerſe, of this more 


univerſal Principle, and the Origin of the Acti- 
vity of Bodies. 


Defi- 
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Definition IV. 


A SPIRIT is an extended, penetrable, ac. 
tive, indiviſible, intelligent Subſtance, 


Body and Spirit arc in every other Quality Bo 
oppoſite, except in Extenſion; therefore a5 rea 
the forgoing Definition of Body ſumms up its N 
ſenſible and moſt conſtant Qualities, ſo to aſſign trei 
the Definition of Spirit, there was 'nothing to its 
be done, but to join the oppoſite Qualities of aſl, 
Body, to that of Extenſion or extended Sub- nat 
ſtance. Wh 

Nu 
Definition V. 4 
c 

Tre Principle of Action in ſpiritual Sub- ; 
ſtances is, or ought to be, that eſſential one 
of REUNION with the Origin of their Being, 
impreſſed on every individual of this Rank of 
Creatures. ; . 
ITE univerſal Principle of Action, men- on 
tioned in the third Definition, that runs through wa 
all the Hſtem of Creatures, muſt analogical!y 4 
be carried through every individual of iritu. 1 
al Bcings, and can be nothing but this eſſential Ext 
Principle of REUNION with the Origin of Rk 
their Being, as ſhall be afterwards demonſtrated 7 5 
at large. 8 * j 
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Definition VI. 


A finite Quantity is that, of which the 
Bounds or Limits, beyond which it cannot 
reach, are a/jignable. 

Thus a Line is finite, when both its Ex. 
tremities are given, or the Points which are 
its Limits, beyond which it cannot reach, arc 
aſſjgnable : An Area is finite, when its termi- 
nating Lines are af/jgnable; a Solid is finite, 
when its terminating Planes are af/izgnable ; a 
Number is finite, when the Unities (which are 
its Limits) of which it conſiſts, or the Bounds 
beyond which it cannot reach, arc nelle. 


Definition VII. 


AN infinite Quantity (in its ſimpleſt Na- 
ture and loweſt Degree) is that, ſome one 
or more of the Limits or Bounds of which, 
beyond which it cannot reach, are not n- 
able. | 5 

Thus a right Line, one or both of whoſe 
Extremities arc not 4 nable, or the Points 
beyond which it cannot reach, are not @aſ- 
enable, is an infinite right Line. An Area, 
one or more of whole terminating Lines 
are not aſſignable, is an infinite Area; a Co 
lid, one or more of whole terminating Planes 

are 
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Cc. a- AAA a c. become infinite. 


the perpetual Addition of finite Numbers, in- 
creaſing in a regular Progreſſion, and in one 


Series, regularly generated ; or laſtly, the 


nerated by the perpetual Addition of finite 


deration; for being of no conſtant or regu- 


are not aſſignable, is an infinite Solid. A Num. 
ber, increaſing continually, whole laſt Increaſe 
is not aſſignable, or the Bounds, beyond which 
it cannot reach, are not aſſignable, will at laſt 
make an infinite Number. 


Scholium. 


AN infinite Number may be ſuppos'd to be 
generated by the perpetual Addition of a finite 
Number to it ſelf. Thus 1 + 1+ 1 +1-+1, 


Or, it may be ſuppoſed to be generated, by 


conſtant Proportion one to another. Thus 


i +2 + 4 + 8 + 16, ec. (where the 


finite Terms perpctually increaſe in the Ratio 
of 1 to 2.) and IAA 4 +a oc. 
(where the finite Terms perpetually incrcalc 
in the Ratio of Ir to 4) become infinite. 
And it is the ſame in all other infinite 


infinite Number may be ſuppoled to be gc- 


Numbers, in no certain proportion one to 
another, nor in any regular Progreſſion, ſuch 


as 71 4305-542 +25 &c. Of theſe laſt 


Kinds ot Intinites we have here no Conſt 


lar Nature, but merely caſual and fortuitous, 
1 they 


—__— 


of Religion, teetgs 1 


they can afford no Medium for reaſoning. 
The principal Deſign of this Chapter, ſo fac 
25 it concerns theſe two Kinds of Infinites, 
is to find out a Method for reſolving the 
ſecond Kind of Infinites into the firſt, when 
it is poſſible z in order then to obtain a juſt 
Notion of theſe Infinites, let us firſt diſtin- 
guiſh Infinite in general, into relative or crea- 
turely Infinite, and Supreme or ABSOLUTE 
Infinite (of which the firſt is but a created 
Image or Picture, as will be afterwards ſhewn) 
let © ſtand for Finite in general, and oo ſtand 
for Infinite in general as they reſpect Num- 
bers; then O 1 and cot will be finite and 
infinite (as they reſpect Numbers) of the low- 
> Degree and ſimpleſt Nature; Unity being 
the ſimpleſt Number. 


E 


Definition VIII. 


Relative Infinite (in its ſimpleſt Nature 
and loweſt Degree) is an infinite Quantity, 
as it ſtands related to a given Finite, by the 
perpetual Addition of which to it ſelf it is 
generated. 


t Ius & tf, is a relative Infinite, as it 
" ſands related to 1, a given Finite, by the 
f. perpetual Addition of which to it ſelf, it is 
of generated; that is, o I = 1 ＋ 1 i+—1 t+—1 
s WT: c. And 4 is a relative Infinite, 


"Parr, = Cc as 
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as it ſtands felated to the given Finite a, by 
OS Addition of which to it ſelf it 
is generated, or 4 =aTaÞFa+a+ 
SIPs 


N Scholium. 3 
1x the ſame Relation, that relative Inj. ac 
nite, ſtands above a given Finite in aſcending, 
in the ſame may another Quantity be ſuppo— 
ſed to ſtind below it in deſcending, in which 
Caſe, we (hall have a relative el great tur 
07 in aſcending above the given Fi. 110 
gl e; and a relative infinitely little Quanti- 95 
y in deſcending below it. So that relative 1 
Infinite in general may be aptly diſtinguiſh- 10 
ed, in reſpect of the given Finite, into ye- Not 
lative infinitely great, and relative infinite- may 
ly little. For brevity ſake, we ſhall call urea? 
the firſt relative Infinite, the ſecond relative I 1 to 
Nothing. wes 
27 | | of P 
| Definition IX. ref] 
Relative Nothing (in its ſimpleſt Nature 17 | 
and loweſt Degree) is an nfinitely little Wil a 
Quantity, as it ſtands related to a given Finite, 19. 
by the perpetual Subſtraction of which from it I and k 
ſelf it is generated. Let o ſtand for Relative iy. 
Nothing. I a 14 
Tus mis a relative infinitely little ;* 


Quantity, as it ſtands related to Unity, by the 
; N per- 


* — —— cr nl. mz 
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perpetual Subſtraction of which from” ir ſeth 
it is generated that is 0 1 = 
ire. and o à is àn infi- 
nicely little Quantity, as it ſtands related to 
the given Finite 4, by the perpetual Subſtra- 
ction of which from it (elf, it is generated; that 
1 0 =4 — 4 Ta- T=, ä 


1 — 1 N 


Definition X. 


AN indefinite Quantity (in its ſimpleſt Na- 
ture and loweſt Degree) is ſome mean Propot- 
tional, between Finite, and relative Infinite or 
relative Nothing. 1 ban * 720 


ve For. as in deſcending from 1 to o, we do 
h- not immediately ſlip trom finite to relative 
6 Nothing, but muſt neceſſarily paſs through 
le. the intermediate Steps 3, 3, 4, 3. &. in Atith- 
all metical Progreſſions; and in aſcending 'from 
eto +» we muſt paſs through the reps bel 


tween both 2, 3, 4, 5, Ce. in the ſame Kind 
of Progreſſions. So in the Geometrical Pro 
oreflions, in deſcending from x to o, We mu 
pals through theſe mean Proportionals n 


bot 0 * and in the lame Progreſlions, in 52 
n from 1 to , we ruſt paſs a the 
mY mean Proportionals Y w vo */ a 16855 
or and theſe we call TIndefinites. ” Thus in 


metry, * we could imagine a Circle, drawn 
upon the ſumm of 'a finite right Line repte⸗ 
(enting 1 Ly and an infinite right Line repre- 
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8 » I, as a Diameter. A perpendicu. 
lar erected on the Point where theſe two Lines 


meet, reaching the Circumference, would re. 


preſent. the indefinite right Line implied by 
% 1, Let oo ſtand for ſuch indefinite Quan. 
tities ia general. 


Scholium. 


-Uniry being the ſimpleſt finite Number, 
by conſequence « 1= 1 I++! Or. 
muſt be the ſimpleſt infinitely great Num- 
ber. And or = I- II-III . 
muſt be the ſimpleſt infinitely ſmall Number. 
And by reaſon the greater the Number deno- 
minating the Root is, the leſs the Root it (elf 
will be, therefore % 1 (= to any finite 
Number greater than Unity) will be the ſim- 
pleſt Indefinite. Put Py « 1=y= os there- 
fore &L = Ly. but L = (as will be 
ſeen by the laſt Chapter) therefore % * « 
=Ly. that is ==1=Ly. But 1 may be the 
Logarithm of any finite Number, greater 
than Unity, in the Scale of Proportionals 
1. a“. a“. al. a*. c. therefore % i may 
be any finite Number greater than Unity. The 
Jndefinites of the firſt Degree, that is whete. 
in the Number denominating the Root is an 
Integer, may be univerſally thus expreſſed 
SON nn 
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: WI &c. Now as F 


I Sc. and 01=1—1-1— bis , Ce. 
and o/ 1, are of the ſimpleſt Nature, fo) 
alſo are they of the Jowelt Degree. The 
ſuperior Degrees being generated of «, 1, af- 
ter the ſame Manner that « 3 is of i for i if 
we add & 1, perpetually to it ſelf, .we wall 
have a Oe infinitely great Quantity, of 
the ſimpleſt Nature in its Kind, but of. a 
higher Degree, vis. ® 1 + ® 1 737 1+ 
® I Cc. Si- III II &c. 
4 e TL EST 1 i 25 
[Since 1 perperual Addition of any 
Quantity to it lelf, is is equal to a Multiplicati- 


on by 1) «6 re TI TI PI r cc. = 
& IX l= . S0 & a 5- a A ec. 
= & X aTaTaFata Fa Oc. = O X © 
a= « za. After the ſame manner o1=1— 
Fi- iI Oc. If ſubſtracted perpetually 
ſtom it ſelf, it becomes o 1—0 170 I—OI Cc. 


K 


r Cc. — 11 —T 
I c. PI- Iiir 1—1 Sc. — . — 
FE 5 + Cc. = (ſince a per- 
petual Subſtraction of a Quantity from it ſelt 
is the lame with a Diviſion. by «) 1— 1 
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— —— * 
2 —— Ce. 9 21 


: —_ —— X 0-0 XxX — I 
00 * 1 8080 = | 
TF1=r SH = 05. Thus we have 
JET Nothing leſs than'o, but of a ſupe- 
1 "Degree; for as relative infinitely great 
N mbers increaſe in their Value, by being 
"raiſed to. ſaperior Degrees, fo relative infinite. 
ta the decreaſe, becauſe the firſt perpetually 
| —_ from Finite, the latter deſcend perpetu- 
y further from it. And thus all the De- 
nerd that finite Quantities admit of, may be 
formed from relative Infinites and Nothings, 
And as we have Indefinites "{/ between 1 and 
Infinite in aſcending, and o between 1 and 
o, in deſcending, to analogous to their Natures 
We Have the ſuperior Degtees and . 
Nature in all theſe Caſes admitting of no 


Bounds nor Limits. 
Definition Xl. 


| Abſolute or SUPREME Infinite, in a pro- 
per Senſe, is one, Individual, admitting of 
neither Increaſe, nor Diminucion; or of any 
Operation that mathematical Quantity is lub. 


jected to. 


n.. 


Tas will be better underſtood afterwards. 
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Definition XII. 


Abſolute Nothing in a proper Senſe i is neither | 
capable of increaſing nor diminiſhing, nor of a 
ny wiſe altering any Mathematical Quantity to 
which it is applied, but ſtands in full oppoſition 
to e Infinite. 


gs a=" - — * 
. " 


pry 


— * 
2 — 
— 

- - 


Axioms. Wu 
I. That Which is greater or leſs than any poſli- 
ble finite Quantity, how great or little Pere, 
muſt be a relative Infinite, Inde finite, or No- 
thing, and which of all theſe Three, the given 
Quantity is, the State of the Caſe will always 
determine. 

BEsID ES, Infinite, Inde finite, and Nothing, 
relatively conſidered, we. have no Ideas of 
Quantity, and the Definitions of theſe already 
given, applied to the State of the Caſe under 
Conſideration, will always determine Which 
of theſe the Quantity aſſigned muſt be. 


II. Number being the ſimpleſt Meaſure of 
Quantity, and a proper Unity being the Mea- 
ſure of all Number, a. proper Unity is the 
Meaſure of all Quantity, 

Thar Unity is the Meaſure of all In- 
tegers is evident: And in Fraftions, the 
Denominator determines the proper Unity, 
Cc whereof 
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whercof the Numerator determines the Num. 
ber. Wherefore in the following Propoſitions 
inſtead of Quantity, we ſhall frequently uſe its 
Meaſure Number, to expreſs their Meaning 
and to demonſtrate their Truth, 


Propoſitions. 


I. Quantity may be increaſed or diminiſhed 
in Infinitum. 
CASE I. That Quantity may be encreaſed 
In Infinitum, is evident from hence; that ſince 
It is certain, a finite Quantiry may be added to 
a Finite, what may be once done, may be done 
again and again, and conlequently may be done 
any Number of Times, greater than any fi- 
nite Number how great ſocver, that is by De- 
 finition 4. and Axiom 1. Quantity may be 
increaſed in Infinitum. 
CAsk 2. That Quantity may be diminiſh- 
ed in LE is evident from hence, that 
= 4 nnr eee err [ 
ven Quantity A B, by the Sixth Book of 
Euclid, you may take out any given - 
Part, and out of the Remainder, you may 


alſo take out any: = Part, for the ſame Rea- 


fon that you can take it out of the firſt giyen 
Quantity AB, and fo on continually, and 


yet 


| — Pa. Is 
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yer you ſhall never reach the Extremity B, 


ſince the 4 Part is ſtill leſs than the whole 


Remainder. That is, you may take out 


m . . 4 
- Parts in a certain Proportion out of the 


given Quantity AB perpetually, that is, the 
Quantity AB may be divided in Infinitum. 
q. e. d. b | 


Another Demonſtration of both Caſes. 


The Incommenſurability of ſurd Quantities 
to rational ones, as they are called, is a full De- 
monſtration, that Quantity may be increaſed or 
diminiſhed in Infinitum. | 


Let 
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| ſol! 
41 \ lut 
b — FT dic 
a "s; cal 
__— m ; 
furt 
' ſign 

Let ABCD be a Square, whoſe Diagona! 
is BD, putting the Side AD = 1. Then is 1 
AD to DB, as 1 to /1. Take, in the Side dif 
AD, a Part Pp the leaſt poſſible, draw P M. 5 
P m. parallel to AB and Rm parallel to AD. AY 
Since the Triangles BAD and MR arc f. 5 
milar, R will till be to mM as 1 to „. © 
therefore it is impoſſible to find in AD a 0 0 
Part how ſmall ſoever, that taken, any fl we 
nite Number of Times, how great ſocver, 5 : 
ſhould be equal to M. So that let AD "2 


be divided into Parts how ſmall ſoever, and 
how many ſoever, yet ſtill DB may be fur: 
ther divided. That is per Def. 5. and 4. 
and Axiom 1. DB may be divided in 1nfn:- 


tum, and AD increas'd in infinitum. q. e. 4 i 
arvl. 
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Corollary 1. 


HN cx it is evident, that to aſſign the ab- 
ſolutely greateſt relative Infinite, or the abſo- 
lutely leaſt relative Nothing is a plain Contra- 
dition, ſceing both theſe are ſtill Mathemati- 
cal Quantities, (as is plain from Def. 1. 4. and 
5, and ſhall be afterwards further demonſtrat- 
ed;) and ſo by this Propoſition, are capable of 
further Increaſe or Diminution ; and ſo the aſ- 
ſigned can ncither be the greateſt, nor leaſt ab- 
lolutely. 


F 


Corollary II. ay 


HeNcCE, and from Def. 4. and! 1. we inky 
diſcover wherein the ſpecifick Difference be- 
tween Finites and relative Infinites or Nothings 
conſiſts: To wit, in the limited Increaſe -or Di- 
minution of the ſormer, and in the Perpetuity 
of the Increaſe or Diminution of the latter; for 
as ſoon as the Increaſe or Diminution in theſe 
latter Stops, they become limited and aſſigna- 
ble, and conſequently Finite, and thereby, no 
Part of the deſired Infinite. 


TI: 
Coroll. 


— 
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Corollary. 


HEN CE it appears, that an Infinite of either 
Fort is (as to all Arithmetical Operations on it, 
with due Regard to the Perpetuity of its In. 
creaſe, or Diminution) of the Nature of an 
unknown Quantity in A/gebra. For as in this, 
from the State of the Problem, we perform 
Arithmetical Operations on it, as it were known, 
and thereby we ſometimes do, and lometimes 
do not determine its Value, but by Approxima. 
tion: So on this, we may perform the like 
Operations as upon an unknown Quantity, with 
due Regard to its particular Nature, and the State 
of the Problem, and thereby often diſcover the 
ſpecifick Genius of its Progreſſion, which is al. 
Ways regular and N as will be aftet- 
Wards ſeen. 


Propoſition l. 
1¹ c 7 ' 


eo} Boie divided, by an infinite Number of Uni 
tics makes the Quotient relative Nothing 


8 00 18 1¹ cu + 1 +1 &. 
per Def. 4. and o1 =1 —1 F1—1 &c. per 


Def. 5. divide 1, by 1 FI 11-1 c. and 
by the common Operations of Algebra, you 


"ſhall have 1 1 +1 +1 3 3 1— +1 
= r &c. =0, q. e. 
Corol 
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* 


Corollary J. 


FR OM hence it is evident, that Unity divid- 


ed by relative Nothing is equal to « rt. for 


Ii —1+1— c. =0) 1 (ITI. 


T1 c. o I therefore 3 = * 


Corollary II. 


HENCE alſo it follows, that - x © = r. 
But this wes nh I 7 otherwiſe thus. 
e1=1T-TI-ITIFI Oc per Def. 4 
Multiply bach by o, and then it is, o S ol 
ot ot Oc. = 0x 1+1+1 +1+1 c. 
but by Prop, 2.0 =& . and 1E IE IE Oc. 


ieee wxOoO=arn=tT=T149. 
e. d. 


Propoſition Ill. 


As Finite in genetal is to relative Infinite 
in general, ſo is relative Nothing to Unity. 
That is o: :: 0: 1. 


Demonſtrat. By 1. Corollary Prop. 2. = 


„. Multiply both by o then = = © 
that iss 1 = e © ©. therefore o: „ :: 


0:1; g. e. d. 
Pro. 
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Propoſition. IV. 1 
Relative Nothing is à real mathematical 2 
Quantity, and implies the leaſt Part of the Fi. Pa; 
nite, to which it is related or compared. a 
Demonſtrat. This is evident from the Ge. f 
neration of relative Nothing, aſſigned in Def. 
5. But to demonſtrate the Propoſition, with- 
out Regard to this Definition, let AH inf. . 
nitely produced from A, be divided into e- the 
qual Parts AB, BC, CD, DE, e. So that bn, 
bg ——}— 
RR IT ERAR_—TFt—-— 
7 A e ee, e 1 
may denote any Number. Suppoſing AB =1, Ba 
jet x denote any Number; tor Example x hig 


AB, y=Ab, then by a= common Rules Lin 


of Diviſion =; _ 7 ; += Tee 

Now ſuppoſe b infinitely near to 5 "oy 
5 . ee = x + x V 
y—x= Bb « & > — but x = x 12 


* ＋ Oc. by Def. + oy is 8 * 1 7 bola 


+141 Oc. therefore — 7 — += -+=+- 5 
*. But by Suppoſition A B=xmr rherefogs and 


= 1 Tl 4-1 TT Oc. 7 1. But by in t! 
x 


1 i 
Corollary 1. Prop. 2.5 = therefore — = WW 'ditfe 


* 


— UF 
_ 


— 
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and conſequently o. But ; being arcal 
Mathematical Quantity, by Def. 1. 6 alfo muſt 


al be a real Mathematical Quantity, and the leaſt 

bart of Unity to which it ſtands related or com- 

| pared. q. e. d. 

e- 

J Corollary I. 

fl SINCE & aſcends from the given Finite in 

e- the ſame Manner that o deſcends below it, and 

wat ſince 0 is a real Mathematical Quantity, ſo alſo 
muſt the % be. And as o is the leaſt relatively 

1 below it in its own Order, ſo is « the greateſt 
relatively above it in its Order, but both below 

3 and above theſe, we may deſcend or aſcend in a 

1 higher Order or Degree, without Bounds Or 


Limits. 


Corollary. I. 


WHaeEeN a Curve is ſaid to meet with its 


* 
| Aſymptot , and when in the common Hyper- 
. lola we obtain the Area or in the 
; aer 
7 WH Example propoſed we put /y = x, in theſe 


and ſuch like Caſes we mean only, that in 
the firſt Caſe the Ordinate is infinitely little, 
in the ſecond, we mean the leaſt Part of the 
Abſciſs, and in the third that y and x muſt 
differ only by an znfinitely little Part of x, or 
only; and not that they arc abſolutely, 
equal, 


«> 


, N 
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equal, elſe there would be no Diviſion, and 
conſequently no Quotient, as ſhall be afterwards 
ſhewn. | 


Corollary III. 


S1NGE by Corollary 1, 2d Prop. » — 3 — 


ox +1—1+ rer 


Cc. Since Wa =» 
oc ines 2 1+1i+F1+1+: 


Cc. as is evident from the common Rules of 
Diviſion, ſeeing the two firſt Terms only effed 
the Quotient, (all the reſt being but Repetitions 
of the ſame Terms 3) and laſtly, ſeeing the ſame 
Quotient is obtained whether the Divilor be 
1—1 or 1 —1 TI—1I—1 s. the reitera- 
ted Multiplication of the Quotient upon the 
Diviſor, producing the ſame Effect (in the ac- 
tual Operation of the Diviſion) which ſoever 
of the Diviſors we chooſe, we may ſafely put 
in common Caſes 1 — 1 or 2 — 2 or a —a 
for 0. 


Corollary IV. 


Fon hence, and Def- 4. we may diſco- 
'ver the true meaning of the Expreſſion , when 
it is ſaid a Quantity is greater than Infinite, 
or one Infinite is greater than another. In 
theſe and the like Expreſſions » 1 = 1 


= 


2 0 
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+1+1-F1 Cc. is always ſuppoſed the com- 
mon Standard or Meaſure, to which all others 
arc compared. Proper Unity being by Ax- 
iom 2. the common Mcaſure of all Quantity, 
and when a Quantity x is ſaid to be greater 
than Infinite, the meaning is, that it may be 
an Infinite, greater than „ 1, and when « 2 
is ſaid to be greater than « 1, it is no more 
than to ſay 2 <1. In all theſe relative Infinites 
admitting of Compariſon, there is ſtill a par- 
ticular Finite, to which each reſpectively are 
related, and it is on theſe Finites, that the com- 


paring the Infinites among themſelves is found- 
ed. Thus 


2 
0 22 — — 222 T2 &c. when 
„„ 
| I I 
compared with © 1 =— = — =1+:r + 
0 2—1 


1+ 1 &c. the finite Parts of theſe two In- 
inites, vig. 2, and 1, are the Subjects of 
the Compariſon. And when „ 2 is ſaid to 
be greater than „ 1, it means only that 
the Finite Parts, of which they are gene- 
rated, are as 2 to 1, or theſe in the firſt are 
double of thoſe in the ſecond. It is the 
ſame thing as in ©2, compared with or, 
or 2X with ix, nothing is meant in either, 
but that 2 is greater than 1: 0, and x, 
and , being as to this Caſe edually un- 
known Quantitics, which may be thrown 
Part II. D d out 
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out in the Compariſon, and . 
all relative Infinites © n, un n AA 
Cc. and in all relative Nothings o n, = 1 


ws 7 
I u -n f.. — nc. - ain "1s the 


Expreſſion of the Ratio of the firit Series, 


and n = = is the Expreſſion of the Ratio 


of the ſecond Series, and theſe two 5 and 


2 are proper Subjects of the Compariſon, 


GO 
where n may admit of all the Relations that 
Finites have among themſelves, Þ 
{ 
Propoſition V. 1 
Relative Infinites, Indefinites, and Nothing. lofi 
(with the proper Limitations peculiar to cach) ND; 


admit of all the Degrees and arithmetical Ope- ¶ f 
rations, that finite or mathematical Quantitics faite: 
are ſubjected to. 

Demonſtrat. This is evident from Def 4, . b 
5, and 6, and the Scholia adjoyning to theſe, 
and is alſo manifeſt from the precedent Prop. 
and its firſt Corollary, as to relative Infinites 
and Nothings ; and ſhall be aftetwards ſhewn, Wtenera] 
as to Indefinites; to wit, that all theſe are fill 
mathematical Quantities, capable of IncrealeWfthen 
and Diminution in Infinitum, and conſequent: 


1 ly muſt admit of all theſe arithmetical Opent 
1 | tions 
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tions (with proper Limitations peculiar to each) 
that finite Quantities are ſubjected to. And to 
confirm this, we may obſetve in Nature a Re- 
ſemblanee of theſe higher Degrees of relative 
Infinites, and conſequently by Analogy of re- 
lative Nothings alſo. For if Space be infinite, 
2s ſhall be afterwards demonſtrared, it muſt be 
ſuppoſed equal to an infinite Cube or Sphere, 
whole Diameter will be as „ 1, its Section 
through this Diameter as o 2, and its Content 
43<63, q. c. d. . ] 


Propoſition VI. 


Relative Infinite has to the Finite, with 
which it is compared, no finite Proportion, ox 
Finite, when compared with its proper relative 
Infinite, becomes relative Nothing. | 

Demonſtrat. This is evident from 4 Co- 
rollary Prop. 4. the Ratio of the relative In- 
lnites in general » 3 = Tn n ＋ 3 


l 
oc, being — that is « 7; = = therefore : 


: 1. o. q. e. d. on the other Side let us 


*. luppoſe the Ratio of the relative Infinite in 
ewu,eenetal „% „ to n, to be a finite Ratio - 
e (till | dg 

crealeWitten & 7 = — which is impoſſible by 2 Co- 
111cnt | | 

per D d 2 rollary 
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3 


rollary Prop. 3. wherefore ſince n n: 1 
o by compoſition of Ratio's, „ n+» N 
+21; o: o but 1 ＋π o is but 1. therefore 
n n is but 2, or 7 a finite Quantity 


I 


when compared with its relative Infinite « » 
becomes o. q. e. d. N 


— 


an 1 . Corollary I. 
HEN CE, relative Infinite in general is to 
Finite in general, as Unity is to relative Ny. 
thing: or any Finite, when compared with 
relative Infinite in general, becomes relative 
Nothing: that is » :0::1:0. 
Demonſtrat. By the precedent Propoſition 
0 : N : 1 0 ::. 04, and by converſion 
of Ratio's n: 4: n:. Suppoſing then 4 
to be a finite 2 N Nothing but an in— 
finite Number of relative Nothings or 0's be- 
ing equal to 1, by Corollary 2. Prop. 2. 0 4 
muſt be ſtill o, or 4—a+a— a h 4 — a Ce. 
So, by Corollary 3, Prop. 4. wherefore « n: 
4 :: n: o, and by compoſition of Ratio's « n 
4:4: 12%, put #= 1 and 4 o then 
EO: :: 1: o. and ſince 1 is but 1 there- 
fore % o is but ; wherefore : G:: 10, 
or when any Finite is compared by Addition, 
(or by Subſtraction by Diviſion of Ratio's) with 
relative Infinite in general, it becomes relative 
Nothing q. e. d. The true Analogy is this, 
warAgt uu THT Oc. 4 1 4 — 4 174 

* ; 
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aA Cc. but becauſe 4 is ſuppoſed Finite, 
40 is the ſame (in Caſes of Addition and 
Subſtraction) with . But were 4 = «© 1, 
then a - A- 4 —4 Oc. would be & 
» + © „ c. = x I => 
III. = X0=1, and © y — 
% n BOL S = 


to Cor ollary II. 
Lo. 3 EE: | 
ith Put n equal to any Integer, then : 
"Ve l or the 
firſt being reduced, becomes : :: 1:0, 
ion and the ſecond being reduced, becomes 
on 1::0:1; and therefore when ] is to 
be added to, or ſubſtracted from , it be- 
in- comes ; and when o is to be added to, or 
he. ſubſtracted from 90-1 it becomes alſo o, by 
0 4 Scholium Def. 6. and the Caſe is the (ame 
c. when the inferior Powers ſuppoſe « *--2, or 
1 0 c. arc to be added to, or ſubtracted 
„ from , or when on is to be added to, or 
1 ſubtracted from the inferior Powers 9-2 or 
ere- o c. in all ſuch Caſes it is evident from 
1 20, the precedent Prop. and its 1, Corollary, that 
100, 3 and 0" become WY 
with | | \ 


D d; SGlbo⸗ 


un... 
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Stholium: | 


Fox theſe Propuſi, tions and Corollaries, an 
Arithmetick of Infinites may be drawn out, 
different from any hitherto publiſhed, of no 
contemptible Uſe, or narrow Extent in Alzcbra, 
and Geometry ; as will be in ſome Meaſure ſhewn 
by the third Chapte, 


£24444 3.4.2645 28 8 8 8 
| The Arithmetich of Rente 


e 2 6 +3 6 2 0. aw 7 
2 40 = 3 4 N e 
. 47 4 - 
4 FS. 3 œ f IO =. 4 4 4 
6 e 2 = ee 2. ep. Let 
4 ve e leſs than n, by a Joe integer, then «" 
+ e Y 
nen., 5 0 — 2 3 104 
n. 5 . eo r: 00 2 3 „ 
52.9.3, 9 . TA! =, 4% f. 8 N 
4 w/ = 5 — 4 wh, 3 9 — 7 ＋ 300, 4 
e —4 = ao fN' wh r . Let q be 
an Integer, leſs than p, then — «4 
=p, 
- Multiplication. exg=3z ww, =» * 4 = 
Sn, anXxast ae; n & o3= ©o5, 
0 = 0 . 4 o xe o = 4 e ow 2, 
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A 


=60, e K = — 2 4. ä 
s #% 0 1 12 © 4 
2 2 IST 
42-00 * 3 80 d 4 aA o 2 


SJ 0 2, — — 00 57 eee. ———_— 


4 
et 
x # | 
1 
4 15. 
2 Thoſe who are ever ſo little acquainted with 
0 the ſpecious Arithmetick, will eaſily underſtand 


the Reaſon and Truth of theſe Operations. 


Propoſit ion VII. 


Inde ſinite Quantities are not properly either 

Finite or Infinite, but between both. 
Demonſtrat. An indefinite Quantity is ſome 
mean Proportional, between finite and re- 
Dd4 lative 
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lative Infinite, per Def. 6. that is, one of thoſe 
Infinites will be « = /«» @ put © = 1, and then 
, Will be an indefinite Number. Now this 
scan neither be Finite (and this Manner of 
Reaſoning will hold good of any other Indefi. 
nite whatſoever) nor Indefinitc ; not Finite, elſe 
O would be Infinite, which is impoſſible; nor 
Infinite, for the leaſt poſlible Infinite muſt be 
Infinite in general, divided by the greateſt poſſi. 
ble Finite x, and then if Voo be infinite, „ 


= which is allo 


88 ©O 2 
co =" and x2 N= =CO , 
abſurd. Again if / be infinite, then is 


a ene 8 I 
& x —— (N) = infinite, and — = 
LY" 0 
to its relative infinitely ſmall Part, or its re. 
lative Nothing = o, and ſo © Xo =o x 


= = (* ) to, Infinite, But by Coroll- 


u 2. Prop. 2. 9 X0=1, and inſtead of 


oo * o, putting its value 1. in this laſt E. 
quation, it will be Xx © =1 F 
_ Infinite, by Suppoſition ; and this ſup- 
poſed Infinite would become 1, which is ab- 
ſurd. q. c. d. 


Scho. 
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Scholium. 


TAKING the Inſtance of the indefinite 
Quantity propoſed y/oo 1 = 4/ 1-1 17-1, Cc. 
It is plain, the Root of any given Number 
grows greater or leſs, as the Number expreſling 
or denominating the Root is leſs or greater; ang 
in / 1, its infinitely little Root or ®.,y/oo rx 
may be any finite Number greater than Unity, 


great Root or K is infinite. And between 
theſe lie all the Indefinites that can be formed 
on 1 and o; to wit 2%, 3%, 4% , we, 
and none of theſe can be properly called either 


x Finite or Infinite, but are in a perpetual Grada- 
1 tion towards either of theſe Extremes, as the 

Number that denominates the Root grows 
of greater or leſs; and they never become actually 
E. finite, but when the Number denominating the 


Root is actually infinite, nor actually infinite, 
but when the Number denominating is Unity. 
And between theſe two Limits, they are nei 
ab- ther actually finite nor infinite. Next to */ 
o =oo (in order of the ſimpleſt Indefinites,) 


I Ki 35 | | 
15 2% O00 1 2 * 12 Cc. where- 
in (by the quick Increaſe and Greatneſs of 
the ſucceeding Terms) the laſt becomes o5 


in a few Number, ſo to ſpeak, of theſe 
| Terms, 


as has been already ſhewn; and its infinitely 


= 
2” = 1 * 
- * 7 
: 2 . 
— — - . 


— " = 
=_ yY 4 ** - - I 
* = * — — — — 9 — — 3 
_ _ ei 2 bo * — 


= —_ — — I Ps 


— . 
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Terms, Where the Serics terminates, and ſo 
their Sum 2% . becomes thereby leis than 
co 1. as will be more fully explained in the 
n Chapter, and in 5% (for exam. 

=1+3 +3” &c. we ſee the Terms 
2 the Seties converge yet faſter, and will 
thereby terminate at oo , much ſooner,, And 
fo their Sum % will be much leſs than 
%. And for theſe (even when they ric 
to {rational Exponents, whole Numerators 
are greater than 1, ſuch as 003, 094,00 +. Oc.) 
an Arithmetick may be formed, according 
to the Example laid down in the Scholium 
of the precedent Propoſition, With this ad- 

: # 

dition, that an Indefinite as os p or p 911 


ume 


multiplied by another Indefinite o 7 gives 
oe T7 
the Product o 7 
nite, when 4 r is S or , and 
Indefinite when 4 5 — Pr is = or > P 5. 
q 
And if an Indefinite as a r be divided by 
1 1 
an Indefinite, as o s the Quotient v — 
— is Infinite, when 4 An —= OI > 


Is; but is Finite when 9 er =o and 


only Indefinite, when q - pr > P 5. 1 
1. | 1 


Ss . Which becomes Infi- 


f. 


7 


as 
it 
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"P ought to be according to the Arithmetick of 
Surds, 


N. B. That in expreſling an. Indefinite by 


„Lit is always ſuppoſed that the Number 3 


is leſs than p, for if 4 be either greater or 
equal to p X, then » 7 though it may be an 


Indefinite of the ſuperior Degrees, yet it is al- 
ways infinite in its Value. 


Propoſition VIII. 


Space, or the Extenſion of the Uniyerſe, is 
a relative Infinite, but of a higher Degree than 
the ſimpleſt relative Infinite « 1. 

Demonſtrat. Every Limit is the Terminati- 
on of two Diſtances, one going forward, the 
other backward from the limiting Point, and 
were the Extenſion of the Univerſe limited, 
theſe Limits would terminate a Space, be- 
yond theſe Limits, as well as within them. 
That is, either the univerſal Space muſt be un- 
limited, and conſequently infinite, or there 
muſt be Space beyond the Limits of univerſal 
Space, which is ablurd. Again, if the Extenſi- 
on of the Univerſe were limited any way, ſo 
is to become finite, then a Sphere of a finite 
Diameter might be found equal to it. For 
the Cube of a finite Side may be found equal 


to 


* 


} 
| 
| 
| 


hich it is generated. Since a Plane paſſing 
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to any finite Content whatſoever, as is well 
known, and the Radius of a Sphere equal to this 


Cube is the Product of the Side of the Cube, 


multiplied into the cube Root of 4 Parts of the 
Ratio of the Radius to the Circumference. Let 
us ſuppoſe the whole finite Extenſion of the 
Uniycrſc equal to the Sphere, whoſe Radius is 


26s - _ 
4 
| 
i 6 
B F 
2 


AB. Let this Sphere be cut by a Plane 
through its Center, and the Section be the 
Circle AD EE, it is certain from the Elements 
of Euclid, that to any given Point A, a Tan- 
rent AC may be drawn, of which only the 
Point A falls upon the Circle; the reſt of the 
Line AC falling without it. From whence it is 
evident, that there, muſt be Extenſion without 
this Circle, or the Sphere by the Section of 


through 
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through this Tangent, and perpendicular to the 
Plane of this Circle, will anly touch the Sphere 
in a Point; by which there will be an extend- 
ed Diſtance remaining between the Circumfe- 
rence of the Sphere, and the touching Plane, 
in all their Points excepting that one at A; 
And fince this is true of every afſjgnable Exten- 
ſion how great foever, leſs than Infinite; it is 
evident the Extenſion of the Univerſe is greater 
than any aſignable Extenſion, how great ſo- 
ever, that is, by Axiom 1. it is relatively In- 
finite, which is ſtill more evident from Def. 4. 
Since its Parts are finite and their 'Sum only 
infinite, and ſeeing this Infinite is of three Di- 
menſions, or as „ 1 in Height, Breadth, 
and Depth, therefore it muſt in its Content be 
as @ 3, that is, of a ſuperior Degree to . 
q. e. d. 


ng CHAP, 


nm 


11 
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CHAP. Il 


Of the Pn1iLosoOPHICAL Principles of Re- 
vealed Religion. 


Lemma 1. 


HERE is in all the Works of Nature a 
Symmetry and Harmony, running on in 

a perpetual Analogy (with proper Limitations 
ariſing from the different Circumſtances of the 
ſeveral Parts) through the Whole and the Parts; 
or there is a regular Connexion, and uniform 
Proportion between ſimilar Cauſes and Effects, 
a Congruity between the End and the Means. 
An Aptitude between the Faculty and its Accs, 
and between the Organs and their intended 
Uſes in the Whole, and in the Fveral Parts 
of this Hyſtem of Things. | 
Demonſtrat. This is evident from innu- 
merable Inſtances already diſcovered and aſcer- 
tained. And every new Diſcovery in the molt 
minute Part in the Works of Nature carrics 
along with it a freſh Demonſtration of this 
Propoſition ; one muſt be intirely ignorant of 


et phy and Mathematicks, to want a bn 
0 


— 
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of Witnefles to this Truth. For Inſtance, the 
ſeſquiatter Proportion, of the periodical Times 
of the Revolutions of the primary Planets 
about the Sun; and of the ſecundary Planets 
about the primary Ones ; to their middle Di- 
ſtances from the Sun and primary Planets re- 
ſpectively, obtains univerſally. Their Magni 
tudes, Cravities, Denſities, and their Velocaties 
in their Orbits, in reſpet to, and about the 
Sun and the primary Planets, in the Planets, 
Comets, and Satellites, are in a regular and 
comely Proportion; the ſame Gravity, the 
ſame Law thereof, and the ſimilar Effects of 
both, obtains through the whole material Sem 
of Things. The Refiexions, Inflexions, and Re- 
fractions of Light, are the ſame in all the plane- 
tary and cometary Bodies and Regions; as they 
are on our terreſtrial Globe, with due Regard to 
the different Den/ities of the Mediums. The 
Circulation of the Fluids, the Manner and 
Organs of Reſpiration and Generation, arc 
analogically the ſame in Man, Brutes, and Ve- 
getables ; with proper Limitations ariſing from 
the differing Circumſtances of theſe Gradations 
of Animals. The general Laws of Fluids, 
Elaſticity and Gravity, obtain in animal and 
inanimate Tubes, but ſo far as they are altered 
in the firſt by collateral Cauſes, The whole of 
Philoſophy and Mathematicks is nothing bur 
particular Inſtances of this beautiful Analog y, 
and the preceeding Chapters of the firſf Part 

| contain 
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contain nothing but particular Inſtances there- 
of. And if we deſcend into the ſprritual 
World, we ſhall find this beautiful Analogy 
preſerved, as far as the different Circumſtances 
of theſe Beings will permit. And if in this 
Demonſtration, it were allowed to take in the 
Suppoſition of a Being infinitely perfect, who 
contrived and executed the whole, and the 
ſeveral Parts of this Syſtem of Things; it is 
impoſſible it ſhould be otherwiſe : A Being 
infinitely Wile, Simple, and One, muſt ne- 
ceſſarily bring about ſimilar Ends by ſimilar 
Means, and perform all his Works the plain- 
eſt, moſt ſimple and ſhorteſt Way poſlible; 
due Regard being had to the Whole, and the 
different Circumſtances of the ſeveral Parts. 
Wiſdom in Things, is their Symmetry, Regu- 
larity, and Aptiiude for obtaining their de- 
ſigned Ends and Purpoſes. The Wiſdom of a 
Machin conſiſts in the due proportioning of 
the ſeveral Parts to one another, and to the 
Whole, for obtaining its propoſed End. Diſ- 
proportion, Irregularity, Diſcord, and the 
having no View or Deſign, are the ſuteſt 
Proots, and Indications of Chance, Impo- 
tence and Folly: A wiſe Man performs all 
his Works in Number, Weight and Meaſure, 
and ſure Infinite Wiſdom, Simplicity, and 
Unity, muſt accompliſh all its Works, with 
.the moſt conſummate Harmony, Proportion, 
and Regularity. And this in the following 
nt Parts 


— 


— 
„„ 
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parts of this Treatife, for Brevity's ſake we 
(hall call the ANALOGY_. OF THINGS. 


4 


Lemma II. 


Tris ANALOGY OF THINGS duly 
inſtituted, is as certain a Demonſtration of 
the Ex:ſtence and H/iſdom of the Author of 
theſe Things, and of the Contriver of this 
Analogy, as alſo of the true Nature and Qua- 
lities of theſe Things diſcovered by this Ana- 
, as any Mathematical Demonſtration is 
of rhe Propolition propoſed. 11 
Demonſtrat. No Effect can be, without 
its proper Cauſe; a wiſe and regular Effect 
muſt be produced by a wiſe and intelligent 


1 Cauſe, and an znfinitely wiſe, and infinitely 
le- complicated Effect, muſt neceſſarily imply an 
a infinitely wiſe and Omniſcient Cauſe. Thele 
of are ſo certain and infallible Axioms, that I 
he know not if in all the Compass of human 
iſe Knowledge, any others come up to the fame 
the Degree of Evidence : And he can be no pro- 
reſt ber Subject of Philoſophy or Mathematicks, 
po- who could ſeriouſly deny them, ſince the 
all whole Evidence of both theſe Sciences ſup- 
ure, poles the firſt of the Axzoms, and the reſt arc 
and but like multiplying both Sides of the ſame 


Equation by the ſame Terms. I have already 
oblerved, that the Miſdom of an Effect, or 
dyſtem of Effects, conſiſts in the Proportion 
| EE or 
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oft Analogy of the ſeveral Parts to the Whole, 
and to each other, and of the Whole, to the 
End propoſed; and that Irregularity and no 
Proportion is the ſureſt Evidence of Want of 
Contrivance, Wiſdom, and Deſign. Now ſince 
the ANALOGY OF THINGS, juſt now de. 
monſtrated to be found in all the Works of 
Nature, in the Whole, in every the moſt mi. 
nute Part: And in theſe Inſtances of this A. 
nalogy, without Number, and without End: 
(Every new Step in the Knowledge of Nature 
{diſcovering freſh Inſtances of this Analogy) all 
theſe, I ſay, do neceſſarily infer an Infinity of 
infinitely wiſe Effects; and therefore theſe Ef. 
feats muſt as neceſſarily infer the Exiſtence of Ray 


the Author of theſe Effects, and the Wiſdom of 5 
the Contriver of this Analogy, as an Effed =p, 
infers its Cauſe z that is, as certainly as any 57 
Mathematical Demonſtration infers its Propo- . 25 


ſition; ſince its Certainty depends on the Con · f 
nexion between Cauſes and Effects, and the (ſupp 
Truth of this Analogy in general. I ſay in the 
next Place, that the true Nature and Qualities 
of theſe Effects or Things, diſcovered by this 
Analogy, duly inſtituted, may be as certainly 


concluded from this Analogy, as any Mathe. $10 t 
matical Demonſtration concludes its Propol- Pts 
tion. Mathematics and Philoſophy , ſo fat # i 
as they are juſt and genuine, are but Branche Wi 
of this Analogy. Mathematicks are but thi 1 8 
Analogy applied to Figures and Number fs 


Phi. 


| ESR 
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Philoſophy, properly ſo called, is but this Ana- 
logy applied to Bodies, or Hſtems of theſe, or 


_—_ 


he to the abſtracted Natures of Things; but ſup- 
no the Truth and Neceſlity of this Analogy, 
ot Wl vithout which they are but Jargon and No- 
ce mauce. An Inſtance or two will make the 
de. whole Matter clear. Suppoſe it were requi- 
r nd to find the refracted Ray, when the refrac- 
1 ive Powers of the two Mediums, with the 
a. belination of the incident Ray on the inci- 


dent Plane, arc given. Let us borrow a Co- 
rllary from this Analogy 
That the Diſtance between any fixed Point in 


türe 


ö all of Things, to wit, 


. the Incident, and another in the refracted 
8 Ray, (the refractiue Powers of the two Me- 
A * diums being regarded,) is the ſhorteſt poſſi- 
* ble; and with this Corollary make an exact 


Computation; we ſhall then find the refracted 


' 2) i Ray preciſely the fame with that found out, 
5 from other different Principles and Methods 
* (uppoſe of Trigonometry) where this Corol- 


lary has had no Place, as the Geometers have 
ſhown. This phyſical Demonſtration of this 
particular Property of Light, (to wit, that in all 


n the 
lities 


Y on Incidences, the Sine of the Angle of Incidence, 
. to that of Refraclion, in a conſtant Nat io) ari- 
, of ling from this Analogy, is as certain a Proof of 
OP the Exiſtence and Wildom of the Contriver of 


ſo fat 
nche 
t thi 
uber 


Phi. 


this Analog y, as alſo of the true Nature of Light, 
as to this particular Property) as any Mat he- 
natical Demonſtration (ſuppoſe that by Tri- 

. gono- 
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gonometry) is of the true Nature of the inci. 
dent and refracted Ray. For who but an Om. 
niſcient Artificer could contrive Light ſo, That m 
among all the infinitely different poſſible Ways, 
between two aſſigned Points, it ſhould ſingle 
out that one, which is the ſhorteſt ? And it ig 
certain, that the refraFed Ray is as truly found 
out by Virtue of this Analogy, as by any other 
more geometrical Method. Another Inſtance 
may be taken from the regular and harmonious 
Progre ſſions of infinite Series's; for Example, in 
the Powers of the Binonimal Root, Tl =a" + 


i L | 7 12 
11 4 1* a 4 4 2 En * * Ws 


a3 35 Cc. or the Series produced by Di- 
viſion , = 1 + mT m + n+ Oc. In 


a Word, every particular Problem in Algebra 
and Geometry might be brought as Inſtances of 
this beautiful Analogy of Things; and thoſe 
who are converſant in the more abſtruſe Spe- 
culations of abſtratF Geometry, can furniſh 
themſclves with Inſtances ſo ſurpriſing and ex- 
traordinary, of the Conſtancy of Nature in 
this beautiſul Harmony, and comely Propor- 
tion, even in the largeſt Computations and 
moſt complex Conſtructions, as far ſurpals 
theſe Inſtances I have brought. Now what 
but an infinitely wiſe Being could have conſti- 
tuted the intellectual Species of Things fo ad. 
mirably ? That all the Terms of theſc * 

— 1mo">.- 
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fons ſhould thus go on in ſuch regular and har- 
monious Proportions, that every ſucceeding 
Term ſhould be made up of the preceeding 
ones, modified after one conſtant Way, that 


> by the Caſt of an Eye, the ſaid ſucceeding 
Term ſhould be aſligned > Whereas they might 
ad ha” . | 
op have been ordered, other infinitely different 
os Ways, ſo as to have afforded no regular Pro- 
greſſion. And does not this Analogy and 


harmonious Progreſſion of theſe Series ascer- 
tainly give the ſucceeding Terms, as the actual 
Operations of A/zebra do? Many more, and 


— WW jct infinitely more ſurprizing Inſtances of this 

5 beautiful Analogy, and of the Inferences drawn 
" WH from thoſe aſſigned, might be given. But 
In WE theſe may ſuffice for an Illuſtration of this 

Lemma. 

ebra 1 

es of 

boſe Lemma III. 

Spe TAE Rules which ſcem naturally to ariſe, 

cnilh for the due Inſtitution of this Analogy of 

d es Things, may be reduced to theſe three, 1. 

ic uß That the Quality, Property, or Idea, on which 

on the Analogy is inſtituted, be as ſimplc an one, 

S ae as poſſibly may be; and intirely the ſame, both 

3 in the known and unknown Subjects of the 


Analogy. Thus when we reaſon from the Na- 
ture and Properties of Light and Gravity on 


io * our Earth, to the Nature of Light and Gra- - 
"om wiy in the Planets and Comets; we muſt 


Ee; ſeparate 
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ſeparate theſe into their moſt ſimple Ideas and 
Properties (to avoid Confuſion) as much 
ds may be, aud inſtitute an Analogy for each, 
to diſcover, if the Analogy hold good in the 
Complex, and pfecilely keep to the ſame Pry. 
perties in the Planets and Comets, the un- 
known Subject of the Analogy, as were ſup. 
poſed in the Earth, the known Subject of the 
Analogy. Elſe we ſhall run into Confuſion 
and Paralogiſm. 2. The neceſſary Limitati. 
ons arifing from the different Circumſtances of 
the two Subjects of the Analogy, as far as they 
may be known, muſt be cautiouſly and cate. 
fully taken into the State of the Queſtion, 
Thus in the firſt Inſtance, affigned in the ſe- 
cond Lemma, if the different refractive Pow: 
ers of the two Mediums had not been preciſe. 
ly entered into the Equation, the Concluſion 
muſt have proved different from that found out 
by other Methods. Thus alſo in reaſoning 
from the Manner of Generat ion in Animal. 
to that of Yegerables : If the Limitations ari- 
ſing from the different Circumſtances and Or- 
ders of Being, in theſe two Subjects of the 
Analogy, be not carefully taken into the Rea. 
ſoning, the Concluſions muſt prove falſe and 
erroneous. © 3. Both the Subjects of the Ana- 
lagy muſt be known and examined into, as fat 
as may be, in regard to the other Qualitics dit 
ferent from thoſe, the Analogy is inſtituted 


upon: But eſpecially the known Subject * 
| the 


— 
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the Analogy mult be as fully known as is poſſi- 
ble, in regard to thoſe Propertics on which the 
Analogy is inſtituted. Thus the more fully 
we underſtand the Nature and Qualities of our 
Globe, eſpecially as to Light and Gravity, and 
of the Comets and Planets as to their other 

ualitics, the more full and perfect ſhall our 
Concluſions be in regard to theſe aſſigned Qua- 
ities, in the Planets and Comets: The more 
fully we underſtand the Circulation of the 
Fluids in Animals, the more aptly ſhall we 
apply them to Yegetables. Theſe Rules duly 
obſerved will render the Concluſions drawn 
by Virtue of this Analogy of Things, as cer. 
tain as any mathematical Demonſtration what- 
ſoever. 


Propoſition IX. 


Tux viſible, intellectual, and created Spe- 
ces of Things, are Pictures, Images, and Re- 
preſentations of the inviſible, archetypal, and 
increated Species of Things in the Mind of the 
ſupreme Being. | 

Demonſtrat. This is evident from Lemma 1 
and 2, For ſince it is certain, that there are 
to be found in all the Works of Nature a beau- 
tiful Harmony, a comely Proportion, and an 
exact Symmetry running through the Whole: 
And ſince this Analogy of Things, neceſſarily 
lnfers the Exiſtence of the Author of theſe 

4 E C4 Things, 
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Things, and the Wiſdom of the Contriver of 
this Analogy : Theſe Things and this Analogy 
could come from nothing elſe but from their 
original Ideas and archetypal Patterns, in the 
divine Mind or Imagination, and their Har- 
many and Proportion can poſſibly ariſe from 
nothing but their being Repreſentations of his 
Ideas, who is Omniſcient, and does every 
Thing in Number, Weight, and Meaſure. 
There being ao other poſſible Way they could 
be contrived ; and he being Supreme and One, 
could find nothing without himſelf that they 
ſhould repreſent. Beſides, it is abſolutely im. 
poſſible, that infinite Power and PerfeQion 
ſhould bring any Thing into Being, that had 
not his own Signature, Stamp, or Image on 
it, for there could be nothing beſides himſelf, 
whole Images they ſhould be; and it is abſurd 
to imagine they ſhould repreſent nothing at 
all. Therefore of neceſſity they muſt be Pic. 
tures, Images, and Repreſentations of their 
Ideas and original Paterns in the Mind of the 
ſupreme Being. q. e. d. 


Corollary l. 


HxNcx it is evident that the vile, in- 
tellectual, and created Species of Things, 
are Images, Pictures, and Repreſentations of 
the divine Attributes, more or leſs perfect, 
according to their Order in the Rank of he- 
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ings. For ſince they are Images of the ar- 
chetypal Ideas in the divine Mind, or Ima- 


ginat ion, and ſince there was nothing with- 


out him to beget theſe Ideas, and nothing 
but his own infinite Perfections, that could 
repreſent themſelves to him, in order to 
make theſe Idex's ariſe in the Mind: There- 
fore of neceſſity, they muſt repreſent his At- 
tributes or Perfefions, the only Thing he 
could have to copy out, 


Corollary. II. 


HENCE it is evident, that with proper Li- 
mitations ariſing from the nfinitely infinite 
Diſtance ; (fo to ſpeak) between Finite and 
abſolutely Infinite, we may reaſon analogically 
from the Nature and Attribute of the ſupreme 
intelligent Being, to the Nature and Proper- 
ties of finite intelligent Beings ; and from theſe 
to thoſe ; to wit, by ſuppoſing theſe laſt Ima- 
ges, Pictures, and Repreſentations, at an infi- 
nite Diſtance, of the firſt. 


Propoſition X. 


A Mathematical Point, and infinite Space 
are the two Limits of natural or created 
Things, as to Quantity or Extenſion, in A(- 
cending or Delcending from Finite, And 
neither of them is any Part or Multiple of the 
other. | De. 
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, . Demonſirat. This is evident from Prop. 
8. for natural or material Things can have no 
more Dimenſions than three, and therefore 
the biggeſt Extreme in created Things, can riſe 
b no further by the Analogy of Things than to 
© raiſed to the third Dimenſion. And ſince 

infinite Space isas 3, therefore infinite Space 

is the biggeſt Extreme, or Limit of natural 

Things aſcending from Finite. And ſince a 
Mathematical Point is the Surface (ſo to ſpeak) 

of the Extremity of a Mathematical Line, 

which has but one Dimenſion, it muſt of Ne- 

ceſſity be the leaſt Extreme in deſcending from 

Finite: In a Word, we can rife no higher in 

natural and material Things than infinite Space, 

ſince that is the Locus Unziverſalis of all cre- 

ated Beings, And we can deſcend no lower 

than a Mathematical Point, ſince every Thing 

below it (if poſſible) could have no Place at 

all, or would be no where, that is, would be 

abſolute Nothing. And ncither of them can 

be any Part or Multiple of the other, ſince no 

Number of Points, no not even an infinite 

Number can make any real natural Quantity, 

not ſo much as a Mathematical Line, therc- 

fore, Cc. q. e. d. 


en ar c.czwf 


Oh 


Corollary. I. 


HEN CE a Mathematical Point and univer- 


fol Space, are true and genuine Oppdſites in 
Nature, 
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Nature, and in the Analogy of Things, and 
between theſe two lie all created finite Sub- 
ſiſtences. No natural Thing can be bigger 
than infinite Space, and no natural Thing can 
be leſs than a Mathematical Point z they dif- 
fer the moſt widely that natural Things poſſi- 
bly can, and have nothing common but En. 


liiy, and fo arc true and genuine Oppoſites. 


Corollary II. 


HENCE in the Analogy of Things, Matter 
cannot be infinite, in any Senſe of Infinite aſ- 
cending from Finite. For ſince Matter is of 
thoſe natural Things, that neceſlarily require 
all the three Dimenſions, were it infinite, by 
the Analogy of Things, it would neceſſarily 
be as „ 3, that is', it would be equal to infi- 
nite Space; but ſince the Neceſlity of a Vacu- 
um has been demonſtrated in the firſt Chapter 
of the firſt Part, it cannot be equal to infinite 
Space, and ſince it cannot be infinite any wile 
but as infinite Space, by the Analogy of Things. 
Therefore Matter cannot be infinite, in any 
Senſe of Infinite aſcending from Finite. 


Propoſition X. 


Abſolute Nothing, upon a real Quantity pro- 
duces no Effect at all. Or abſo/ute Nothing 
can 
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can be ſaſceptible of none of theſe Arithme- 
tical Applications, to which real Quantitics 
are ſubjected. 

:  Demonſtrat. Suppoſe. abſolute Nothing 
upon a real Quantity could produce any Ef- 
fect. Let the real Quantity be 4, and the 
Effect n, then abſolute Nothing x a = » 


that is, abſolute Nothing is equal to, that 


is, abſolute Nothing is a real Quantity, as 


- is, Which is abſurd, Now ſince abſolute 


Nothing multiplied into a real Quantity can 
produce no Effect. for the Reaſon and by the 
Argument now aſſigned, neither can it, when 
divided by a real Quantity, by the ſame Way 
of reaſoning, ſince Diviſion by à is the ſame 


with Multiplication by— And ſince Multipli- 


cation and Diviſion are the ſame with Additi- 
on and Subſtrattion reiterated as often as the 
Multiplicator and Diviſor implies : Therefore 
abſolute Nothing is ſuſceptible of none of thoſe 
arithmetical Applications that real Quantities 
are ſubjected to. q. e. d. | 


Corollary. 


Abſolute Nothing therefore, when applied 
to real Quantities by Multiplication and 2 * 
. ion 
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ſion (and conſequently, when by Addition 
and Subſtraction) implies, that there is nei- 
ther Product nor Quotient, that is, that the 
real Quantity is neither multiplied nor divided, 
but remains unaltered. 


Propoſition XII. 


In the Analogy of Things; as a mathemati- 
cal Point is to univerſal Space, ſo is abſolute 
Nothing to the abſolute and ſupreme Infinite. 
Demonſtrat. By Prop. 10. a mathematical 
Point, and univerſal Space, arc the two Li- 
mits of material or natural Things; they in- 
volve ſimple, clear and diſtin Idea's, and are 
as well known, as any of the Objects of hu- 
man Knowledge. Abſolute Nothing is one 
of the Limits of the aniverſitas rerum omni- 
um, to wit, that in deſcending, below which 
nothing can fall; and therefore by the Rules 
laid down, for the Analogy of Things, the 
abſolute or ſupreme Infinite muſt be the other 
Limit, beyond which, nothing can riſe in aſ- 
cending, and between theſe two, all Subſ/e- 
ſtences, Finite, Indefinite, and relative Infi- 
niteare concluded, Wherefore by Lemma 3. 
and Prop. 9. as a Mathematical Point, &C. 
q. e. d. ; | 

Corollary I. | 


| HENCE abſolute Infinite can neither be 
encreaſed nor diminiſhed. For abſolute In- 
TS 3 2 finite 
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finite and abſolute Nothing being the Limits 
of all Things whatſoever, abſolute Infinite 
muſt be the greateſt of all Things, and ſo 
can neither be encreaſed nor diminiſhed, elſe 
it could neither be the greateſt, nor the aſcend- 
ing Limit. | 


Corollary II. | | 


Hence abſolute Infinite is One, and Indi- 
vidual. Becauſe being neither capable of En- 
creaſe nor Diminution, and being the aſcend- 
ing Limit, it muſt be one: And individual, 
becauſe there can be no other like it, it being 
the one aſcending Limit. 


Corollary III. 


Hence abſolute Infinitude is only compe- 
tible to the divine Nature, and to nothing 
elſe. He being the greateſt of all Beings, one, 
and individual, or the ſingle poſſible Being 
of the ſame Nature. 


Corollary 1V. 


Untverſal Space, is the Image and Repre- 
ſentation, in Nature, of the divine Infinitude. 
For ſince by Prop. 9. the created Species of 
Things are Images of the increatcd , and by 
Prop. ro. univerſal Space is the greateſt Li- 
mit 


ain 


— — 
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mit of the viſible Creation, or material Hy- 
ſtem of Things. Therefore univerſal Space 
is the natural Image of the greateſt Limit of 
all Things, or of the uni verſitas rerum omni- 
um; That is, by Prop. 12. and the preceed- 
ing Corollary, untverſal Space is the natural 
Image of the divine Infinitude. 
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Corollary V. 


HENCE wniverſal Space may be very aptly 
called the Senſorium Divinitatis, ſince it is 
the Place wherein all natural Things, or the 
ö whole Syſtem of material and compounded 
Beings, are preſented to the divine Omniſci- 
ence. Infinite Space is the Image of the di- 
nine Infinitude, wherein, as in a Picture of 
him (in whom all Things live, and move, and 
have their Being) all created Things preſent 


; and manifeſt themſelves to the intuitive View 

of the ſupreme Infinite; and therefore in the 

: Analogy of Things, infinite Space is to the 
ſupreme Infinite, what a human Senſortum 
may be ſuppoſed to be to Men. 

. Corollary VI. 

7 An abſolute infinite Creature is a Contra. 

y dition, becauſe abſolute Infinite is one, and in- 

1. dividual, by Corollary 2. of this. 

lit 
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Scholium. 


ONE very remarkable Difference between 
Finite, relative and abſolute Infinite is this. 
Finite may till be increaſed by it ſelf, and 
yet continues its finite Nature, till the 
Number of Additions be actually Infinite. 
Relative Inſinite may be increaſed, not by 
Finite, but by it e, and ſtill continues its 
Nature, after infſinitely infinite Additions, 
without Bounds or Limits: For let it be 
ever ſo often increaſed by it ſelf, it continues 
but relative Infinite. But abſolute infinite 
can be increaſed by nothing, not even by 
it ſelf, elſe it could not be the abſolute or 
greateſt Infinite. In natural Things, Finite, 
and relative Infinite, never riſe higher than 
the third Power. The Comets and Plancts 
move in Orbits, that are Curves of the /e- 
cond Power. Projettiles move in parabo- 
lick Lines, which are of the ſame Order. 
The Curvature of the Surface of all the ce. 
leſtial Bodies ate of the conical ſection- kind. 
The Surfaces of Fluids, riſing in great or 
ſmall Channels, are of the ſame Rank. Na- 
ture admits but of three Dimenſions, and J 
know of no natural Effect that - riſes higher 
than the third Power. Even the irrational 
Curves that Nature forms, in conducting 
ſolid Bodies, and the Rays of Light * 
Wan e diffe- 


16) 


cr. 


” 


id 1 


110g 


g fe 


F 8 8 


different refracting Mediums) the. ſhorteſt 
and caſieſt Way: And in ſome other of her 
Operations, ſuch as the Cycloid, Conchoid, 
Catenaria, Velaria, Curva Elaſticitatis, Lo- 
garithmica, the Spiral, and the like, all of 
them are of the loweſt Rank of their Order: 
And their Natures imply only Portions of 
Curves, or of their Area's, of the conical. 


ſeftion-kind, the loweſt Order of all Carves 


whatſoever. So true it is, that Nature per- 
petually brings about her Purpoſes the ſbort- 
eſt and ſimpleſt Way, and keeps conſtant. to 
this beautiful Analogy of Things. But ſince 
Quantity may be (till increaſed, « may be 
ſuppoſed to riſe to higher Powers than 3 in 
the intellectual Species of Things, ſuch as 
are, 094. o 5. 0 x oo © Ke. Now. tho 


theſe Powers of « ſuperior to  & 3, can 
have no Place in natural Things, or the ma- 
terial Syſtem, yet are they the intellectual 
Species of created Things, and are in their 
relpectiye Orders, Images, and Reprelentati- 
ons of their archetypal Idea's, in the divine 
Mind, and Inſtances of the unexhauſtible Store 
of manifold Wiſdom in the divine Nature. And 
as infinite Extenſion is o » © *© is the Image in 
Nature of abſolute Infinite, ſo & = © &c. is 
the Image of the ſame abſolute Infinite, in 
the intellectual Species of Things, And by 
the Analogy of Things, relative Nothing, 
and relative Infinite are the intellectual 
Images of abſolute Nothing, and abſolute In- 

Ei finite, 
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n. 


finite, ſo univerſally does this Analogy hold 
good. 


Propoſition XIII. 


| Abſolute Infinite, in the Analogy of Things, 
is the preciſe and proper Oppoſite to abſolute 
Nothing. ial) 

De monſtrat. This is plain from Prop. 12. 
and its „rt Corollary, For fince a mathe. 
matical Point is the preciſe and proper Op- 
poſite to univerſal Space, and fince in the 
Analogy of Things, a mathematical Point 
is to inſinite Space, as abſolute Nothing is to 
abſolute Infinite : Therefore abſolute Inji- 
nite is the preciſe and proper Oppoſite to 
abſolute Nothing. Beſides, abſolute Nothing 
and abſolute Infinite, being the Limits of 
the Untverſitas rerum onmium, in aſccnding 
or deſcending from created finite Beings, they 


mult be preciſe and proper Oppoſites, having | 


nothing common but their being Entia and 
Limits. q. e. d. 


Corollary 3 
SINCE abſolute Nothing, in its poſitive 


Idea, implies the utmoſt Impoſſibility of, and 
the moſt extreme Contradiction to Reality or 


real Being, as it moſt certainly does; (for it is 


not 
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not poſſible to conceive a gteater Contra- 
dition to, or Impoſſibility of Reality or real 
Being, than is implied in the poſitive Idea of 
abſolute Nothing or Non entity, beyond which 
there is no further deſcending from Reality 
or Being; it having no real Entity, though 
it may be claſſed, as to its negative Con- 
ception, in the Category of Entia rationis :) 
Therefore by the Analogy of Things, abſo- 
lute Infinite muſt imply in its poſitive Idea, 
and that neceſſarily, the utmoſt Poſſibility, 
and the moſt extreme Neceſſity of Reality 
or real Being. | 7 


Corollary II. | | 


WHEREFoORE ſince abſolute Nothing, in 
its poſitive Idea, implies the utmoſt Contradifti- 
on to real Being, ſince abſolute Infinite is the 
preciſe Oppoſite to abſolute Nothing ; ſince al- 
lo being Oppoſite in every Thing (except as 
Entia and Limits, which do not affect the 
Realities in ab/olnte Infinitnde, as to its poſi- 
tive Idea) abſolute Infinitude muſt imply in 
its poſitive Idea the utmoſt neceſſity of Rea- 
lity, or real Being; therefore of Neceſſity 
the abſolnte Infinite maſt really Be, or the 
Being to which aHolute Infinitade is only 
compatible, muſt neeeflarily exiſt. | 


Ff 2 Propo- 


— — 


1 hs p 
1 
4 v 
1 
5 1 * | 
>. 
5 4 
$2 $41.28 
o * o \ i 
* 
e l 
TC 
£ 
0) 
a * 
5 
I + ta : 
4 3 * 
1 
5 , 
” * 
U 
. 4 
RL 
4% T4, 
2 in 
4. \ 
— þ . 
F 1 
0 D * 
7 
by 0 
7 + l 4 
5 7 
nt 1 | 
4 28 
\ 4 
, : 
1 
j 
& 
: 
N 
7 | SI: i | 
$ bl = * | 
% - 
: 0 f 
LEY + 
—_y | 
p 4 -% 
Fs \ [1 
5 po - 17 ; 
: 
: X 
. x 
Ly | \ 
T | 
mer: TY 
' v6 14 
+ 8 * 
144% : # 
4s 891 
* bp 3: == 
1 ) : 
CS 
N \ 
/ #3 FRG 
0 
* i 
7 
U , 
4 „ ; 


— 1 = 
5 — rl 7 ¹ ¶˙ —:Tĩ a 4 
3322 — x hy ee —_— - . 1 . 
2 - __ 4 "x d — by y a - 
\ — 2 — — . G — — k . —_ e 
2 . . <a — - _—- e _ - Mw W 
-- 9 - . . & — h = * . > a — a p * —— W l 


— 
= LS 4 


le «„ 
3 


— . KT . _— — — — 222 
* 2 
< — — 883 
. 4 3 4+; : 
i - 7 - _ 7 
mige 


19 2 
E 3 — 
L «< FI N — 
HA IF. 428-476 2 2 r N a 
= — 5 8 => - 5 - 4 So — — 2 l - > 
a a 4 — —_— — - __— — — — 
— — - = - 0 — 
on es Y— — ———zæ — — — — vw" yay « r . 
2 * 42 * 7 * 
- - _ 9 * _ — * I + >» P — 4 


———Y 


58 ' Phitoſophical Principles | 
Propoſition XIV. . | 


Finitude and Infinitude, when applied to na- : 
tural and created Things, in their poſitive / 
Tded's, imply not Realities, but the Modes of ſ 
Realities p 
De monſtrat. Finitude, when applied to c 
Wituta or created Things, imports only in it's cl 
(poſitive Idea the Proportions of the ſeveral d 
Biprecs ot Affections, or Properties, of theſe d 
«Things to one another. Infinitade, the Un- in 
boundednefts of theſe Degrees of Afﬀettions, th 
or Properties. Finitude and Infinttude, in o1 
themiclves, abſtracted from a proper Subject fit 
or Suſtantive, are incomplete 1deg's in natural tu 
or created Things. Infinite Extenſion, Number, ti 
Duration, Wiſdom, Knowledge, &c. are com- ph 
plete Ideas, whereof theſe Realities are the eſp 
Subjects or Subſtantives, and the Infinitude no 
the Epithel or Adjective: Wherefore Fini. th: 
tude and Infinitude in natural or created Things, lat 
being but Adſuncts to Realities, in their poſi- Fad 


tive Lea s, do not imply Realitzes, but the 
Modes of Realities. q. e. d. 


Corollary I. 


HENCE the Modes of natural or created 
Things are Nealities, in the ſupreme or ab/ſo- 
ſolute Infinite, or the Modes of natural or crea- 
ted Things, when analogically elevated to the 
ſupreme and abſolute Infinite, are in him 


not Modes, but the utmoſt Realzties, This is 
plain 


— 
— — * „„ — 
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plain from the preceeding Propoſition, Ind the 
24 Corollary of the 13. Infinitude is but a 
Mode in natural or created Things, bur in the 
ſupreme or abſolute Infinite, it implies, in its 
poſitive Idea the utmaſt Reality, ro wit, ne- 
ceſſary Exiſtence ; and the ſame mult of Ne- 
ceſlity be true, in all thoſe Attributes, of the 
divine Nature, which analogically derived 
down to the Creatures, are in them but Modes, 
in him they are the utmoſt Realities ; becauſe 
they are all complicated and affected with, 
or (ſo to ſpeak) multiplied into abſolute In- 


finitude, which realizes thoſe Modes of Crea- 


tures, and tranſubſtantiates them into poſi- 
tive and real Qualities. So true is the meta- 
phyſical Axiom, quicquid in Deo, ipſe Deus 
ff. I do not here contend that there may 
not be acceſſory Ideas in the divine Intellect, or 
that there may not arbitrarily ariſe in the divine 
Intelle& Images of Beings, whole Exiſtence in, 
Fact, is not neceſſary. Since the Idea of a 
Creature cannot be neceſlary to him, or elſe 
they would neceſſarily be, But even thole ac-, 
ceſſory or arbitrary Idea s, in the divine Imagi- 
nation, by being there, become of a quite dif- 
ferent Nature from the like in Creatures, for 
by being there, they (by Virtue of his abſolute. 
Infinitude) receive a Being infinitely ſuperior 
to the like Ideas in created Beings, not neceſ- 
larily, but with infinite Freedom and Liberty. 

And thoſe Affections and Properties in Crea- 
Ff 3 tures, 


— 


— 
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tures, Which in them are but Modes, when ana- 
togically carried up to the like or ſimilar Aﬀec- 
tions or Attributes in the divine Nature, arc in 
him the utmoſt RNealities, as being com- 
plicated with abſolute Infinitude, and thereby 


transformed or cxalted into rcal Quantitics or 
actual Sufiſtences. ED 


Cerollary II. 


Hence Power, Subſiſtence, Duration, 
Knowledge, Wiſdom, Goodneſs, Beauty, &c. 
which in created intelligent Beings are the 
Images of Omnipotence, neceſſary Exiſtence, 
Eternity, Omniſcience, the divine Sophia, Be- 
nignity, infinite Perfection, &c. in the divine 
Nature, and are but Modes of Being, and 
not eſſential Affections in theſe; are in him 
infinite Rea/ztzes, and living active Principles: 
And he that would reaſon analogically, from 
the Nature of theſe in created intelligent Be— 
ings, to the Nature of thoſe in the divine EC 
ſence, without having the utmoſt Regard to 
the abſolute Ae, which in a Manner 
quite changes the Nature of the former, and 
exalts them into a different Category, would be 
miſerably miſtaxen. For Inſtance, he that, 
becauſe the Duration of natural Things is ſuc- 
ceffive, would conclude ſo of the divine Eter- 
nity ; He that would reaſon, becauſe human 
Power cannot give Being and Subſtance 69 
Fae hien had none, the divine Omnipe: 
CERT [ence 


—_©___ 
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fence could not: He that would infer, tha*® 
becauſe the Knowledge of rational created Be- 
ings is progreſive, the divine Ommiſcience 
were alſo progreſſive, muſt be egregiouſly 
miſtaken : Becauſe in this Analogy he does 
not take in the abſolute Inſinitude which ele- 
vates and exalts the Duration, Power and 
Knowledge of created Things, into a Degree 
of Reality of which theſe are but the Images 
or Pictures. He that from the Picture of a 
Man would analogically reaſon about human 
Nature, and from the blending and Poſition of 
ſome Colours on Canvaſs, would reaſon to 
Life, and Knowledge: Or from the reflected 
Image of the Sun in Water, would con— 


clude of Light, and Heat, could nor ert more 
gtoſsly. 


Scholium. 


IN intelligent compounded Beings, the Pow- 
ers belonging to the Body are not only finite, 
but very low in the Order of Finites. The 
Eye perceives not diſtinctly a very large nor 
{mall Object. Too ſtrong a Noiſe ſtunns 
the Ear, and one too weak does not act up- 
on the Organ : Neither of them produces a 
diſtin Hearing; and it is ſo in all the other 
Senſes. Thoſe Organs are ſo contrived, as 
to perceive beſt the ordinary Effects of com- 
mon Life, the Objects that Neceſlity of Sub-. 
liſtence do moſt readily preſent to us, Theſe 


= &* they 


— 
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they are fitted for, and little elſe ; they have c 
a wonderful Facility in manitcſting theſe di— d 
ſtinctly to our Minds, and have a juſt Pro. P 
portion to the Objeas about us; but ſeem n 
not contrived nor deſigned for Curioſity, or it 
conveying much more Knowledge to us, than 2 
what the Conveniencies of Life require: Elle th 


infinite Wiſdom and Power might have caſi. 
fily formed them ſo, as not to nced thole 
Helps and Aſſiſtances, which we arc obliged 
to employ, when we aim at any more patti- 


cular, Knowledge of the intimate Natures of on 
the, Things about us, than Convenicncy be 
makes neceſſary or commodious. The Facul- tet 
ties belonging to the rational Soul are likewilc by 
finite, but of a higher Rank of Finites than th: 
thoſe Powers belonging to the Body. The ma 
Imagination can paint a larger Idea, than bin 
the Eyes can ſee, and the Memory lodge a pic 
greater Store of Images, than all the Senlcs can 
can preſent at one Time: And the Under- it 1 
ſtanding can combine and disjoin theſe, and on 
compare them many different Ways: But fill Wi. 
theſe Faculties are but finite in their Capaci- tot 
ty. We can form no diſtinct Idea's of Millions to | 
of Millions, of a multangular Figure, or any but 
relative Infinite, imall or great: The Imagi- Thi 
nation ſeems not able to contain theſe; there tion 
is no room on it, for ſo large Pictures. diſti 


The Memory is the Repoſitory of the Ima- WW /ogy 


ges that have been framed on Phantaſy, and mat, 
| cal 
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can go no further than it reaches; nay ſel- 
dom or never contains more than a ſmall 
Part of thoſe. The Underſtanding can work 
no further than theſe two afford Materials; 
its Works being to collate, combine, and 
garble, as it were, theſe Images and Ideas 
the Imagination and Memory preſent to it. 
All theſe are limited, as the Senſes are, though 
not quite ſo ſtraitly, becauſe the Under- 
ſtanding may variouſly combine thoſe 1ge- 
a's, they have conveyed to the Imaginati- 
on and Memory, and ſo increaſe their Num- 
ber: And the Vill having no ſubject Mat- 
ter to proceed upon, but as it is prepared 
by theſe prior Faculties, can go no further 
than thoſe allow it. The Underſtanding 
may diverſify theſe as far as their Com- 
binations will reach; and the Mill may 
pick and chooſe among theſe; but ſince it 
cannot create Objects for it ſelf to work on, 
it muſt be limited to the Images and Ideas 
on the Imagination and in the Memory. The 
Will I mean, as it is a Faculty belonging 
to the rational Soul. All theſe Faculties ſeem 
to have been originally deſigned for Nothing 
but this material World, and the Syſtem of 
Things about us. They help us to no No- 
tion or Conception of any Sort. of Beings 
diſtint from Matter, but in ſo far as Ana- 
logy will bear us out; and even as to the 
material World, they ſeem fitted for little 


elſe, 
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elſe, beſides the groſſer, more general and 
more neceſſary Knowledge of Things that 
are required for due Conveniency, or Sub- 
ſiſtence, and fhew but ſome of the groſſer 
Out lines of the real Natures of Things. 
Every Thing that might violently entertain 
our Curioſity, or flattcr our Vanity, as to 
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the Knowledge of the Nature of Things, 


ſeems to have been induſttiouſly concealed 
from us, and no Faculties to have been in- 
dulged us for theſe Purpoſes, 
ſhould have withdrawn us too ſtrongly from 
Things of greater Moment to the End of our 
Being: Elſe infinite Wiſdom and Power had 
contrived them after a more perfect Manner, 
with a larger Capacity, and a ſtronger Ener- 
As to the Faculties of the ſ@preme &pi- 
(which is a third Part of intelligent 
compounded Beings ) they moſt certainly are 
infinite in their Capacity and Energy, I mean 
they may be enlarged and increaled without 


gY- 
rt, 


leaſt they 


Bounds or Limits, which by Definition 4 


is to be relatively infinite. 
Ads of theſe Faculties may be multiplied 
perpetually, but the Capacity and Energy of 
theſe may be dilated and intended without 
The Perception, the De- 
fires, the Will, (the Faculties belonging to 
the ſupreme Spirit ) are unlimited and bound- 


Bounds or Limits. 


Not only the 


leſs, fitted and deſigned for inſtnite Objects. 
Theſe indced are ye firſt, principal, and ori. 


5 


ginai 
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inal Faculties, belonging to all compound- 
ed intelligent Beings : By which they are made 
capable of communicating with the ſupreme 
Infinite. And next in order of Nature to 
the ſupreme Sprrit, is the rational Soul, where- 
by they are enabled to communicate with the 
material World: And to the Facultics of this 


ſecondary Part of the Compoſition, the Senſes 


of the Body are Conduits, and Conveyances, 
which make up the third and laſt Part of com- 
pounded intelligent Beings: In the due Subor- 
dination, the perfect Harmony, and perpetual 
Concord of theſe Three, with each other, 
the Perfection of theſe Beings does conſiſt: 
In their Diſcord, Confuſion, and Rebellion one 
againſt the other, their Degeneracy, Corrupti- 
on, and Fall. It can be no Difficulty to thoſe, 
ho are acquainted with the Analogy of Things, 
to conceive how theſe ſeveral Parts of com- 
pounded intelligent Beings are contained, with- 
out Confuſion or Contraricty, in each other, 
in their primitive and uncorrupted State 
when they conſider, that in Water is con- 
tained Air, in that e_/Z7her, in that Light, 
and perhaps in this laſt, a more ſubtle and 
refined Spzrit ; and all theſe in perfect Har- 
mony and Concord. But to conſider theſe a 
little more particularly. The Perception, as 
it belongs to the ſupreme Spirit, muſt of Ne- 
ceſſity be a paſſi ve Principle, becauſe it can- 
not create its Objects, but receive thoſe pre- 

ſeated 
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ſented to it: That ir 1s infinite, is plain, be. 
cauſe its adequate Object is infinite, and the 
ſupreme Infinite; it being beftowed on the in- 
telligent Beings, in order ro communicate 
with the abſolute Infinite. The Neceſlity of 
this third Part of the Compoſition of the 
mentioned Rank of intelligent Beings ſhall 
be afterwards demonſtrated ; 1 procecd to con- 
fider in a few Words the Nature of ſome o- 
ther of theſe Facultics, belonging to the /- 


eme Spirit. 
a a Propoſition XV. 


TE Deſire is infinite in its Capacity, the 
id cardinal, moſt quick, and ſenſible, and 
moſt active Faculty of the Mind or ſpiritual 
Part of compounded intelligent Beings, and 
the Will, and the Aſteckions are but Mod. f. 
cat ions of it. 

Demonſirat. To be convinced of the Truth 
of this Propoſition, we need only reflect on 
the Source of all the Happineſs or Miſery 
of intelligent Beings, and we ſhall find it a- 
riſes from the Enjoyment or Diſappointment 
of their Deſires. There is in all intelligent 
Beings a reſtleſs Appetite or Deſire of Happi- 
neſs: From the Moment of their Being, 
through all the Ages of Eternity, all their La- 
boar, and Travel is for this Purpoſe: Nor are 
they devoid of it, either immediately in the 


End, or mediately in the Means, for one In- 
ſtant 
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fant of Time, in all their endleſs Duration. 
Now. this is the neceſſary Effect of the Facul- 


ty of Deſire, no Object leſs than Infinite can 
1 ſatisfy it. For let it be ſuppoſed to have 
& come to the Poſſeſſion of any Object leſs than 


Infinite, its plain, it can deſire yet a greater, 
and a greater, without Bounds or Limits; that 
is, it can deſire an infinitely great Object, that 
is, the Deſire it ſelf is infinite in its Capacity; 
its Acts are inſtantaneous, and its Enjoyments 
or Diſappointments for a Time ſwallow up 
the Acts of all the other Faculties: And 
therefore it is the moſt guick and ſenſible : 
It ſets all the Powers of the whole Compo- 


- ſition on Action, to obtain its Ends, and 
7 therefore it is the moſt active: And upon 
ap all theſe Accounts, the moſt cardinal Facul- 


4 ty of the Mind: Chooſing or refuſing, that 
10 is willing, is but the Deſire applied to a 
1 particular Object; the Affections are but the 
5 Complexions of the Deſire, as applied to this 
particular Object: And therefore ate both 


T but Modifications of the Deſires, wherefore, 
Sr. q. e. d. 

ent 

ent 

pi- Scholium. 

54 To apprehend how infinitely capacious, 

are active, and ſenſible the Deſire is, we need 

the only imagine our ſelves, ſeparated from the 


Objects of Senſe, and the preſent Amuſements 
of 
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n... 


of Life, with all the Faculties of the Soul 
awake : And we ſhall then be able to con- 
jecture how ſtrong, active, reſtleſs, and un- 
ſatiable our Deſires would be. So as to (wal. 
low up and extinguiſh all the other Acts of 
the Faculties of the whole Compound. Thoſe 
only can moſt ſenſibly feel the Force of this 
Reaſoning, who have in ſome Meaſure, and 
for ſome Time been in this State. 


Corollary I. 


Sic the Deſire is infinite in its Capaci- 
ty, and may be dilated beyond any finite 
Object, how great ſoever, it is evident it 
cannot be oyer-filled, or ſuper-abundantly (ſo 
to ſpeak) ſatisfied with any Object leſs than 
infinite: Since allo, the greateſt relative Infi- 
nite, cannot be aſſignable by Corollary 1. Prop. 
1. Therefore the Deſire cannot be adequate- 
ly and over-filled with any leſs Object than 
the abſolute Infinite; it being capable of be- 
ing enlarged beyond the Dimenſions of any 
relati ve or creaturely Infinite aſſignable: And 
ſince by Corollary 6. Prop, 12. no Creature 
can be abſolutely Infinite, therefore the Deſire 
can be perfectly and adequately filled and ſu- 
per- abundantly ſatisfied, by nothing leſs than 
the ſupreme and increated Infinite. 


1 | Corol- f 
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C orollary II. 


S1Ncs the Deſire is infinite, when filled 
and ſatisfied with its proper and adequate Ob- 


jets, it muſt be infinitely happy: For ſince 


Nothing, by the preceeding Corollary, but 
the abſolute and increated Infinite, can adc- 
quately fill, and ſuper-abundantly ſatisfy it; 
the abſolute and increated. Infinite muſt be 
its proper Object, and the Deſire infinite in 
it ſelf, filled and perfectly ſatisfied with its 
proper Object, the ſupreme and increated In- 


fnite, muſt of Neceſſity be infinitely happy. 


Happineſs ariſing from the Congruity of the 
Object with the Faculty, and this ſupreme 
and increated Infinite being the proper, 
and indeed the only proper Object, ( ſince 


the ſupreme Infinite is one) it muſt alone be 


the congruous Object, and ſo the Faculty be- 
ing infonite, the Object infinite, and they 
infinitely congruous to one another, the 
Deſire, in the Poſſeſſion or Enjoyment of 
this Object, muſt of Neceſſity be infinitely 
happy. 


Propoſition XVI. 


IN regard of intelligent Beings, every 
Thing that is in the Jniverſitas rerum, may 
be fully comprehended under theſe three ge- 

N neral 
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neral Heads, to wit, the Faculty or Deſire, 
the Object of this Faculty or Deſire, and 
the Senſation ariſing from the Congruity or 
Incongruity between theſe two. 
Demonſtrat. All the diſtin Subſiſtences 
that actually exiſt, are comprehended under 
theſe two general Heads, the ſupreme and 
abſolute Infinite, and the Creature, and theſe 
can be only Objects of the Faculty or De- 
fire. The Faculty or Deſire being infinite, 
by the preceeding Propoſition, may contain 
or receive both theſe, and the Senſation ari- 
ſing from their Congruity or Incongruity to 
the Faculty, muſt together with thele two 
general Heads mentioned, comprehend every 
Thing in the Unrver/itas rerum in regard to 
any particular intelligent Being. For nothing 
can be imagined in the whole Extent of Be- 
ing, real or intellectual, that may not be re- 
duced to Faculty, Object, or Senſation ariſing 
from thele. Therefore, Cc. e. q. d. 


Propoſition XVII. 


AN intelligent Being, compounded of 4 
Body, Soul, and Spirit, with proper Relati- a V 
ons, and in Subordination to each other, 1s a con 
real Epitome, Image, or Repreſentation of I '<vc 
the Univerſitas rerum omnium.. 

Demonſtrat. This is ſo evident from the ten 


Analogy of Things, that there can be no whi 
arts Diff P 


of Religion. 71 


Difficulty in it, to thoſe who will conſider, 
that the ſupreme Infinite could have nothing 
more perfect than himſelf and his other 
Works, and his own perfect Adminiſtration 
and Government of theſe, to form this com- 
pounded Being upon. He muſt be conſiſtent 
with himſelf; and his compounded Works, in 
their component Parts muſt reſemble in the 
leſſer Compoſitions, the ſimilar Parts of the 
greater. This intelligent compounded Be- 
mg, being to have a material Part, what 
can it have more worthy of the Work of 
infinite Perfection, than his greater Hyſtam 
of material Beings to reſemble? His "Soul 
or rational Part can reſemble nothing more 
worthy of Him, than the other higher Or- 
ders of created Spirits: And his ſupreme 
Jpirit or Mind, will bear its beſt Reſem- 
blance, when it repreſents the ſupreme In- 


finite. His Adminiſtration and Government 


of the whole Jy/fem of created Beings, can 
be repreſented by nothing ſo aptly, as the 
Relations and Subordination of theſe to cach 
other, and to the reſt of intelligent Beings, 
which theſe could only be formed upon. In 
a Word, it is impoſſible that any Idea of a 
compounded intelligent Being, made up of 
ſeveral Parts, each ſimilar to ſome greater 
Part of the Iniverſitas rerum, already ex- 
iſtent, could enter to the divine Mind, 
which could be more perfect and more wor- 

PAR r. II. G thy 
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thy of ot Hin, than this, that cach inferior 
Part ſhould be an Epitome and Reſemblance 
of his Works already made, and the higheſt 
Parr, of Himſelf; and that their Relations 
and Subordination ſhould reſemble his Ad- 
min (ration of the Whole: I ſay it is im- 
poſſible it ſhould be otherwiſe, to preſerve 
hs Conſiſtency with himſelf, and to carry 
on this Analogy, through every individual Part 
of his Works, through the whole Scale of Be— 
ings, as it moſt certainly is carried, And this 
is not a meer metaphorical Picture, and Re. 
ſemblance, but the real and phyſical Nature 
of compounded intelligent Beings. Where- 
fore, &c. q. e. d. 


Corollary J. | 


FROM this Foundation, by a proper Ana- 
logy, with the due Limitations, all the Re- 
lations and moral Duties of intelligent com- 
pounded Beings, to the ſupreme Infinite, to 
ſemilar intelligent Beings, and to themſelves, 
may be caſiiy deduced; for Inſtance, do we 
reſemble the ſupreme Infinite, in our ſupreme 
Fpirit: Then as he is the firſt in Order of 
Beings, io is this Part of our Compoſition 
the firſt and moſt principal, in our Order of 
Parts, All the reſt muſt be ſubſervient and 
ſubordinate in us, to this, as the reſt of the 
ſeveral Ranks of Beings are to him: This 
| we 


am_— 


we arc chiefly and mainly to cultivate by 
fitting it up for him, for whom it was ori- 
ginally deſigned and beſtowed upon us. Here, 
we muſt aſpire after Hin, and open our 
Deſires for Him, by a Love worthy of Him, 
ſuperior infinirely to all our other Loves 
and Deſires: On this Part and its Faculties, 
our greateſt, our chicf, nay, and our only 
Labour is to be beſtowed; that it may be 
expanded, dilated, and elevated to its pro- 
per Rank in the Order of our Parts; that 
the due Subordination may be reſtored; 
which done, all the other Parts will per- 
form their proper Functions, in Harmony 
and Concord. In regard to other intelligent 
Beings, we are to conſider them as like 1- 
mages of Him and his Yorks ; and to follow 
them with a Benevolence proper to ſuch J. 
mages, to imitate his Conduct of Love and 
Forbearance, to all his Creatures. But this 
only by the By. 


Corollary. II. 


HENCE, in a proper Analogy, the Nature 
of the ſpiritual and material Parts of com- 
pounded: intelligent Beings and of the Union 
between theſe, as far as they may be known 
by mere. human Reaſon, is to be deduced, 
Compounded intelligent Beings arc Epitomes 


or Images of the Univerſitas rerum. In 
Gg 2 thelg 
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their Bodles they reſemble the material Sy. 
fem of Things, in their ſpiritual Parts 
they reſemble the ſpiritual World, the Uni. 
on of theſe two is a Reſemblance of (or is 
maintained and preſerved after) the Manner, 
the ſupreme Being governs the material 
Syſtem of Things: Who being intimately 
preſent with every individual Atome of Mat. 
ter, yet more eminently acts from his ſupe- 
rior; Throne of Glory, having the whole H 
ſtem of Creatures in one View preſented to 
him, in the univerſal Space, his ſpecial Sen- 
ſorium. By this Principle, as a Key, the 
whole Philoſophy of human Nature, of the 
animal, rational, and divine Life, of the Pal- 
ſions and Affections of the Soul, and even 
of the Organiſm of the Body, ſo far as it 
is juſt and genuine, and given to mere hu- 
man Reaſon to know, is to be unlockt, and 
that not metaphyſically, but phyſically and in 
reality. But who is ſufficient for the Detail 
of theſe Things ? 


Corollary 111. 


HEN CE, the Immortality of the ſpiritual 
Part, of intelligent compounded Beings, is 
evidently to be deduced. For ſince the /ft- 
ritual Part of intelligent compounded Be- 
ings, is an Epitome and Image of the /pirt- 
tnal World; and the ſupreme Spirit, 05 
41 = ' art 


of Religion. - 575 


Part which God originally breathed into 
Man) is an Epitome and Repreſentation of 
the abſolute Infinite ; ſince by Corollary 2. 
Prop. 13. he neceſſarily exiſts, therefore the 
Soul, or ſpiritual Part (whereof this ſupreme 


r, Spirit is the Fund or intimate Subſtance) 
al muſt exiſt for ever. Not neceſſarily, for 
ly that Concluſion would drop the proper Li- 
t- mitation in the Analogy ariſing from abſo- 
e- lute Infinitude : But, as being Images of 
5. him, who exiſts zeceſ/arily, and having their 
to Being from him. Their Immortality is in- 
n deed an active, living Principle, not of ne- 
he ceſſary, ( but derived) Exiſtence. They are 
the immortal, as having repreſented on them all 


al- W his communicable Perfections; of which, 
ren perpetual Exiſtence is one, though neceſſary Ex- 
it WF iſtence be not; that being contrary to Crea- 
hu. tion, or deriving a Being from another. 
and Immortality in Creatures is nothing but per- 
d in petuity of Exiſtence, and if Exiſtence at all 
tail WW be communicable to Creatures, perpetual 
Exiſtence muſt be communicable : For Exi- 
ſtence, being an at7ive, living Principle, will 
of it ſelf continue Being for ever, unleſs it 
be deſtroyed: Which is impoſlible, both 
from the Immutability of God, and the Na- 
ture of his own Immortality, of which this 
is an Image, or Reſemblance. The Immor- 
tality of ipiritual Creatures, is an Emanal i- 
om from an Image of the divine communica- 
Og 3 ble 
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ble Immortality And mult reſemble every 
Thing in it, but Neceſſity, that being a Con- 
tradiction to its being derived. But in eve- 
ry other Circumſtance it perfectly retembles 
the Immortality of the ſuperior Infinite, (as 
far as cteaturely Properties can reſemble di- 
vine Attributes) and ſo cannot poſſibly be de- 
ſtroyed: And this is the true Source ot the 
Immortality of all Cteatures. It is truc, this 
Demonſtration equally concludes the Immor- 
tality of all his other Works, ſince they arc 
equally his Images, in a higher or lower De. 

ree of Perfection: And without all doubt 
t muſt be ſo; for the Gifts and Calling of 
God are without Repentance. And this is 
the genuine, and as the Schools call it, the 
apodeictick Demonſtration of the Immortali- 
1 of all the Works of God, under ſome 
Form or another; it is from their being his J. 
mages that their Immortality ſprings. 


Corollary py 


In the Analogy of Things, the Deſire be. 
ing the cardinal Faculty of the Soul, and 
9 * in its Capacity, is as the infinite 
Space, to the divine Plenitude: Which int 
nite Space, nothing created can adequatcly 
fill, but the divine Plenitude. And in this 
View, the infinite Capacity of the Dejire 


may be conſidered as a boundleſs Void, mal 
| = to 
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to receive ſome feeting, limited Parts or 
Syſtems of Matter, acting by eſtabliſhed Laws, 
and in comely Order, upon one another for 
a While; but can never be perfectly filled, or 
adequately repleniſhed, {ut by the ſupreme In- 
finite Who is preſent with, and repleniſhes 


every Point of the great and univerſal Void of 
Nature. 3 


* 


Scholium. I. 


As in regard to intelligent Beings, the 
Univerſitas rerum omnium, is fully compre- 
hended under theſe three general Heads; the 
Faculty or Deſire, the Object, and the Senſa- 
ne /4fz07 ariſing from the Congruity or Incon- 
% Fruity between theſe: So the lame Analogy 
ne with proper Limitations is preſerved in the 
material Sytem of Things. For anſwerable 
to thele, we have in the material World 
Gravitation, which wonderfully analogiſes 
to the Faculty or Deſire in the ſpiritual 
World, and this to that; both being the 
be. Ave, cardinal, and energetick Principles 
zug WM of either Syſtems reſpectively. Next we 
„ite pave a Maſs of extended ſenſible Matter, if 
laßt. collectively conſidered, or Syſtems of mate- 
rely WM 7744 Bodies, diverſely figured and ſituated in 
this regard to one another, if ſeparately conſider- 
ee ed: And in both theſe Views, they admira- 
made biy repreſent the Subject or Object of the 
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Deſire, which is analogiſed by Attraction 
or Gravitation, And laſtly, we have the 
harmonious, comely, and decent Motions, 
and Actions of one Body upon another, ari- 
ſing from the Attraction or Gravitation's be- 
ing impreſſed on the Maſs, and cach parti- 
cular Body ; and this too anſwers wonder- 
fully to the 7hird Principle in the Unzverſ;- 
tas rerum. And this Analogy deſcends even 
to particular Bodies, for in theſe we have 
the Form, the ſubject Matter, and the Con- 
gruity between theſe. 


Scholium. II. 


FROM the whole preceeding Chain of in. 
tellectual Truths, we may form to our ſelves 
ſome faint, low, and imperfect Image or Re- 
preſentation of tne EVER - BLESSED TRI- 
NITY IN UNITY. For ſince by Corollary 


1. Prop. 14. the Modes of natural or created 


Things, when aralogically elevated to their 
ſimilar Attributes in the ſupreme infinite, in 
Him, are infinite Realities: Since, by the 
ſame Propoſition, an intelligent Being is, as 
to its ſpiritual Part, an Emanation from, an 
Image and Repreſentation of, the ſupreme 
Infinite: And ſince alto, in regard to theſe 
intelligent compounded Beings, all that is 
in the Untverſitas rerum omnium, may be 
fully comprehended under theſe three ere 

Heads 


ads 
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Heads or Principles, the Deſire, the Object, 
and the Senſation ariſing from the Congruity 
or Incongruity between the Faculty and the 
Object: Since laſtly, this Analogy is pre- 
ſerved full and clear, through the ſprritual 
and material Worlds, and cach particular 
Body, that is, through the whole Sy/fem 
of Creatures : It is highly probable, ſo con- 
ſtant and univerſal an Analogy can ariſe from 
nothing, but from its Pattern and Archetype 
in the divine Nature: And without all per— 
adventure, could we fully and clearly carry 
it up to its Source, we ſhould there find 
the Origin and Source of this HOLY TER- 
NARY; or of theſe three eſſential Relati- 
ons, of the Whole, to the Whole in the com- 
pletion of the GOD-HEAD. Let us there- 
fore try, in ſome poor low Manner, to car- 
ry up this Analogy, as high as poſſible we 
can. The firſt Thing then that we arc to 


conſider in the divine Nature is, the Deſire; 


now this being ſuppoſed, to belong to a 
ſupremely infinite intelligent Being, muſt be 
an infinitely active, ardent, ſtrong, and 
powerful Thought: And that, not as crea- 
ted, or relative Infinitude expreſſes it, but 
as the ablolute and ſupreme Infinitude ele- 
vates this Deſire. Now then this ſupreme- 
ly infinite Deſire, this active and ardent 
Thirſt after Happineſs, or after a full, ple. 
nary, and compleat, beautifying Object, we 
ſhall 


n 
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_ fhall ſuppole to reprelent the FATHER, the 
original and firſt Principle in the divine 
Nature : Seeing then, there is no Conſidera— 
tion here of any Thing but of God himſelf, 
nor. is it poſlible for any other Object, but 
| God himſelf to ſatisfy, and adequately to fill 
this ſupremely infinite Ardor, Thirſt, and 
Deſire of Happineſs. Therefore He him- 
ſelf; reflected in upon Himſelf, viewing and 
contemplating his own infinite Perfections: 
The infinite ardent Deſire, filled and ſatis- 
fied with his own eſſential Happineſs : The 
Brightneſs of his Glory, and the expreſs 1- 
mage, (the eſſential Idea) of his Subſtance, 


reflected in upon himſelf: Or God himſc!f 


reduplicatively contemplating himſelf, ( hc 
having nothing elſe poſſible, to be the Ob- 
ject of his Love, Delight, or Deſire) repre- 


ſents to us the begotten Deity, the SON, 


the ſecond divine Principle in the Order of 
the Godhead. Upon this Reflection, Contem- 
plation, and Polleſlion of God himſelf, in 


himſelf”; there mult of Neceſlity ariſe @ 7%, 


Happineſs, Acquieſcence, and Satisfaction 
of God himſelf within himſelf, fo much thc 
more perfect, full, extreme, and infinite, as 
his Deſire, Thirſt, and Ardor after Happi- 
neſs was active and ſtrong: And this may 
ſhadow out to us the third and laſt in Order 
of theſe eſſential Principles in this myſteri- 


And 


ous Ternary, to wit, the HOLY GHOST. 
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And though theſe three Relations of the God- 
head in it ſelf, in regard to Creatures, and 
when derived down analagically to natural 
Things, may appear but Modifications of a 
real Subſiſtence; yet in regard to the ine 
Nature, and conſidering his ſupreme In fi- 
nitude, they muſt be eſſential and infinitely 
real and living Principles; and in this J. 
mage, and View of the HOLY AND UN- 
DIVIDED TRINITY, o and poor as it 


is; it is impoſſible the S ON ſhould be with- 


out the FATHER, orthe FATHER with- 


out the SON, or both without the HOLY 
GHOST. It is impoſſible, the SON ſhould 


not neceſſarily and eternally be begotten of 
the FAT HER, or that the HOLY GHOST 
ſhould not neceſſarily and eternally procced 
from both; He ncccſlarily ariſing from the 


Senſation of the infinite Agreement and 


Congruity of the Object with the Deſire. 


And though the Idea, Image, or Repreſenta- 


tion, that God makes of Himſelf to himſelf, be 
the (ame God in Eſſence, ſince it is a moſt 


perfect, expreſs, and ſubſtantial Image, or 


Repreſentation of the whole divine Sub- 
ſtance and Nature, and neceſſarily has in it 


'the Whole, that is in God, and with the 
ſame infinite Perfect ions, that are really in 
the Godhead, being only the Divinity, re- 


flected in upon it ef: Let there is a Diffe- 


rence, between the Idea, Image, and Re- 


prejen., 


80 Philoſophical Pzynciples 


 fhall ſuppole to reprelent the FATHER, the 
original and firſt Principle in the divine 
Nature: Seeing then, there is no Conſidera— 
tion here of any Thing but of God himſelf, 
nor is it poſſible for any other Object, but 
God himſelf to ſatisfy, and adcquately to fill 
this ſupremely infinite Ardor, Thirſt, and 
Deſire of Happineſs. Therefore He him- 
ſelf, reflected in upon Himſelf, viewing and 
contemplating his own infinite Perfections: 
The infinite ardent Deſire, filled and ſatis- 
fied with his own eſſential Happineſs : The 
Brightneſs of his Glory, and the expreſs 1. 
mage, (the eſſential Idea) of his Subſtance, 
refleted in upon /imſelf: Or God himſcif 
reduplicatively contemplating himſelf, (he 
having nothing elſe poſſible, to be the Ob. 
ject of his Love, Delight, O Deſire) repre- 
ſents to us the begotten Deity, the SON, 
the ſecond divine Principle in the Order of 
the Godhead. Upon this Reflection, Contem- 
plation, and Poſſeſſion of God himſelf, in 
himſelf”; there muſt of Neceſſity ariſe 4 Joy, 
Happineſs, Acquieſcence, and Satisfaction 
of God himſelf within himſelf, fo much the 
more perfect, full, extreme, and infinite, as 
his Deſire, Thirſt, and Ardor after Happi- 
neſs was active and ſtrong: And this may 
ſhadow out to us the third and laſt in Order 
of theſe eſſential Principles in this my/tert- 
ous Ternary, to wit, the HOLY GHOST. 


And 


n 
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And though theſe three Relations of the God- 
head in it ſclf, in regard to Creatures, and 
when derived down analogrcally to natural 
Things, may appear but Modifications of a 
real Subſiſtence; yet in regard to the d/Vvine 
Nature, and conſidering his ſupreme Inf. 
nitude, they muſt be eſſential and infinitely 
real and living Principles; and in this J. 
mage, and View of the HOLY AND UN- 


DIVIDED TRINITY, low and poor as it 


is ; it is impoſſible the S ON ſhould be with- 
out the FATHER, orthe FATHER with- 


out the SON, or both without the HOLY 
GHOST. It is impoſſible, the SON ſhould 


not neceſſarily and eternally be begotten of 
the FATHER, or that the HOLY GHOST 
ſhould not neceſſarily and eternally procced 
from both; He neceſſarily ariſing from the 
Senſation of the infinite Agreement and 
Congruity of the Object with the Deſire. 
And though the Idea, Image, or Repreſenta- 
tion, that God makes of himſelf to himſelf, be 
the ſame God in Eſſence, ſince it is a moſt 


perfect, expreſs, and ſubſtantial Image, or 
Repreſentation of the whole divine Sub- 


ſtance and Nature, and neceſſarily has in it 
the Whole, that is in God, and with the 


ſame infinite PerfeQions, that are really in 
the Godhead, being only the Divinity, re- 


flected in upon it e: Let there is a Diffe- 
rence, between the Idea, Image, and Re- 


Preſu, 
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preſentation, and the original Divinity. For 
the ſame Perfections which are in the or. 
nal and contemplating Divinity directly, are 
but indirectly, and by Reflection in the con. 
templated and begotten Deity z and they dif. 
fer by the Relations of begetting, contem- 
plating, and repreſenting z and being begot- 
ren, contemplated, and repreſented : And 
though theſe be only mere Relations, and Mo. 
difications, when transferred to natural and 
created Things, yet are they infinite Real: 
ties in the Dezty. It is the ſame with the 
Senſation of Love, Foy, Acquieſcence, and 
Happineſs, that ariſes in the ue Nature, 
from contemplating and poſſeſſing himſelf and 
his own infinite Perfections within Himſelf. 
And theſe three Relations of contemplating, 
being contemplated, and of Acquieſcencè ariſing 
from them; which in a natural View, would 
only be Modifications; yet in the divine 
Nature, are infinite Realities and eſſential 
and Aiving Principles: And may ſerve as a 
faint and imperfeA Image of THIS ADORA- 
BLE AND UNSEARCHABLE MYSTE- 
RY. Nov though theſe Views and Repreſen- 
rations of this INEFFABLE AND INCOM- 
PREHENSIBLE MYSTERY ariſe naturally 
and neceſſarily from the Analogy of Things, 
ſufficiently eſtabliſned in the preceeding Pro- 
"poſitions; and without all doubt, have ſome 
real Truth in them; ſince it is certain, me 
: 6675 J wg 4 4 
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Relations and Modifications of Subſiſtence 
are really in intelligent Beings, in the mate- 
rial Syſtem of Things, and in particular 
Bodies; and could have no other Riſe and 
Source, but from their Patern and Archetype 
in the divine Nature: Yet when applied to 
the ſupreme Infinite, theſe Relations and 
Diſtinctions muſt be expreſſed in Words, 
that have a quite different Senſe affixed to 
them, by common Uſe, from what they 
ſhould here import: And ſince the Attri— 
butes and Relations of the ſupreme Infinite, 
muſt be incomprehenſible to finite Crea- 
tures, eſpecially to Creatures converſant 
only about low, groſs, and material Images; 
all I would be underſtood to conclude trom 
this Analogy, thus raiſed to the ſupreme In- 
finite, is, that Reaſon may form an analogical 
imperfe& Image (and that is all it can do) of 
this INCONCEIVABLE MYSTERY, 
which may in ſome Meaſure help thoſe 
(who have not attained to a more perfect 
Guide or higher Lights) to believe the poſi- 
tive Relations of his own Naturc, by God 
himſelf, though they be not able perfectly to 
comprehend or expreſs them. And if this 
poor Repreſentation of ſo PROFOUND A 
MYSTERY, ſo certainly and FULLY re- 
vealcd in holy Mrit, can, by the divine Blef- 
ing, any wiſe contribute to ſerrle and quiet 
ſober and honeſt Minds, 1 ſhall haye my full 
2 Inten- 
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Intention; Nothing leſs than Omnipotence, and 
Omniſcience, being ſufficient to deal with thoſe 
who are other wiſe diſpoſed. 


Propoſition XVIII. 


THERE muſt of Neceſſity be ſome Princi. 
ple of Action in intelligent Beings, analogous 
to that of Attraction in the material H tem; 
and that is, the Principle of Reunion with the 
ſupreme Infinite, by him originally impreſlcd 
on their ſupreme Spirits. 


Demonſtrat. That there muſt be ſome. 


Principle of Action impreſſed on intelligent 
Beings, analogous to that of Attrattion in 
the material tem, is evident from the A. 
nalogy of Things, the Conſiſtency of the 
Works of the ſupreme Infinite with them- 
ſelves, the Uniformzty conipicuous in all the 
Creatures, and that the Material are but J. 
mages and Repreſentations according to their 
reſpective Natures of the /upreme Infinite, 
as well as of the intelligent Sy/em of Beings. 
There muſt therefore ſome great Principle 
of Unitormity run through both Sy/ems, that 
is, the whole Creation. Now, that Attrac- 
tion, or ſomething analogons thereto, is the 
great Principle of Activity in the material 
Syſtem, has been ſufficiently demonſtrated in 
the former Part of this Treatiſe. There 


muſt of Neceſlity therefore be ſome great 
| Prin- 
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Principle analogous to to this, in the Hyſtem of 
intelligent Beings. And that this can be no— 
thing, but chat great Principle of Re-unton 
with the Author of their Being, originally 
impreſſed on every intelligent Creature, is 
evident from hence, to wit, that the Le er 
infinite Being, infinircly powerful and per 
fect, muſt neceſſarily ſubject, draw, and unite 
all intelligent Beings to himſelf, to make 
them as happy, as their reſpective Natures 
can admit. That himſelf is the ſole Object 
of their Happineſs cannot be doubted; 
there may be collatcral and acceſſory Objects 
of their Happineſs, but even theſe muſt 
flow from him : But that he is the ſupreme 
Object, and the ſingle one that can adequate- 
ly” ſatisfy them, has been ſhewn before : 
That therefore, to bring them to this Hap- 
pineſs, he muſt impreſs upon, or derive to 
them a Principle of Re union with himſelf, 
is plain, becaule this is the ſingle Mean, to 
bring them to this End; for the known 
Law of Nature obtains even here, and eve- 
ry where, to wit, that Action and Reaction 
is mutual, ſo that if the ſupreme Infinite 
muſt draw them to him in Order to make 
them happy, they muſt have a Principle of 
being drawn towards him. That it muſt 
be 4 radical and eſſential Principle, is cvi- 
dent alſo; becauſe this Happineſs is the very 
End of their Creation, it being ä in- 
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finite Perfection ſhould make intelligent Be- 
ings, for any leſs or any other End. Where- 
fore the ſupreme Infinite could not make in- 
telligent Creatures, without implant ing in 
their Natures, a moſt ardent Deſire, an ef- 
ſential Principle, interwoven in the Sub. 
ſtance of the ſpiritual Natures, of being re- 
united with himſelf, in order to make them 
as happy as their relative Natures will 
admit of. Beſides, intelligent Beings (as to 
their ſpiritual Part) are Images of the /- 
preme Infinite, by Prop. 15. In him there is 
an infinite Defire, and Ardor of poſſeſſing 
and cnjoying himſelf, and his own infinite 
Perfections, in order to render him happy; 
he himſelf is the ſole Object of his own, and 
of the Felicity of all his Creatures: There 
muſt therefore be an Image of this his infi- 
nite Deſire after Happineſs in all his intelli- 
gent Creatures; and this Image can be no- 
thing but this Principle of Re union, ſince 
nothing but this can unite them with him, 
to make them happy. Laſtly, an intelligent 
Being, coming out of the Hands of infinite 
Perfection, with an Averſion, or even In- 
differency, to be re- united with its Author, 
the Source of its utmoſt Felicity, is ſuch a 
Shock, and Deformity in the beautiful Ana- 
logy of Things, ſuch a Breach and Gap in 
the harmonious Uniformity, obſervable in 


all the Works of the Almighty, and that 
| too, 
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too; in the nobleſt and higheſt Part of his 
Works; as is not conſiſtent with finite Wiſ— 
dom and Perfection, much leſs with the /#- 
premely infinite Wiſdom of the ALL- P ER. 
FECT. Wherefore, Cc. q. e. d. 


Corollary. J. 


HENCE we may diſcover the Source of 
natural Conſcience, and of all thoſe Motions 
and Convulſions, that are raiſed in the 
Breaſts of compounded intelligent Beings, 
upon the Commiſſion and Omiſſion of certain 
Actions: Of that Comfort, Joy, and Support 
in ſome ;; and of that Deſection, Dread, 
and Terror in the Minds of others; where 
no natural Cauſe can be aſſigned. Hence 
the noble and ſublime Diſcoveries of the anci- 
ent Heathen Philoſophers, in the Principles 
of moral Virtues, without the Aſliſtance of 
Revelation. Hence it is, that JScelerats can 
by no Arts, nor any Amulements how vio- 
lent ſoever, ſtifle the Crics of a wounded 
Conſcience ; and hence allo, it is, that honeſt 
and upright Minds are ſometimcs ſwallowed 
up by a Tranquillity and Peace that ſurpaſſes 
natural Underſtanding. That this Princi- 


ple of Re-union is defaced, buricd, and in 
lome Meaſure as it were obliterated by con- 
tary Attractions, by Senſuality, and the vio- 
lent Amuſements of Licentiouſnels in com- 
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m.. 


pounded intelligent Beings, is no more an Ar- — 


gument againſt its eſſentially belonging to in- WI 
telligent Beings, than the Ideotiſin of ſome is m 
an Argument againſt the Principle of Reaſon tio 


in human Nature. But, 


Lemma ll. 


FROM this Principle's being ſo radically 
implanted in all the Individuals of intelli- 
gent Beings, and from the fo very few In- 
ftances and Remains of it, conſpicuous in 
the human Race; we may gather the infi— 
nite and univerſal Degeneracy and Corrup- 
tion of this Set of intelligent Beings, from 
their primitive and original Inſtitution, 
This Principle was moſt certainly implanted 
in their Creation, in the very Fund and 
Subſtance of their Natures, and yet there 
remains but few Footſteps, and Inſtances of 
its Being or EffedFs. There are indeed (as 
in the greater World) ſome /egible Charac. 
ters, ſtrong Out lines, and prominent Line- 
aments of its original Beauty, ſome magn:- 
ficent Ruins, which ſhew what it had been, 
enough to demonſtrate the original impreſ- 
Jon, Beauty, and real Being, of fuch 
Principle, in all the Individuals of this 
Race, as it is evident from the Pangs and Tor. 
tures of natural Conſcience, when it is coun- 
ter-ated, But the little Effect it has, from re, a 

* ö wubhat . acult, 
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what it was deſigned to have, is an evident De- 
monſtration of the deep and univerſal Corrup- 
tion of this Set of intelligent Beings. 


Corollary III. 


Force, Truth, and Univerſality of this 
wonderful Analogy Y Things; whatever 
we diſcover of the Works of Nature, is 
from this Source, and whenever we get the 


Operating, we diſcover freſh Inſtances of 
this Analogy. This Principle of Re-union 
in intelligent Beings, wonderfully analogies 
with that of Attraction in the material 
World: As to the ſupreme Infinite, it may 
be very properly called his Attraction of 
them, and as to them, theit central Tenden- 
or Gravitation (ſo to ſpeak) toward him; 
and this Principle of Reunion, if attended 
to, duly cultivated, and expanded, would 
Certainly bring about the temporal and 
eternal Happineſs of all intelligent Bcings 
in the ſpiritual World; as that of Attracti- 
n brings about the comely and harmonious 
Motions of the great Bodies of the materi- 
% World. This Principle of Re-union is 
the original Sourſe and Spring of the De- 
from e, atore-demonſtrated to be the cardinal 
what faculty of the ſpiritual Part of intelligent 
Hh 2 Beings, 


HENCE we may farther diſcover the 


leaſt g/ympſe into the Manner of the divine 
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Beings. The Principle of Re-union is the fe 


Root and Foundation of the Deſire, in re- L. 
gard to its firſt Cauſe and original Impreſſi. m 
on by the ſupreme Infinite. This Princi. in 
ple of Reunion, as it is conſidered as an in. Vi 


finitely ad7rve, quick, and ſenſible Faculty, be 
in the ſpiritual Part of compounded intelli. 
gent Beings, is the Deſire of Happineſs ; 
as it is conſidered as a Zheological Virtue, it 
is Charity; and as it is conſidered as a Rule 
of Action, it is natural Conſcience. Bur 
the Principle of Reunion, in its whole Ex. 
tent, as it was originally impreſſed upon, 
and quite inter woven with the intimate 
Fund and Subſtance of the ſpiritual Part of 
compounded intelligent Bcings, is the Source, 
Origin, and Root of all theſe. 


Corollary IV. 


| 


HENCE, the true and genuine Nature of 
moral Good and Evil, and of all the moral 
Virtues, and /oczat Duties of Life, as from 
their genuine Fountain and Source, is to be 
derived. Whateycr retards, or oppoſes this 
Re union in intelligent Beings, is to them 
moral Evil, whatever promotes or advances 
this Re union, is to them moral Good. Be- 
ſides, this Principle of Re-union duly cul- 
tivated, regularly unfolded, and carcfully at- 


rended to, mult neceſſarily produce and or" 
| rr 
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fect in the Soul wnzverſal Charity; that is, the 
Love of the ſupreme Being, and of all his I- 
mages in a due Subordination; and thereby 
inſtruct, and beget in the Soul, all the moral 
Virtues and ſocial Duties of Life. All thele 
being virtually and neceſſarily included in Cha- 
rity. But to explain this Matter (which is 
of the utmoſt Conſequence towards a right 
Apprehenſion of /o/id Religion) alittle farther, 
I lay 


Propoſition XIX. 


Charity, or the Love of the ſupreme Be. 
ing, and of all his Images in a proper Sub- 
ordination, according to their Rank in the 
Scale of Subſiſtences, is the neceſſary Effect 
of this Principle of Re union, when fully ex- 
panded and ſet at freedom. 

Demonſtrat. By Corollary 4, Prop. 17. 
nothing but the ſupreme and abſolute Infi- 
mrte can adequately fill and ſupcrabundant- 
ly ſatisfy the infinite Deſires of intelligent 
beings; the Deſire in intelligent Beings is 
their Love; for no ingclligent Being can de— 
lire any Thing in order to make it happy, but 
what it loves; or can love any Thing, but 
what it deres to enjoy, (Indiſference be- 
ing the middle State, and Averſion the e- 
qual Oppoſite, both to Love and Deſire.) 
do that an infinite Deſre of the ſupreme 
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and abſolute Infinite, is an ardent Love of 
that Being. But the Principle of Re-union, 
expanded, ſct at freedom, and arrived at 
its ultimate End and Center, is intircly 
the ſame with the infinite Deſire in intelli- 
gent Creatures, poſſeſſed of its ſole and pro- 
per Object, the ſupreme and abſolute Infi- 
nite, Conſequently the Principle of Re. 
union, expanded, and fet at freedom, in 
order to arrive at this ultimate End and 
Center, muſt receſ/arily beget in the Spirit 
of intelligent Creatures, this infinite Deſire 
of the ſole and proper Object; that is, an 
mnfinite Love of the ſupreme Being: And 
by neceſſary Conſequence, a Love of all his 
Images in Proportion to their Reſemblance 
of him; that is, the Principle of Re-union 
when expanded, and ſet at freedom, mult 
neceſſarily beget in the Spirits of intelli- 
gent Beings, a Love of the ſupreme Being, 
and of all his Images in a proper Subor- 
dination, according to their Rank in the 
Scale of Subſiſtences; that is Charity. 
q. e. d. = Oe. fo 


— 


Corollar 1. 


HENCE, Charity, or the Love of the ſu- 
preme Being, and of all his Images in 2 
proper Subordination, in its true and ge- 
nuine Nature, is not founded on Intereſt. or 

W e 1 the 
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the Views of Rewards and Puniſbments ; 
but altogether on the abſtratted Perfettions 
of its Object, the ſupreme Infinite. Cha- 
rity in its Origin, and as it ought to be, ac- 
cording to the true Analogy of Things, is a 
phyſical and neceſſary Conſequence of the 
Principle of Re-union : It flows naturally 
from an implanted Faculty, and has for its 
Object the ſupreme Infinite, in his own in- 
dependent and eſſential Nature, as he is ab- 


ſolutely good and perfect, without any col- 


lateral Views or Regards. Charity is in a 
higher Degree, and in a more noble Crea- 
ture, (one, to wit, endowed with Freedom 
and Liberty of acting,) what Motion, proceed- 
ing from the Principle of Gravitation, is 
in Brute- matter, or what the Tendency of 
the Planets is towards the Sun, vig. a na- 
tural Conſequence of an implanted Princi— 
ple. This is ſo clear and ſo certain in true 
Philoſophy, that it is Matter of Aſtoniſh- 
ment to me, how it came once to be doubt- 
ed, much leſs diſputed. Henry Moor's 
Argument on this Head is as cogent and 
juſt, as any Demonſtration in Euclid or 
Apollonius. As the Object of the Intel. 
« letF (lays he) 27s that which is ſimply 
true, and is aſſented to as ſuch, and not 
«* as true to this particular Intelleff which 
* contemplates it, ſo there is an Object that 
i is imply Good and Lovely, and to be lov- 
os Hh 4 «ed 
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* ed as ſuch, without regard to the Party 
« that thus loves it. And in another Place, 
he uſes the familiar Illuſtration of Ginger— 
Bread and Mathematicks, whercin he grants 
the former may be a Spur to the latter, 
till Age and good Senſe, with the Know- 
ledge of the intrinſick Beauty and Worth 
of the latter, makes the Student in love 
with the Jzzdy it ſelf, without any Conſi- 
deration of the childiſh Bait. As in natu- 
ral Love, Perſons become often enamoured 
of outtward Beauty, without any particular 
Knowledge of its Poſſeſſor, or its Attama- 
bleneſs by them; ſo without all peradven- 
ture, infinite Perfection, for its own intrin- 
fic Pulchritude, muſt be the proper Object 
of divine Charity, without any particular 
Regard to the Party loving it. Not that 
Intereſt, or a View to Rewards and Pu. 
niſhments, is not often the only Motive of 
divine Love; And always is a very proper 
and laudable one, when infinite Perfection 
is the Object; And in reality, it is as high 
as moſt of the lapſed Race of Adam, in their 
degenerate State, can riſe to: But as Things 
are in their original Natures, were in their 
Integral, and muſt be in their redintegrated 
State; Infinite Beauty, or Perfection, with- 
out any Regard to Se, Intereſt, or any Vicw- 
to Rewards or Puniſhments, is, was, pe 
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muſt be the proper and ſole Object of pure 
and perfect divine Love or Charity. 


Corollary. II. 


HENCE the Service, Worſhip, and Homage, 
we owe to the ſupreme Being, is founded 
intirely upon his own original Excellencies, 
and Perfections, and not on his Rewards and 
Puniſbments; there neither ever was, nor 
ever could be any room for Contracts, or 
Pattions, between the ſupreme Being, and 
his intelligent Creatures, in the original Con- 
ſtitution of Things. He made all Things by 
the Word of his Power, and for his Plea- 
ſure they are and were created. Infinite 
Perfettion is to be loved, admired, adored, 
and ſerved, for being infinitely perfect, an- 
tecedentiy, and without any Regard to Crea- 
tures: And when Creatures arc brought in- 
to Exiſtence, this primary Reaſon of Love, 
and Adoration ſubſiſts, and in order of Na- 
ture and Dignity is prior and preferable to 
all other Reaſons. Creation adds nothing 
eſſential to ite Perfection, but a Circum- 
ſtance only, which too intircly vaniſhes 
when brought into Compariſon with the 
original Beauty of the abſolute Infinite. All 
his Creatures, that act naturally, correſpond, 
and are faithſul, to the greateſt Exactneſs, 
to his original Impreſſions, and his appoint- 
| | cd 
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ed and deſigned Ends on them. The Ce- 
leſtial Orbs, the Sun, Planets, Comets, and 
fixed Stars, thoſe huge unweildy Maſſes 
of Mattcr, revolve in regular Periods and 
conſtant Order, by their impreſſed Power 
of Gravitation and primitive Frame. The 
vegetable Tribes are faithful to his appoin- 
ted Seaſons. The Brute Animals, ſacredly 


obey their znbred Inſtinf7fs, Only his com- 


pounded intelligent Creatures, if they at all 
obcy, do it for their own, not his Sake; 
that is, they themſelves are their own «/- 
timate End, contrary to what was Demon 
firated, Corollary 4. Prop. 17. It is true 
in the Nature of Things, it is abſolutely im- 
poſſible, to ſeparate the Duty and Felicity 
8 intelligent Creatures, their Happineſs con- 
ſiſting in "their being in the Order of their 
Nature, that is, of GOD it Author, and 
their only Duty being faithfully to obey 
this Order: Yet theſe two may be conſi- 
dered apart, and mentally abſtracted the onc 
from the other: And the laſt muſt be An- 
terior to, and in the Order of Things, mult 
preceed the former: So that when we in- 
vert this Order, and bring in our Happi- 
neſs, as the ſole Motive, or the preferable 
Motive to our Duty, we beome guilty of 
the molt groſs and blackeſt Idolatry: For he 
who loves and worſhips the ſupreme Being, 
only becauſe his own Happineſs is Oey 

brought. 
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brought about, makes himſelf and his own 
Happineſs his ultimate End, and ſo places 
himſelf in the Rank and Order that belongs 
to GOD only, and himſelf becomes his own 
Idol. He only can be ſaid truly to love 
GOD, with a Love undivided, and worthy 
of him, who having /oved him as far as 
Rewards and Puniſhments will carry him, 
goes on ſtill further to /ove him, loſes all 
views of theſe mercenary Motives, and ſeeks 
for no Fuel to feed the celeſtial Flame, but 
the wnexhauſtible Pulchritude, and Perfecti- 
ons of the beloved Object. 


Propoſition XX. 


Charity, or the pure and diſintereſted Love 
of GOD, and of all his Images in a proper 
Subordination, is the End of the Law ; the 
Accompliſhment of all the Graces, and the 
conſummate Perfection of Cbriſtianity. 

Demonſtrat. On theſe Two, to wit, the 
Love of GOD and our Neighbour, hang both 
the Law and the Prophets, ſays the ADO- 
RABLE AUTHOR OF CHRISTIANITY ; 
and the Apoſtle ſays, the End of the Law is 
Charity. If the ſupreme Being is the ulti- 
mate Object of the Felicity of all intelli- 
gent Creatures, and Charity the Mean to 
attain this End, as is cvident from the pre- 
ceeding Propoſition ; then is Charity the con- 
ſummate Perfection of Chriſtianity. The 
whole 
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whole of Chriſtianity is nothing but Rules 
for attaining this Love, or Meaſures where- 
by to remove the Impediments that hin- 
der this Principle of Re union (the Source of 
Charity) from operating, or Means to deſtroy 
the contrary Attractions which diſturb the 
natural Operation of this Principle of Ke- 
union; which would of it ſelf, if not flifled, 
oppoſed, and counteracted, neceſſarily beget 
this Divine Charity, whereby the Soul would 
inſtantly be united with its Center, and 
ultimate Eud, the ſupreme and abſolute In- 
finite. q. e. d. 


Seholium. 


To this Doctrine of pure Love, there 
are made but two Objections which have 
any Weight or Force in them. The firſt 
is, That the Motives for Love. and Obed:- 
ence, urged by Moſes and the Prophets, 
CHRIST and his Apoſtles, ate founded on 
Rewards and Puniſhments; and that therc- 
fore without Blaſphemy, we are not to ot- 
fer at, or pretend to, more high and ſublime 
Mot ives or Principles, than the Friend of 
GOD, and the SON OF GOD, ( the Stan- 
dard in their ſeveral Diſpenſations, of Pu- 
rity and Perfection) thought fit to preſs or 
propoſe. The plain and genuine Anſwer to 
this Objection is, that the Author of our 


Being, who loves all his Creatures better 
| han 
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A 


than they can love themſelves, uſes all Mo- 


tives that are honeſt, laudable, and juſt, to 
gain them; he knows perfectly the Frame 
and original Complection of all his Creatures, 
and that in their /apſed State they muſt 
aſcend to Perfection by Steps and Degrees: 
and conſequently that ſome are to be wrought 
upon by one Motive, others by another, and 
that generally the firſt Steps ate mounted 
by the Force of the Terrors of the Lord, 
before the Love of GOD 7s ſhed in their 
Hearts, There are Babes in CHRST, as 
well as grown and perfect Men, and their 
Food (or Motives to Charity) muſt be as their 
Years and Strength are: But our SAVIOUR 
tells us, we muſt love the LORD our GOD, 
with all our Heart, with all our Soul, with 
all our Strength, and with all our Mind; and 
if ſo, we ſhall have very little Love left behind 
for our ſelves. And his beloved Diſciple 
tells us, that perfet? Love caſteth out Fear, 
and conſequently Hope; that is Rewards and 
Puniſhments, which are true, good, and 


ſalutary Motions, though not the beſt. The 


ſecond Objection is from the Impoſſibility of 
Loving or begetting Love without a Re- 
gard to Rewards or Pauniſhments, But this 
Objection ariſes from Ignorance of the true 
Nature of this Affection of the Soul. Love 
is the Complection of the Mill or Deſtres, 
as was ſhown Prop. 15. it belongs to the 

unin- 
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uninlightened Faculty of the Mind, the Vill, 
and not to the enlightened Faculty, as the Un- 
derſtanding is; and ſo naturally, and of it ſelf 
has no real Reſpet to Rewards or Puniſh- 
ments, which are Motives offered by the 
Underſtanding : We love, becauſe we will 
love ; without Reaſoning, or becauſe the Ob- 
ject of our Love is amiable, and not becauſe 
it will hurt or heal us. Love is blind, and 
belongs intirely to the Hill, and not to the 
Intellect. But paſling this, as perhaps too 
metaphyſical, I anſwer, 2dly, As we may for 
one ſingle Inſtant, and for one ſingle A7F7, 
abſtract from a Reward, forget it, or coun- 
terat it, (which no Body, who knows the 
preſcindent Faculties of the Soul, and that 
Love and Rewards are eſſentially united in 
their own Natures, can deny) ſo we may 
thus abſtract again, and again, and ſo in 
Infinitum, and thus beget a Habit : For what 
may once be done, may for any Impoſſi bi- 
lity in the Nature of the Thing be done 


for ever : This is Demonſtration. Bur | pro- 
ceed. | | 


Propoſition XXI. 


IN all intelligent Beings, there muſt be 
Faculties fitted for all the ſeveral Ranks of 
Objects, in the Univerſitas rerum; that is, 
ſince there ate evidently three Ranks of 
8 N Objects, 
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Objects, in the Univerſitas rerum; to wit, 
the material Syſtem of Things, the ſpiritual 
World of created Spirits, and the ſupreme 
and abſolute Infinite ; Intelligent Beings muſt 
neceſſarily be fitted with Faculties ſuited to 
theſe three generical Ranks of Objects. 
Demonſtrat. This is evident from the ſe- 
veral different Mediums, which all infer the 
ſame Concluſion. 1. Intelligent Beings are 
Images of the ſupreme Infinite, who "alone 
perfectly comprehends and knows himſelf and 
all his Creatures, that is, all theſe three 


generical Objects, in the Univerſitas rerum. 


He has different Senſations and Perceptions 
(as far as Diverſity can be conſiſtent with 
his infinite Simplicity) ariſing in himſelf 
from all theſe three different Objects, and 
conſequently Faculties fitted for them: 
Therefore intelligent Creatures, his Images, 
the Repreſentations of all his communica- 
ble Perfections, muſt of neceſſity have ana- 
lagous Faculties, fitted for all theſe three 
different Objects. 2. There arc Relations, 
incumbent upon all intelligent Beings ro- 
wards each other, and towards the ſupreme 
Infinite; ſuch as Love, and Benevolence. 
Therefore intelligent Beings muſt be endowed 
with Faculties fitted for receiving the Im- 
preſſions, and to perceive the Effects of theſe 
Relations, elſe they would be in vain: And 
thele are two of the different Ranks of 


Objects; 


n 
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Objects; and no Body queſtions intelligent 
Beings, being fitted with Faculties for the 
third; to wit; the material Syſtem of Things. 
3. As to the ſpiritual World, including the 
ſupreme and abſolute Infinite as its Head; 
The Principle of Re-union, whole Neceſlity 
in intelligent Beings, I have now demon. 
ſtrated, makes it abſolutely neceſlary, they 
ſhould be provided with Faculties fit for Com. 
munication and Union with the ſupreme In. 
finite; elſe, they were not ſuſceptible of that 
Happineſs which was the ſole End of their 
Being. 4. That which is the apoderf7ick 
Demonſtration of the Truth of this Propo- 
ſition, and at the ſame Time proves the Di- 
verſity of theſe ſeveral Facultics, to be as 
real as that of the Objects, is the manner 
after which compounded intelligent Beings, 
are provided with Faculties for the ma- 
terial Syſtem of Things. Material Things 
are preſented to them only through their 
Senſes; they have a real and material 1. 
flux on theſe, elſe they are not really per- 
ceived; and all real Knowledge of material 
Things is conveyed into the Underſtanding, 
through theſe Senſes: Wheretore it is evi- 
dent, compounded intelligent Beings arc 
endowed with a Faculty of perceiving or re- 
cciving material Things through their Senſes, 
which is called Perception. Next they havc 


a Faculty of painting theſe Perceptions or 
| their 
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their Images when the Objects are abſent, 
and this is called Imagination; and laſtly, 
a, Faculty of combining and comparing the 
real Preceptions of theſe material Things, 
or their Images, and this Faculty is calted 
Reaſon: And all theſe three diſtinct Ope- 
rations belong to the rational Soul, in 
order to fit it for Communication with the 
material World. Now by the Analogy of 
Things, ſuch like, and fmilar Faculties, 
muſt of Neceſſity belong to the ſpiritual 
Part of compounded intelligent Beings, ro 
fit them for a Communication with the two 
remaining Ranks of Objects; to wit, a ſpi- 
ritual Perception, and ſpiritual Senſes, Ima- 
ginat ion, and Underſtanding, for the ſpiritual 
World of intclligent Beings; and divine Sen- 
ſes, Perception, Imagination, and Under- 
flanding, for communicating with the /#- 
preme Infinite. For this Analogy will perpe- 
tually hold good and true, from the Simpli—- 
eity and Unity of the divine Nature; to wit, 
luch as the Facultics are by which we com- 
municate with the material World; ſuch, 
enalogically and with proper Limitations, 
ue thole by which we communicate with 
the World of Spirits, and the ſupreme Infinite. 
and as we ſee compounded intelligent Be- 
ings have bodily Senſes, which ſolely be- 
long to the material World, ſo in the Ana- 
wy of Things, they muſt have Faculties 
PART II. Ii different 
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different and diſtinct in themſelves, peculiar- 
ly fitted and appropriated to the other Objects 
in the Univerſitas rerum. Wherefore, &c. 
q. e. d. 


Corollary I. 


HEN CE we may conceive the Reaſon 
why, in Holy Writ, the whole Man is diſtin- 
guiſhed into Body, Soul, and Spirit; whence 
comes the Diſtinction of the natural, and 
ſpiritual or inward Man; between the Law 
of the Members, and the Law of the Mind. 
Theſe Diſtinctions and Diviſions, I ſay, are 
caſily conceived from the foregoing Propo- 
fitron. For the Body and rational Soul be- 
long to this material Syſtem of Things, and 
are fitted with Faculties for communicating 
with it, and is called the outward Man: 
And the following it's practical Dictates 
in Rebellion againſt, and in Oppoſition to 
the Dictates of the Spirit, the inward Man, 
the eſſential Principle of Re. union, the Lau 
of the Mind, which is fitted only for con- 
municating with the ſupreme Infinite : 1 (ay, 
the following the practical Dictates of the 
firſt, in Oppoſition to the Dictates of the 
latter, is called, in the Language of the Hi. 
rit, the following the Law of the Members. 
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Corollary. II. 


As there are three different Principles, 
Orders, or Predicaments of Being; to wit, 
GOD the Creator of all Things, created 
Spirits, and material Bodies; ſo there arc 


MN analogically, in compounded intelligent Be- 
n- Wl ings, three different and diſtin Principles, 
7 adapted and appropriated, for communicating 
n 


with, and enjoying theſe reſpetive Objects: 
WW Wl \Vhereof every one is endowed with proper 
d. Senſes, Powers, and Faculties, different and 
are diſtinct from each other; that is, as the mate 
2a Syſtem of Things, is the proper Object 
of the Senſes, and rational Soul; and as this 
and Principle is fitted with outward Senſes, Per- 
eption, Imagination, Underſtanding, and 
an: %; So the Principle, whereby they are fit- 
ted to communicate with the created ſpiritual 
World, is endowed with inward Senſes, Ima- 
ginat ion, Underſtanding, and Will; and the 
ſupreme Spirit, or third Principle, whereby 
they are fitted to communicate with the ſu- 
preme uncreated Infinite, is endowed with 
mmoſ# (fo to ſpeak) Senſes, Imagination, 


the Underſtanding and Will; and all theſe in 
5 their primitive and original Conſtitution, in 
abers. 


oubordination, Harmony, and Agreement, 
vithout Contraricty or Confuſion one with 


another. 
113 
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another. This Corollary is as certain as s the 
Analogy of Things is, 


Corollary III. 


HENCE we may deduce the true and ge- 
nuine Nature, and Extent, of the Degene. 
racy, Corruption, and Fall of the human 
Race of intelligent Creatures, which conſiſts 
in the Confuſion, Diſcord, Rebellion, and 
Contrariety of theſe different and diſtin 
Principles one with, and againſt another; in 
throwing off that due Subordination, Subjec- 
tion, and proper Rank and Order, that 
was originally eſtabliſhed among theſe Fa. 
culties; according to the Dignity of theſe 
different Objects, the Order of Nature, and 
the Analogy of Things; and following the 
practical Dictates, and Conciuſions deduced 
from theſe rebellious Faculties: That is, 
when in this anarchical and rebellious State 
of human Nature, the Faculties belong- 
ing to the matcrial World preſume to judge 
of, and determine the Nature of the Sub- 
jets belonging to the ſupreme Spirit; take 
the Government and Adminiſtration of the 
whole Man, which properly belongs, in 


the Order of Nature, to this thicd Prin- 


ciple; lead the other Principles as S/av's 
and Captives, and force them to comply 


with the practical Dictates they pref 
an 


a 
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and deduce in their uſurped Superiority z and 
under this compliance, begetting and produ- 
cing phyſical and durable Effects, the whole 
Order of Nature, and the material Sem of 
Things, ſo far as theſe phyſical and durable 
Effects reach, become diſtorted, inverted, 
and corrupted. 


Propoſition XXII. 


THe rational Soul is not that Faculty in 
compounded intelligent Beings, which in the 
Order of Nature, and the Analogy of Things, 
is appropriated for the ſpiritual World; (in- 
cluding the ſupreme Infinite at it's Head.) 

Demonſtrat, Though this be a neceſſary Co- 
rollary from the preceeding Propoſition, yet 
ſince it is of great Conſequence to true di- 
vine Knowledge, to have it's Truth eſta— 
bliſned beyond all poſſibility of Cavil; I 
hall here ſuggeſt ſome other Mediums, or 
ſet thoſe already ſuggeſted in another Light, 
from whence the ſame Concluſion may 


the Nature of this Faculty, and the man- 
ner of its operating. Reaſoning is the com- 
paring, or the conſidering the congruity, or 
incongruity of the Perceptions, luggeſted by 
the Senſes, or of the [gea's lodged in the 
Memory, or painted on the Imagination, to 
one another; and Reaſon is the Faculty 

113 whereby 


be deduced. And 1. This is evident from 


108 Philoſophical Principles | 


whereby this is performed. Now the Senſes 
ſend in only the Influxes of material Things, 
and the Imagination and Memory preſent 
only their Pidures or Images, when the 
Objects themſelves are abſent; and here is 
all the rational Sout can do. Bur nothing 
of theſe belong to the ſupreme and zncreat- 
ed Infinite, nor the ſpiritual World. 2. It 
is acknowledged by all, and every one's 
Experience demonſtrates it to him, that 
the rational Soul is fitted for communica- 
ting with the material World. Now ſince 
Body and Spirit are preciſe and proper Op— 
poſites, it would be as d///onant and incon. 
gruous in the Analogy of Things, that the 
lame Faculty ſhould be the Principle of 
Communication with theſe two Objects ſo 
widely diſtant, as that the Zye ſhould both 
Hear and ſee, It is true, it may be ſaid, 
that the rational Soul might have been ori- 
ginally endowed with ſuch Energy and Ca- 
pacity, as to be fitted for communicating 
with both Worlds; but this is meerly gratis 
Dictum, and perfectly contrary to the Aua. 
logy of Things; it being impoſlible to bring 
an Inſtance of Nature, where Things ſo 
widcly diſtant, and preciſely oppoſite, arc 
received by one and the ſame Faculty. We 
ſee, in the Body or loweſt part of the hu— 
man Compoſition, that it is inſtructed with 
Organs fitted for all the poſſible Ways, mi: 


terial 
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terial Things can act upon it; and they 
are not ncar ſo widely diſtant and different 
in the manner of operating, as Bodies and 
Spirits in their Natures are. 3. There is 
a T wo-fold Knowledge of material Things, 
one Real; when the Thing it ſelf, and the 
real Action and Impreſſion thereof on our 
Senſes is perceived: The other Ideal, when 
the Image or Idea of a Thing abſent in it 
ſelf, is repreſented ro, and conſidered on the 
Imagination: For Inſtance, the Heat, Light, 
and chearful Influences of the Sun ſhining 
on us, are widely different from the View 
and Conſideration of its Image, or Idea on 
our Fancy. In the Analogy of Things, and 
according to the coaſtant Order of Nature, 
ſuch muſt our Knowledge of ſpiritual Objects 
bez to wit, the one Real, when the Objects 
make a real Impreſſion upon the appropria- 
ted Faculty; the other Ideal, when we frame 
a Notion of its abſent Subſtance and Qua- 
lities. Now it is very plain, the rational 
Sout is not fitted for this firſt kind of 
Knowledge or Perception of ſpiritual Ob- 
jets, ſince a great many philoſophical and 
learned Men, who have exerciſed this Fa- 
culty in its greateſt Strength and Vigour, 
have denied the Exiſtence of ſuch Objects. 
4. Laſtly, That moſt certain and ſelf-evi- 
dent metaphyſical Axiom; to wit, that no- 
thing can be in the Underſtanding, that 
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was not firſt in the Senſes, is a centain 5 
Demonſtration, that the rational Soul is 7 
not the Faculty in intelligent Beings, appro- 4 
priated to the ſpiritual World; for every 
Body allows, that /prritual Beings, as ſuch, 
can never be conveyed through the bodily 
Senſes, to the Underſtanding : And therefore 
we muſt either be intirely deprived of Fa- 1 
culties, for ' communicating .. with ſpiritual h 
Beings (that is, we muſt be deprived of the tl 
only Means of our ſupreme Felirity, and for is 
attaining the End; for which alone we were 1 
created; to wit, communicating with the ſc 
ſupreme and abſolute infinite Spirit.) Or elſe, h 
we muſt be endowed with Faculties diſtinct v 
from the rational Soul for that purpoſc: al 
Upon all which Accounts, it is evident be- A 
vond the moſt remote poſſibility of Doubt, fe 
that the rational Soul is not that Faculty in W 
compounded intelligent Beings, which in 07 


the Order of Nature, and the Analogy of te 
Things, is appropriated for the ſpiritual 2 


World: But that they are endowed with 3 74. ar 
ſional Saul, and bodily Senſes, to communicate cr 
with the material World, and with a Spirit W 
and dzvine Senſes, to communicate with the th 


ſupreme Infinite: So that the mentioned me- 

taphyſical Axiom continues juſt and true, as 

it ſhould according to the Analogy of Things: 

That as material Things are conveyed to the 

rational Soul, through the bodrly Senſes, ſo ju 
| | ſpiritual 


* 
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ſpiritual Things (thoſe that relate to the 
ſupreme Infinite) are conveyed through the 


divine Senſes, to the Spirit. q. e. d. 


Corollary 1. 


HENCE, in the Analogy of Things, as the 
Light of the Sun (that noble and glorious 
Repreſentation, Image, and Vicegerent of 
the ſupreme Infinite, in the material World) 
is the Medium, through which material 
Things are ſeen and perceived in our tem; 
ſo the eſſential Light of the ſupreme Infinite 
himſelf is the ſole Medium, by and through 
which, his Nature and infinite Perfections 
are to be underſtood, and comprehended : 
And therefore, as certainly as the Sun ſends 
forth his Light on the whole material World, 
without Bounds or Limits, on the Juſt, and 
on the Unjuſt ; ſo certainly, the Sun of Righ- 
teouſneſs, the Pattern and Archetype of our 
material Sun, ſends forth his enlightening 
and cnlivening Beams on all the Sy/fem of 
created intelligent Beings; and is, that Light 


which enlightens every Man that cometh into 
the World. 


Corollary II. 
HENCE it is evident, that he who would 


judge, determine, and purſue the practical 
| Con- 
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Concluſions of theſe 9 about 
the Nature and Properties of ſpiritual and 
divine Things, by his Reaſon, would a& 
as incongruouſly, and contrary to the Ana- 
logy of Things, as he who would taſte Co- 
lours (as ſuch,) and look into Sounds. The 
higheſt that this Faculty can juſtly and con- 
gruouſly pretend to in theſe Matters, is 
from the known, certain, and experienced 
Nature, and Propertics of material! Things, 
(to which the rational Faculty is in ſome 
Meaſure adequate) by a proper Analogy : And 
from the /iſables being low Images of the 
mviſfible, and ſpiritual; to frame ſimilar, but 
imperfe& Likeneſſes, and Repreſentations of 
theſe ſuperior Objects, their Natures and Pro- 
perties, as we have endeavoured to do in the 
preceeding Propoſitions; and this really, and 
in fact, is all that Reaſon can do in theſc 
ſublime Matters. 


Corollary III. 


HN CE, we may diſcover the Errors and 
Impieties of Spinoſa and Hobbes; and the 
Miſtakes of a later Philoſopher, I mean (the 
otherwiſe ingenious) Mr. Locke. The firſt 
of theſe conſidered this wmverſal Syſtem 
of Things, as a kind of a Huge-brute-animal, 
k Gro, by a fatal, neceſſary, unintelligent, 
defense Principle ; without either Wil- 

dom 
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dom or Choice, The ſecond conſidered 
human Nature, ( not as it really is, in its 
preſent State of Probation and Purification, 
natural Good and 
Evil, but) in its aiabolical and reprobated 
Eſtate: Not as groaning under its preſent 
State of Corruption, and waiting and pant- 
ing for the glorious Liberty of the Sons and 
Children of God; but as it will be in an 
habitual confirmed Eſtate of the Anarchy 
and Rebellion of its Facultics one againſt 
another. In a Word, he conſidered Human 
Nature only, as it is in the worſt of Men; 
or as it is ſuppoſed to be at laſt in a State of 


final Impenitence, and hardened Impiety; and 


this he took as his Original to copy after, 
and his Madel, whereupon he was to frame 
his human Creature: And it muſt be al- 
lowed he has wrought it up to the Life. 
The third conſidered Man and his Facul- 


ties, not indeed in their already reprobated 


and helliſh Eſtate; but as he really now is, 
in the World, a Compoſition of moral and 
natural Good and Evil: And this State he 
has very fairly and juſtly repreſented ſo far 
as it goes. But then, either having no Noti- 
on, or at leaſt no Regard to his higher Faculties 
( which in natural and lapſed Man lye buried 
under the Rubbiſh of his preſent Corruptions 
and Senſuality;) nor to his regenerated, red- 
integrated and re-eftaviiſhed Eftate,( to which 
| he 


\ 
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he muſt be reſtored, before he can reach 
the End of his Being:) No, not ſo much 
as to conſider Man as he really is, a fallen, 
depraved, vitiated Creature, (in which State 
his /ower, his rational Faculties arc impair- 
ed ; his higher Faculties in ſome meaſure 
obliterated, at leaſt buried and oppreſſed 
by. the Load of preſent Corruption and 
Senſuality; and all of them in a State of 
Anarchy, Rebellion, and conttariety one to 
another:) I ſay; from having no Regard to 
thoſe other different real Eſtates of human 
Nature, his Accounts of its Faculties arc 
lame and imperfet?. His Principles, when 
applied (by himſelf or his Diſciples) to Sub- 
jets (to which Faculties are appropriated, 
higher than thoſe he elicits out of the meer 
lapſed State of human Nature,) of a more 
elevated Order, (ſuch as Chriſtianity and its 
holy Myſteries, Faith, Grace, divine Reve- 
lation, and Inſpiration, and the Means of 
Man's Recovery) debaſe theſe into meer 
beatheniſh Morals, or human Philoſophy, and 


fink the Oeconomy of the whole Wiſdom of 


the God head, even below the poor Contri- 
vances and barren Speculations of many of 
the gentile Jophiſts. But thoſe who fully 
underſtand the Principles, and are convin- 
ced of the Truth of the Propoſitions I have 


laid down, will caſily perccive the Ground 


of the Errors and Miſtakes of theſe threc 
ett 
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Setts of Philoſophers, and be able to anſwer 
their Arguments without my being obliged 
to detain them. 


Propoſition XXIII. 


IN the Analogy of Things, and Order of 
Nature, as the material World is to univer- 
ſal Space, its higheſt Limit and Boundary; 
ſo is the ſpiritual World to the ſupreme and 
abſolute Infinite, the higheſt Limit and Boun- 
dary of all Things. 

Demonſtrat. This is evident from Lemma 
I. with Prop. 9. and 17, There is a beau- 
tiful Analogy and Uniformity running through 
the whole Syſtem of Creatures. The Viſible 
and the Created are Images of the Inviſi- 
ble and of the Increated. The Syſtem of 
intelligent Beings are more exalted, more no- 
ble, and more immediate Images of the ſu- 
preme Infinite. The Analogy of Things runs 
quite through the whole Jy/fem of Crea- 


tures, up to their original Pattern and Ar- 


chetype in the divine Nature, in a continu- 


ed Subordination and Scale, according to 


their reſpective Natures. The material 
World is an Image of the ſpiritual World, 
as the ſpiritual World is of the ſupreme 
Infinite. As infinite Space is the Locus and 
Boundary of the material World; ſo is the 
ſupreme Infinite the Analog ical Locus (in 

whom 


material World is to the ſpiritual World, 


— 
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whom they all live, move, and have their Be- 
ing;) and the Omega of all Things, ppiri- 


1 


tual and material. And as Space is fimilar 


to a ſpiritual Subſtance, ſo is that to the d:- 
vine Subſtance, therefore, &c. q. e. d. 


Corollary J. 


HENCEH material and ſpiritual Subſtances 
are both of them extended; for fince the Ma- 
terial World is to univerſal Space, as the ſpi- 
ritual World is to the ſupreme Infinite ; and 
fince both Matter and Space are extended, 
ſo alſo muſt ſpiritual Subſtances be: And the 
divine Ubiquity, and Omnipreſence, not vir- 
tually only, but ſubſtantially and eſſentially, 
makes it not unlikely that there may be, 
in the divine Subſtance, a Reſemblance of 
Extenſion, (ſo far as a Reſemblance and Si- 
militude of Subſtances can reach, between a 
relative Infinite, ſuch as univerſal Space is, 
and the ſupreme Infinite, but infinitely more 
pure and perfect, than that of created Space 
is, or can be. 


Corollary II. 


HENCE Matter and Spirit are Oppoſites in 
every other Quality, except in that of Exten- 
ſion; for ſince by Converſion of Ratio's, the 


as 


0 
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as infinite Space is to the ſupreme Infinite: 
and ſince theſe two laſt, to wit, univerſat 
Space, and the ſupreme Infinite, are Oppo- 
ſites in every other Quality, but in a Re- 
ſemblance of Subſtances, and that too, at 
an abſolutely infinite Diſtance, as is evident 
at firſt View; therefore the other tuo mult 
be oppoſite in every other Quality but Ex- 
tenſion. For though extended Matter be di- 
viſible by being extended, yet Space is not 


actually to be divided, or one part of it ſe- 


parated from another: Since it is the uni- 
ver ſal Locus of, and penetrates all Bodies: 
And it is in this Senſe, that the Oppoſition 


of theſe two Qualities in Body and Spirit is 
meant here. | 


Propoſition XXIV. 


By the Analogy of Things, and according 
to the Order of Nature, a Spirit is an ex- 


tended, penetrable, active, indiviſible, intelli- 
gent Subſtance. 
Demonſtrat. By Def. 2. Matter is an ex- 


tended, impenetrable, paſſive, unintelligent , 
diviſible Subſtance : And ſince by the pre- 


ceeding Corollary, Matter and Spirit are in 


every other Quality oppoſite, except in that 
of Extenſion; therefore in Place of all the 


Qualirics in the Definition of Matter, muſt be 
put their Oppoſites, excepting that of ex- 
| tended 
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teuded Subſtance ; (for Extenſion muſt im- 
ply a Subject ;) and then a Spirit will be. 
come according to the Propoſition, an ex. 
tended, penetrable, active, indiuiſible, intel- 
Agent Subſtance. I have choſen the Word 
Intelligent in this, and its oppoſite Inin- 
telligent in the other Definition; ro wit, 
in that of Body, rather than that of Think. 
ing; becauſe Intelligence is the Source and 
Principle of Thinking, and expreſſes the 
Whole of all the Faculties of Hpiritual Sub- 
ſtances. | | 


Corollary I. 


HENCE, in Reſpect to their Subſtances 
only, a material Subſtance is an - infinitely 
condenſed or incraſſated ſpiritual Subſtance : 
And on the other Hand, a ſ/prritual Sub- 
ſtance is an infinitely rarified or refined 
material Subſtance. As we have it in Ho- 
ly Writ, there is a natural (or material) 
Body, and there is a ſpiritual and a glori- 
fied Body. For ſince Matter and Spirit 
have the Foundation of their Qualities com- 
mon to both, to wit, an extended Subſtance: 
Since all their other Qualities are the one, 
reſpectively, the Oppoſite or Negative of the 
other. Since rarifying any Quality in Bo- 
dy and Spirit, is ſubtracting from its In- 
tenſion and Energy; and therefore an infi- 
| nitc 
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nite RarefaQtion of a Quality is ſubtracting 
it intirely; and there being no Mean be- 


tween Penetrability and Impenetrability, be- 


tween Paſſivity and Atiivity, Diviſibility 
and Indiviſibility, Intelligence and Inintelli- 
gence, they being contrary and oppoſite; there- 
fore the infinite Rarefaction of the one Qua- 
lity is the Poſition of its contrary ; for though 
the finite Subtraction of a Negative Qua- 
lity (admitting no Mean) puts nothing, yet 
the infinite Subtraction of ſuch a Negative 
Quality puts the Affirmative (thus — 02 x — 
o = +o. but —& 0 —o = o) there- 
fore in Matter, ſubtracting infinitely , all its 
poſetive Qualities, or which is the ſame, (by 
the preceeding Corollary) in Matter, ſub- 
tracting infinitely the Negative Qualities of 
Spirit, and then a material Subllance will 
become a ſpiritual Subſtance z but ſince an 
infinite Rarefaction of a contrary Quality 
is the ſame with an infinite Subtraction of 
that contrary Quality, and ſince the ſame 
manner of Reaſoning holds good in an in- 
finite Condenſation of the Qualities in Spirtt : 
Therefore in Reſpect of their Subſtances on— 
ly a material Subſtance, &c. q. e. d. The 
Cale in ſhort, as 1 conceive it, is thus: A 
ſpiritual Subſtance, when infinitely conden- 
led and incraſſated, loſes its Qualities of 
Penetrability, Activity, Indiviſibility, and 
Intelligence; theſe being locked up, and as 
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it were crampt, in this Condenſation of their 
Subſtratum (or the Subſtance in which they 
eſſentially inhered,) thus znfinitely compreſſed ; 
and the Actuality (as the Metaphyſicians ſpcak) 
of theſe ſpiritnal Qualitics being thus ſhut 
up and impriſoned, though their Potentia- 
lity be not quite deſtroyed, a Craſs ex- 
tended, impenetrable, paſſive, diviſible, unin- 
telligent Subſtance is generated, which we 
call Matter: But when this Matter thus 
formed of a ſpiritual Subſtance, is again in. 
finitely refined and exalted; theſe Powers and 
Qualities are unlooſed, and ſet at freedom a- 
gain exert themſelves as formerly, and thus be- 
come what they were originally made. But 
we muſt take care not to imagine that any 
finite Subtilization, Diviſion, Refinement , 
or Exaltation of groſs Brute matter, can in 
any the leaſt Degree, by any finite created 
Powers whatſoever, bring it to any but an 
infinitely diſtant Approach to this State of 
Spirituality; ſince it has been demonſtrated, 
in the firſt Chapter of this Part, that no 
Finite, how great ſocver, can be any finite 
Part of any relative Infinite, how fmall ſo- 
ever: No Power leſs than his, who out of 
the very Stones could raiſe (by Virtue of 
their original Potentiality) Children to Abra- 
ham, can, out of material, bring Spiritual 
Subſtances; or on the contrary, convert theſe 
into thoſe. 


nn. 


I F Corol. 
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Corollary II. 


; — INGE in aſcending from material Sub- 
ſtances, there can be np ſuch Thing, by the 


4 Analogy of Things, and Order of Nature, 
4 as a Tump or Leap, ftam one Extreme to 
n- another, without paſſing through the inter- 
we mediate Steps; and ſince in material Things, 
1s there are Subſtances of all Degrees of Den- 


in- ty and Rarity ; Earth being more denſe than 
nd Water, Water than Air, Air than Ether, Ether 
a- W than Light; therefore inthe [ſpiritual World, 
be- there muſt be Jpzrits of all Degrees of Ra- 
But WM rity; the one Set and Rank more pure and 
any refined than the other in a perpetual Scale, 
nt , till they aſcend ſo near the ſupreme Infi- 
in nite, as Creatures can approach their Crea- 
ted tor, or F:nztes the abſelute Infinite. And 
by the ſame Analogy of Things, as in the 
material World, theſe ſeveral Orders of Bo- 
dies, Earth, Water, Air, Ether, and Light, 
haye their , proper Places, Elements, and 
Centers When they, reſt, and whither they 
tend, and out of which they cannot be de- 
tained but by Vialence; lo in the ſpiritual 
World, there are Centers, Spheres, and Ele- 
ments of ſeveral Orders of Spirits, the one 
more pute and refined than the other, the 
more pure, {till penetrating the leſs pure, 
where they reſt and continue, to which, 
orol. KE 2 by 


PO 
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Anme 


by their ſpecrfick Degree of Purity they are 
confined, out of which they cannot be de- 
tained but by Violence; all in a Subordinati. 
on one to another, depending on their par- 
-ricular Degrees of Purity, penetrating one 
another without Confuſion or Contrariety, 
till they arrive as near as poſſible to the /. 
preme Infinite, who penetrates the whole Jy. 
JOS Creatures. 


wr la: * Corlilaty nr. 


ay © a 8 4 


"SINCE by Prop. 15. the Defves are the 
ae Faculty of intelligent Beings, infi- 
[\nitely active and powerful, belonging to 
that Principle in them, which is appropria- 
ted to the 8 World; by theſe De. 
-ſeres therefore, thoſe of the ſame Element, 
and ſame Degree of Purity, arc cnabled to 
communicate one with another: But ſince 
the more pure, penetrate the leſs pure; but 
not vice verſa (as is plain from Corollar y 1. 
of the preceeding Propoſition,) the more pure 
may penetrate the leſs pure, contrary to their 
Deſires; but not vice verſa; this Superio- 
rity of the more pure, over the leſs pute, 
being a neceſſary Conſequence of the greater 
Degree of Purity and Perfection. For as in 
the material World, the Sun purifies and 
rarifies terreſtrial Bodies, the nearer they 


8 or are a to him; and * 
| ] 
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laſt converts tnem into his Subſtance : So in 
the V. ug World, the Suns Pattern and 
Archetype, the Sun of Righteouſneſs, ren- 
ders thoſe Spirits the more pure,  penetra- 
ting, and as it were defies their intimate 
Subſtances, whoſe Elements or Region is 
neareſt him; by which they more nearly 
partake of his Nature, who peactrates the 
whole N of Beings. 


1 


Corollary IV. 


HENCE, ſince the ſupreme Spirit, in com- 
he pounded intelligent Beings, is more pute (as 
ifi being the higheſt Pgjnciple, and that Breath 
to of Life, which ey had immediately from 
ria- the divine Subſtance) than the rational Sont; 
De- the firft penetrates the latter, and the at- 
nt, ter is but the Medium, and is it ſelf but of 
to an intermediate Nature, between the two 
ace Extremer, Body and Spirit, coupling them 
but together by its intermediate Subſtance : And 
71. I in their primitive Order and Inſtitution, they 
pure were in a due Subordination one to ano- 


heir ther: The Body to the rational Soul, and 
rio. both to the ſupreme Spirit; and in this Sub- 
ure, M ordination, preſerved and maintained, and 
ater MY diligently cultivated, according to their re- 
as in ſpective Dignity; in the Mills obeying 
and and approving of, and in the whole com- 


they 
id at 


bound s purſuing the practical Inferences de- 
a duces 
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1 


Compounds q>xlving the practical Conclu- 
ſions deduce 


the Primitive Order and State, of thele three 
Principles, to an habitual, and lafligg Sub- 
ordination, was the, Incarnation of the 4- 
vine Lagos, and whole Oeconomy of the Re- 


demption of Man. 


1 441111 


n. ain £1474 ot 
Fo 03-35] Corollary V. 
Is | gk 


HENCE, the ſupreme Spirit. may be dark, 
dead, and almoſt quite obliterated, as to its 
ouvert Acts (ihe e it ſelf being cl- 
ſential to, and interwoven with the moſt in- 
timate Natures of all intelligent Bcings, ) 
when the rational Soul is full of Ideas, Pic- 
tures, and Images of Things. And on the 
other Hand, the ſapreme Spirit may be full 
of Light, Brightneſs, ſubſtantial Knowledge, 
Foy, and Peace, when the rational Soul is 
but weak, faint, and languid, and almoſt 
void of all Ideas and Images; theſe being 

not 


3 
$ 
« 
[ 
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not only ſeparable, but at laſt to be ad7ual- 
ly ſeparated, ( lo far at leaſt, as the Acts of 
the rational Soul can affect the ſupreme Spi- 
rit,) when the LOG OS (that eternal and 
efſential Word of God) which is quick and 
powerful, and (harper than a two-edged Sword, 


ner 


ſhall pierce, to the dividing aſunder the Soul 


and Spirit. 
 SCHOLIUM GENERALE. 


THhvs I have endeavourcd to give ſome 
faint and imperfect Images, of the higheſt and 
molt ſublime Speculations of Religion and 
its Philoſophy, in the preceding Propoſi- 
tions and Corollaries. And though I am very 
far from thinking they are cven juſt and 
compleat Images, and ſuch as might be 
drawn from the ſame Principles, by a more 
skilful Hand: Yet 1 am fully convinced, 
the Propoſitions and Corollaries themſelves 
are true and juſt, as to their Subſtance, 
whatever may be in my Way of explain- 


ing or demonſtrating them; ſo far at leaſt, 


as Reaſon can find out the Truth in ſuch 
ſublime Myſteries. I am alſo well fatisfi- 
ed that Reaſon can with any Propriety 
of ſuſtneſs apply it ſelf to Objects, to 
which it is not adequate and appropriated, 
after no other Manner, but by ſuppoſing 
thoſe Objects, to which it is adequate, Ima- 

K k 4 Les 
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ges or Reprelentations of thole other Ob— 
jects, to which it is not adequate; there be- 
ing no other poſſible way for Reaſon to find 
a Medium of its Knowledge of Objects, 
that are conveyed to the rational Under- 
ſtanding, by none of the bodily Senſes, (as 
the proper Objects of its Faculties are.) And 
there being an abſolute Neceſſity from the 
Simplicity and Uniformity of the divine 
Nature, and of his manner of Operating, 
that all his Works ſhould be Reſemblances 
and Images one of another, (more or leſs per- 
fect, according to their reſpetive Natures) 
and alſo of himſelf, their original Pal tern 
and Archetype: This Manner of Reaſoning, 
and this Medium of rational Knowledge , du- 
ly inſtitured, muſt be juſt and true, as far as 
it reaches. And thus far Reaſon can yo, 
and not one ſtep further in the Know- 
ledge of ſuperior Objects; it can frame and 
form Images of theſe ſuperior ObjeAs, from 
what it finds and certainly knows of the 
material World, to which it is in 1ome 
meaſure adequate. Images, I ſay, not me. 
taphorical only, but real and phyſical, as a 
Statue repreſents a Man, a Picture in 
Miniature, one from the Life, as a Ceed 
(which is really the Plant it ſelf in little) 
does a grown Plant, or an Embryo, the adult 
Animal: This is the Boundary of Reaſon 
in theſe ſuperior Objects. And it is very 
| oblcr- 
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obſervable, that there are various Images in 
Nature, and in the intellectual Species of 
Things, (framed upon what the Senſes have 
already conveyed into the rational Under- 
ſtanding) of all the moſt unconceivable, 
the moſt abſtruſe and ſublime Myſteries of 
Religion and its Philoſophy, each ſuperior 
to another. Can there be a more perfect, 
noble, or lively Image in this lower World, 
of the divine Nature, Light, Benignity, 
Greatneſs, and Power required, than thar 
of the Sun, in reſpect of our planetary Sy- 


ſtem. His Beams ſhine, and are tranſmit- 


ted through all the planetary and cometary 
Regions, even into the Syſtems of the fixed 
Stars, He atiratts all the Planets and Co- 
melts in our Hyſtem, and is the Source of 
all their regular, uniform, and conſtant Mo- 
tions and Influences. He warms, cheers, en- 
livens, and fertiliſes all the Elements, Ve- 


getables, and Animals; and is indeed the 


material Deity of this interior World. Is 
there not a plain and obvious Image of the 
EVER BLESSED-TRINITY IN UNITY, 
in every Order of Creatures; In the three 
Dimenſions of Bodics? In Nature's never 
riſing above the zhird Dimenſion in her 
regular Operations, as was ſhown in Scho- 
lium, Prop. 12? In the three infinite Pow- 
ers of univerſal Space? In the three gene- 


rical Diviſions of Objects? Matter, created 


Spirit, 
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Spirit, and the ſupreme Infinite in the three Ty 
rm mer and amverſal Principles, that de 

comprehend the Whole of material intelligent * 
Beings ? The Faculty, Object, and the Congru- * 
#y or Incongruity between theſe? The Pro- I Og 


Fane and Iopnorant may make a Jeſt of this 
ternary Chain, and aſcribe it to Chance or 
Fortune: Hut the Analog y of Things, and 
the regular Uniformity in Nature, make it e- 
vident to a Demonſtration , That it muſt have 
had its Riſe in its original Pattern and Arche. 
Type, the divine Nature. Even the eternal 
Generation of the ſerond Principle in the 
God head of the ft, and the eternal Pro. 
re//ron of the third Principle from the jir/t 
and ſecond, comes evidently out of this Ana- 
lagical Ternary, when elcvated to its Ori— 
gin in the divine Nature; as was ſhewn in 
Scholium 2. Prop. 17. And the Impoſſibility 
of increaſing or multiplying the divine and 
ſupreme Infinitude, even by it ſelf, ſo far as 
that it is uncapable of Increaſe, or Diminu— 
tion; as was ſhewn in Corollary 2. Prop. 12. 
pictures forth the Unity of the divine Na- 
ture, in theſe three Relations of the hole to 
the hole. How noble a Repreſentation, in 
created Things, is the univerſal Space of 
the #ivine” Ubiquity, Infinitude, and ſpiri- 
tual Nature? How lively a Picture, in the 1. 
tellectual Speries of Things, of Creation, or 


of God's producing the Things that be, out of 
the 


* 
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the Things chat were not, is ont Propoſition 
demonſtrated Corol. 

2 Prop. 2. | TIT. 
* — © NO I. or S ere e CC. X 
= 0 arcs = vw! 006, Froduc- 
on of a Punt from it's Miniature in the 
Seed, and of an Animal from an Animalcule, 
is-an aſtoniſhing Repreſcntation of the Re- 
ſurrection of the Body. Theſe and many 
ſuch Reſemblances, and Images in Nature, 
in the ſenſible and viſible Things, and in the 
intellectual Species of Things, derived 
through the Senſes, might be brought to illu- 
ſtrate and confirm the greateſt Difficulties and 
moſt abſtruſe Myſteries of Religion, and its 
Philoſophy 80 certain and univerſal is the 
2 „ 3 of Things, and ſo careful 
has the kind and bountiful Author of our 
Bcings been, to ſupply us with Evidences in 
our lower Faculties, and lapſed Eſtate, of 
thoſe Truths he requires us to believe and 
receive. The full and compleat Conception 
and Knowledge of which belong not but to 
our ſuperior Faculties, and to our reſtored 
and re effabliſhed Eſtate, May we then 
uſe the Aſſiſtances, Reaſon, and the di- 
vine Beauty, has afforded us, (I may al- 
moſt ſay, even beyond, and out of their na- 
tural Order) for increaſing our Faith, cul- 
tivating and expanding our ſuperior Facul- 
Fes, reſcuing us out of our Degeneracy and 


—— 
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Corruption, into the orion Liberty of the 
Sons and Children of God; and then, in his 


| Light we c ſhes or Light. Amen, 


—. 
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$1 1 N | aririwericatProgtetlicn in which, 
let 4 denote the fitſt, v the laſt Term, 

x the Difference, f the Number of Terms, 
and S the Sum of all the Terms, which in 
an aſcending Progreſſion are 4, 4 E x, 2 
x, 4 ＋ ; &, &c. but in a deſcending Progrel- 
fon 4, 4 — , a 2 e. 
Having any three of theſe five, a, v, x, t, 
S. you Lg find the other two by help of 
theſe two Lemma's. 

Lem. l. IV ax x ſ but v=a—tx+x. 
Lem. 2. 2 S =7#*xa+x} when it deſcends. 
I ſhall here only treat of aſcending Pro- 
greſſions, judging thoſe that deſcend as not 
properly belonging to the Arithmetick of 
| Tnfinites, v.38; 

Now in aſcending Progrefſions, both 7 and 
ate infinite. 

Therefore Corol. py — fx] in the Caſe of 
And Coral. 2. L258 to ( Infinites. 
r e N Becauſe 


ey” 


vis 6. 4. ESP Sn 
ting the Value of r, VIS. 


of Infinite. 
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Becauſe Infinites are not all equal, but vary 


in their Ratio's to one another, as much as fi- 
nite Quantities do; therefore to avoid Con- 


Pe IEEE 


Fuſion, 1 ſuppoſe v = * = III +1+ 
xF 7 I Cc. | PPT I I 


So from Corel. 1.4 == Xx —= — 


* 
LE © 


«„ (“( 'x 
TVT 
2 3 | G 


— 
1 


0 


2 &. 1 * FS... 


Prop. 1. = —. This follows from ſubſtitu- 


* 
— in Corol 2. 


_= 


+ Q on —_ 6 - = C \ \ | a 8 N 
Exanp. I. Let x =1.thent +2 ＋- 144 
* — : "a 60 2 8 a | 


| 2 # + . 253. 1 


the natural Numbers continued in infoltim 
is cqual to half the Square of infinite: And 
here it is to be noted, that in this Caſe only 


E x1 =1T1 HI +FIÞF1, &c.. 
Examp. 2. Let x , then 1 +1 $2 o+- 


25 +3+34 &c.—& =o * = to the Square 
— : "Y e 6 29 


And thus may you find the Ratio 1 
the Sum of any aſcending arithmetical Pro- 
greſſion, and the Squate of Infinite; and note 


that by Infinite, is always underſtood Infinite 


: in 
1 o 
%, 


* 
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in Gencral, or Infinite of the ſimpleſt Nature 
and loweſt Degree, 1 ICI ET. Cc. unleſs 
ir be otherwiſe i declared. 


Cork 1. © + 
V 2X 


which Square is equal to the Sum of any arith- 
metical Progreſſion aſcending in infinitum. 
Examp. Let x = 2, then * (or an infi- 
nite number of :) is the Root of a Square equal 
to the Sum of that Progreſſion, viz. 1-3 5 
pF, Sc. — = TT Ty . 
Coral. 2. Let 4 . O n, u = n. 1 o p. 
Theſe values of a, v, ,, being ſubſtituted in 


Lem. 2. will en op E 0 71 
0 o * pn 
= &' * n om, or & = - _ — and 


is the Root of! a Square, 


K-42 


2 
| mn -n 
the common Difference x = as you may 
þ 


eaſily find from Lem. 1. 
You may expreſs the Sum 2 otherwiſe, for 
V—4 UV —8&4 
t —— by Lem. 1. Therefore = Jy 
1 EY * 
v4 


PZ = 28 by Lemma 2d that is = = — 


2 * 


— 2 — EDS OF 


— — 


__ —ͤ—ę— 
* 3 


2 * 7-5 ths Corol. 
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Corol. 3. From Prop. 1. and Corol. 2. it is 
evident that in two arithmetical Progreſſions 
having the ſame common Difference x, the 
Sum of that whoſe Terms arc infinite, is to 
the Sum of that whole Terms arc finite, as 


mn to 1. For the Sum of the firſt, by 
Corol. 2. is * 
2——, x the Sum of the other, by Prop. 

2 | 
ie + i, 

Corol. 4. From hence may be ſolved this 
Problem. Any arithmetical Progreſſion being 
given as a, a &, 4 72 Xx, a H 3x, Cc. whole 
Terms are finite; to find another conſiſting of 
infinite Terms, that ſhall have the ſame Dif- 


ference x, and whoſe Sum {hall be equal to 


the Sum of the given Progreſſion. Solution. 


m — n i from Corol. 3. & ex bypotheſs. 
Therefore * , ſo to find mz and 7, 


is an indetermined Problem, whole Solution by 


e 
the known Methods will give An . 


where e is any Number (ar) taken at 
Pleaſure. So then theſe Values of m and 
x being ſubſtituted in the Values of @ and 


v, of Corol. 2. will give you the firſt Term 4 
et 


ef 
and calling the common Difference æ, you 


Will 


2 
= © X FER”: and the laſt Y = © X 
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will have a Progreſſion, each of whoſe Terms 
is infinite, and whoſe Sum ſhall be equal to 
the Sum of any other arithmetical Progreſſion, 
whoſe firſt Term is finite, and the common 
Difference x; and becauſe e is an arbitrary 
Number, therefore you have as many of ſuch 
Progreſſions as you pleaſe, to anſwer the 
Problem. 

Examp. Let the given Progreſſion be r + 2 
+ 3—+4—+5, &c. where x =I, fo the Sum 
thereof is = * (as in Ex. 1. Prop. 1.) now 

2 e 
taking e=2, you will have z = = 7, Ge. 
e. — 1 
1 8 Lt, which from the ſecond Expreſſi- 
on of Corol. 2. will give the Sum of the Series 


(ee , 1 +007, 2 f 3, 3 e , Oc.) 


— 85 
** — =, 0'X—— 2 *, which is 
2 * 2 * 


the ſame with that of the given Progreſſion 
conſiſting of finite Terms. 
CSiebo. The Problem may be made more ge- 
neral, and the Solution as caſy, if it were re- 
quired, that the Sum of the Series, conſiſting 
of infinite Terms, ſhould be to that of the o- 
ther conſiſting of finite Terms in any given 
Ratio of r* to s*; for then it muſt be to find 


m and n, ſuch that w* — 1:7 4 


Prop. 


the laſ 
numb 


Ing an. 
theſe r 


Len 
Len 


PART 
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Prop. 2. Let all Things be as in Prop. 1 g 
except. the laſt _—_ which here we hall ſup- 
poſe | | 


nn 
=0 2, in which Caſc I 17 S * 
11 2 * 
e 1. Let a = 2, = 1, 4 t, ſo the Pro- 
greſſion will be 1, 2, 3, 4, 5, Cc. till the laſt 


Term be Ne. I ſay the Sum 1 — 2 23-45, 
OC = X 2 = double the Square of la- 


finite. 33 

F. 11. Ix geometrical Progreſſion, let a de- 
note the firſt, and v the laſt Term, the Ratio 
of the Terms, that of r to s, 7 the Number, 
and S the Sum of all the Terms of any geo- 
metrical Progreſſion, „ Which will be 4, 


Sa asg ada 
ner bn EGU EIS e as . 
. 


Of theſe five Things, vig. the firſt Term a, 
r 


the laſt Term V, the Ratio of the Terms—, the 
s 

number tf. and the Sam of the Terms S, hav- 

ing any three, you may find the other two by 


theſe tw o Lemma's. 


Lem. PR ee 
e 


; 
Lem. 2. 48 --ra:-rs E 


PART II. 1 From 


— — . 
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1... 


7 
From Lemma 2 d. it follows that 83 
1 2 7 


when the Progreſſion deſcends, that is, when 
"38, i #5 
But when the Progreſſion aſcends, that is, 
when , then from Lemma II. it will 
9 r | 
be Sg —— 
SF 

Caſe 1. In deſcending Progrefficis: where 
the Number of Terms arc infinite, the laſt 
Term v will be So. 

Prop. 1. In all deſcending Progtefl ions, 
whoſe Number of Terms are infloſte; and firſt 
Term finite, the Sum of the Progreſſion is a 

'ra 
finite quantity, vis. 5, —— 
1—9 


1 72 | 


Examp. Let 7, 6, then i +++ 
x * 


s, Cc. 2= — 8 
n 1 1% -—S 
Prob. Having the firſt Term 4, and the 


Ratio of the Terms—of any geometrical Pro- 


grcſlion deſcending in infinitum, till v = o, to 
find another Progreſſion deſcending in inſini- 


tum, whole firſt Term ſhall be any given Num- 
ber 


ber 6, and its Sum equal tothe Sum of the gi- 
ve n Progteſſion. 


Sol. Let m to n be the Ratio of the Terms 


4 


of the Progreſſion ſought z now is the 
1— 5 
Sum of the given Progreſſion, by Prop. 1. and 
mb 
for the ſame reaſon - muſt be the Sum of the 
33 — 7 
Progreſſion ſought; therefore from the Condi- 
mb r4 
=— = which 
= m—n — 5 
f mxra -, where à, r, s, by 
gives = — — 8 1 
are given, and mn may be taken at Pleaſure; and 
ſo you have ꝝ from this Equation ; and conſe- 
quently the Progreſſion ſought is found; for a 
„ WProgreſſion is found, when you have the firſt 
Term &, and the Ratio of the Terms 22 to 7. 
Examp. Let =, =I, 6=1; 6=1, I 


—_ 4.2 


alume m=5 (= 0) lo the Equation will give 


185, therefore FIT r. 4 
>) Sc: 


And here it is to be noted, that ſince 2 is 
taken at Pleaſure, the Problem is indetermi— 
ned, and ſo you may find as many Progreſſions 
s you pleaſe, whole Sum ſhall be equal to the 
dum of any given Progreſſion. 

LT Schol. 


tion of the Problem ſought 
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Schol. The Problem will be more general, if 
it be required that the Sum of the given Pro- 


ra 
greſſion —— be to the Sum of the Progreſſi- 
19 
mb 
on ſought in any given Ratio h to k viz. 
M—N 
„ 


—; — :: 5: , which gives 2 = 
1 — 59 mn 
mxarktbhs—bhr 
akr 
Caſe II. In aſcending Progreſſions, whoſe 
Number of Terms are infinite, the laſt Term 
V will be = « x ez; but firſt 1 ſhall conſider 
theſe Progreſſions in which e = 1, that is, 
where the laſt Term is an infinite Number of 


Units, 


; where 77 is at Pleaſure, 


5 SUV 


Prop. 2.% = » x—— (=——) for r a 
4—r sr 


vaniſhes, becauſe 2 is finite, and v infinite. 
But here it is carefully to be obſerved, that 
in all theſe Progreſſions it is neceſſary to make 
a = r, ſothat r will be the firſt, and s the ſecond 
Term of the Progreſſion: And indeed in all 
gcometrical Progreſſions, there is a Conveni- 
ence of expteſſing the Ratio of the Terms, by 


the two firſt Terms of the Progreſiton. 
This 


whic 


r at I 
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* 


s 
This being premiſed. it is evident that——is 
r 
the infinitely ſmall and equal Part, of which an 
infinite Number gives the Sum of any geome— 
trical Progreſſion aſcending in infinitum. 
s 
Examp. 1. Letr=1, 5 = ;, then — = 
u 


27 +81 c. 12, Cc. 
Ly 
Examp. „, = 4, 212 35 
* 
Ergo 2 = © X3, that is, I + i++> + SZ 


Ge. =3Þ+3F3T 3, OC 
Problem. To find a Progreſſion, which ſhall 


have any given Number (4) for the equal Part 
of which its Sum conſiſts. Solution. Let r be 
the firſt, and s the ſecond Term of the Pro— 
s 
greſſion ſought, then (becauſe — is the e- 
| Sr 
| s 
qual Part for every Progreſſion) — = 4 
r. 
1 4 
which gives 5 = , ſo taking the firſt Term 
4—1 


r at Pleaſure, the ſecond ſhall be⸗ 8 


— 1 


LI3˖ Examp. 


3 — - 


— — — =» 7 — 2 2 : — — 
— - — > "a SE -_-> "504 *. EL * . 
A - hoc "= 1 ws wi a * Sad * 
ory >. BE. . » ag = 
3 — C = 
- ws —— — 4 
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Examp. To find a Progreſſion, whoſe Sum 
ſhall be ==» x 2, In this Caſe 4 2, fo ta- 
| ra | 
king r = 1, it will give — = 2 which ſhews 
2—1 | 
that the Sum of a Progreſſion, whoſe firſt Term 


Su 


is 1, and ſecond Term is 2= 2, or 1 5 2 1 
4 +8, &c. =2 2+2-þ2, c. 5 
cholium. Becaule r is taken at Pleaſure, ( 
therefore you may find as many Progreſlions "Wh. 
as you pleaſe, whole Sums ſhall be all equal, wh 
becauſe each of them is= © Xx 4. . 
Prob. 2. Having any Progreſſion aſcend- Fg 
ing, to find another whoſe Sum ſhall be equal 2 
| to the Sum of the given one. Let x be the J 
| firſt, s the ſecond Term of the given Progreſ- Pr, 
| ſion ; and the firſt, 7 the ſecond Term of q 
D 5 b 
| the Progreſſion ſought, then « x — is the pd 
| | TE thet 
þ 5 go þ be C 
| Sum of the given one, and e x — is the L 
| | | * laſt, 
| Sum of the Progreſſion ſought, Ergo, «» * 
| 5 mM | 
WT : Pro! 
r mn 
S n m 
| Or =—— which gives 2 =——, mn may Tre 
| S$—r MYW—H 9 Sum 


be taken at Pleaſure, and ſo you have ꝝ. 
| Fchol, 
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Scholl. 801 may you find a Progreſſion, whoſe 


Sum ſhall be to the Sum of the given one, in 
7 
any given Ratio h to ł, for then — : —:: 
| m—1S—T 
| mxshxrk—sk 
h : E, ſo that 2 X — 
9 

F. III. Before I proceed to other Progreſſions 
it will be neceſſary to ſubjoin ſome Things, 
which were omitted in F l. concerning arith- 
metical Progreſſion, and which ſhould have 
immediately preceeded F 2. 

1 

Lemma. S== *X —, when V= x 1. by 
Prop. 1. of Fr. 2 x 

Prob. Having the common Difference x,and 
the laſt Term V= x of any arithmetical Pro- 
greſſion aſcending in inſiuitum; to find ano- 
ther arithmetical Progreſſion, whoſe Sum ſhall 
be equal to the Sum of the given one. 

Let e be the common Difference, » x 7 the 
laſt, and) the Sum of all the Terms of the 


| Un 
Progreſſion ſought; then y — « * x —: by 
2 64 
48. 10 
Prop. 2. of F 1. Now becauſe 3 * x —is the 
1 
Sum of the given Progreſſion, therefore from 
L 14 the 


—_— 


- <A "as 
% wy d . 
- » © ** — — — . — Je an 
- WW 1 . = . * 
- 


- — — — — — 
— — 1 
„ ewe a — — — — _- =_ —— — 
4 — _ — — „ om - — — — _ ig 
. —— as _—_— C 
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— — Fes 
- —— — 3 ů - > 4 * 
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22 — 


— — 


7 n 1a 
the Cendition of the Problem —=—, ſo e= x 
2X 26 
n7; you may take at Pleaſure, and ſo you 
have e,and conſequently the Progreſſion ſought. 
Examp. 1. Let the given Progreſſion be 1, 
2, 3, 4, 5, &c. to f, Where x f, ſoe n 
n; calling #=2, you have e=4 for the com- 
mon Difference of the Progreſſion fought, vir. 
I, 5, , 13, Oc. to Xx(2. I ſay then, that the 
Sums of theſe two Progreſſions are qual. 
EG" 
Corol. n = —, ſo taking e at pleaſure, you 
* 
have , as in the former Example, if you call 
e, 2, then a3 =v 2, ſo the Progreſſion ſought 
is, 1, 3, 5, 7, Oc. to */ 2, whole Sum ſhall 
BL equal to 1+24-3-+5-+6, Cc. to „ I. 
So that in ſolving this Problem, you may ci- 
ther make the common Difference. or the infi- 
nitely ſmall Part () of the laſt Term, what 
you pleaſe; and becauſe one of the two may 
be taken at pleaſure, therefore the Problem is 
iadetermined, and conſequently you may find 
as many Progreſſions as you plcaſe, whoſe 
Sums ſhall each of them be equal to the Sum 
of the given Progreſſion. 
Fecholium. In the ſame Manner, you may find 
as many Progreſſions as you pleaſe; the Sum 
of cach of which ſhall be to the Sum of the gi- 
ven one in any given Ratio of k to; for then 
un %3 


Inn 


un 1 

—: —::k: 5, which gives ke = h*m; ſo 

20 2 

that of theſe two (e, ) taking one at pleaſure, 

you have the other from this Equation. 
Problem. 2. Having the Sum « * x gof any 
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_ Progreſſion, to find another that ſhall havc a 


given common Difference e, and whole Sum 

ſhall be equal to the given Sum. Let * xz be 

the laſt Term of the Progreſſion lought, then 
aw? - 

its Sum will be = «* x—; therefore by the 
22 


2 


7 
Condition of the Problem 7 ſo that n= 


2 E 


+ 2 eq: but, e and ꝗ are given, therefore is 
known. 

Examp. Let q = 1, it is required to find a 
Progreſſion, whole Difference ſhall be 1, and 
its Sum = n, or the Square of infinite; 
now becauſe q =1, and e I, therefore u=y/ 2, 
ſo that « xy 2 {hall be the laſt Term of a Pro- 
greſſion 1, 2, 3, 4, 5, 6, 7, Cc. whoſe Sum 
(hall be = ; but by Examp. 2d. of Prop. 1. 
ofFr.ifx 2, and v = , then the Sum 

= % ; Ergot 235-4 +5, Oc. to wx 
y 2 =1 +1;z+-2+2%, &c. to „ N 1. 

Examp. 2. Let q , and e = 2, then 2 
y 2, ſo that a Progreſſion, whole commou 1? '- 

f e 


— — «<3 — G 


— — — 
_ e 
— 


— " 1 = — ICAL — 


1 
2 


_ 
. 
— 
—_ > 
a ® [4 
— — — — 


— 


— 
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ference is 2, and laſt Term o x + 2 (hall have 
its Sum =00 2x (by ex. 1. pr. 1.) 1＋ 2 

3-4-5, Cc. to . 1 


? n exe 
F. V. n "ONE rer — — 
12 2 


8 eie zee IK 2 
e e RK. 


— 


X 4 2x 3 X 4X 5 
*, Cr. : | 

Ler us now conſider the various Progreſſions 
that will ariſe out of this Series, and what rela- 
tion they have to infinite in general or „ Nn; 
and that 1 may proceed diſtinctly, I will re- 
ſolve it into ſeveral Caſes, beginning at the 


ſimpleſt, where r= I, and ſo proceed gradually 


tor=2, 7=3, Cc. And where the Series is 
neither in an arithmetical, nor yet in a geo- 
metrical Progreſſion, I ſhall endeavour to diſ- 
cover according to what increaſe the Progret- 
ſion goes on; though, in general, that is plain 
enough from the Lemma of F 5. 

CASE 1. Let r =, which contains an infi- 
nite Number of other Caſes, according to the 
different Values of e, the Progreſſion whereof 


I 1 ſhall ſhew in the following Articles. 


Artic. 1. (e=1.) — =1T1T1T'I, &. 
J— I ; 
— 9 X I, | | Artic. 


C. 


c. 


__ 


2 
—— — _ » 
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Artic, 2. (e=2) £49 2 =1 +2+z3+ 
4, Oc. = 6? rs 
Artic. 3. (e=3) = i l 
DES 2 — Il 
Artic. 4 (e=4 8 + 4 + 10 
＋ 20, &c.= og 


Now you are to LPR that the Terms of 
any one of theſe Progreſſions are made up of 
the Sum of the Terms of the Progreſſion next 
preceeding; for Inſtance, the third Term of 
the Progreſſion „ viz. 6, is the Sum of the 
three firſt Terms of the Progreſs ; in like 
Manner the fourth Term (20) of Progreſſi- 
on in Article fourth, is the Sum of the four 


firſt Terms, in the Progreſſion of Artic. 


3 d. and the 7th. Term of Artic. 34. is the 
Sum of the ſeven firſt Terms in Artic. 2 d. 
It is to be obſerved likewiſe, that the 
Terms of Art. 34. are triangular Numbers, 
ſince they arc the Sums of the natural Num- 
bers of Art. 24. and conſequently the Sum 


of the triangular Progreſſion, continued in 


inſinitum, is equal to the Cube of Infinite. 
Caſe zd. 1=2, 


Art. 


- 44 .. 


2 1 : 


Ol PR TRIES 4 


ib OC. — 
6 64a <a ”- — , 1 


— — — — 


. ANTE rr 
: — 22 * 2 0 1 - 
-. — 
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Amme 


1 


1 ＋E2 T4 | 


182 l 


Art. 1.e=1, then 


. Cc. = © X2, 


I 
Art. 2. e a, then. 2=1T4 IT 12 
＋ 32, Ofc. = NA. g 
1 | 
Art. 3. =:, then 3 = I * 6 ＋ 24 7 
＋ 80, &c. == XS. | 1 
| I 1 4 
Art. 4. 6. =4, hen 18+ 40 2 
+ 160, Cc. =» „ 16. | . 
Note, That the Terms of Art. 1/8. are in ” 
a gcometrical Progreſſion in the Ratio of 1 
to 2. 
AND it is obſervable, that the Terms of any 
following Article are made by the Multiplica- 8 


tion of the Terms of Art. i ſt. into the reſpec- 
tive Terms of that Article in Caſe 1. where 
e has the ſame Value. For Inſtance, the third 
Term of Artic. 2. is the Product of the third T 
Term of Artic. 1. into the third Term of 
Artic. 2, of Caſe 1. and the fourth Term (vig. 


160) is the Product of the fourth Term (vig. 27 
8.) of Artic 2. into the 4th Term (vig. 20) 

of Artic. 4th, Caſe 1ſt. And univerſally, let - 
A denote any Term in any Artze. of Caſe 1. 1 
B any Term in Artic. 1ſt. of Caſe 2 d. And C y 


any Term in any of the following Articles of gre! 
Caſe 
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Caſe 2d. I ſay C= AB, taking AB C in the 
ſame Order 2. e. if C be the 5 % Term, then 
A and B muſt alſo be the 57h Terms of their 
Progreſſions, and whatever Value (e) has in 
the Progreſſion, of which C is the Term, it 
muſt have the ſame in that Progreſiion where 
A is the Term. Examp. To find the 7th 
Term of Artzc. 3. of Caſe 2. Here C de- 
notes the 77h Term of a Progreſſion in which 
e z: This ſhews that A is the 71% Term of 
Artic. 3. Caſe 1ſt, which multiplicd into the 
7th Term B of Artic. 1, Caſe zd. will give C 
the Term ſought. 

Caſe 34.r 3 


I 
Art. 1. e, then ——= 1 3+ 9+-27 
1 
Oc; See * . 


1 
1 | 


Tos, G. ©* x2. 
I 
Art. 3. e= z, then = Ig 54+ 


* 


270, OC, = X . 
I 
Ss P72 
— 540, Ge. = $* x.=, 
Note, The firſt Series is a geometrical Pro- 


greſſion going on in the Ratio of 1 to 3. And 
the 


Art. 4.e=4, then 


[$=1T 13-7 90 
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the following Progreſſ ions are made out of 
this firſt, with the reſpective ones of thoſe in 
Caſe 1/t in all Reſpects, as thoſe of Caſe 24, 
already explained : For let A be any Term in 
any Artic. of Caſe 1. B a Term of the fame 
Order (with A) in Artic. 1. Caſe 3. and C 
a Term of the ſame Order in any of the 
Articles of Caſe zd. I ſay, C=A B, where 
e has the ſame Value in A that it has in C; 
and ſo it is for all the ſucceeding Caſes in 
znfinitum:\ The firſt Series of any Caſe, r 
(viz. where e=1) is always a geometrical 
Progreſſion in the Ratio of 1 tor; the fol- 
lowing Progreſſions are made by the Multi- 
plication of the Terms of this firſt Series in- 
to the reſpective Terms of thoſe in Caſe 1. 
as has been ſhewn in Caſe 1 and 2 4, 

Scholium. To have the firſt Progreſſion of 


every Caſe, let e r, then. —, 7 2 Art 
r + . 75, Cc. | 
But i Er- FErHπ +, G. = x . 


rtr y on 


1 R 


” 
I 


BeroRs I conclude this Subject, it will 


be neceſlary to remove a very obvious and 


material Objection, vig. how it comes to pals 
that the Sum of the natural Numbers 1 + 2 


I 


rn FE" S K 
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2 


ms 


＋ 34-4 ÞF 5, &c. ſhould be equal o or 


half the Square of Infinite, as it appears by 
Examp. 1. of Prop. 1. of F 1. And yet the kt 
ſame Sum is = or the whole Square of 1 
Infinite, as appears by Art. 24. of Calc 1. of 1 
the laſt Lemma. This ſeeming Contradiction of 
may be reconciled, if we ſuppoſe » x t to 1 


be the laſt Term in the Progreſlion of Exam. 


1. Prop. 1. F. 1. which will make the Sum 
or ? 


— and « xv 2 to be the laſt Term in the 


Progreſſion of Art. 2 d. of Caſe 1. of the 
laſt Lemma; for that will make the Sum of 
the Progreſſion = , as appears by Ex. r. 
of Prop. 2. & 3. So that though it be the lame 
Progreſſion going on in immfniium, yet the 
one goes on to a greater Infinite, Viz. < x 
y/ 2, than the other, which ends at o x 1. 
Bor the plain way of reconciling the Matter 
depends on the common Rules of - 


r 

tion. LI +2+3+4Þ5, G. N 2=== 

x —, but— —=1+1+1--1, &c. and 
—I 1—17 


therefore 1 4-2 2 £35405: c. =1 +11 
+ Þ, c. x1+1+1TITH1, Oc. 


Lr us now make an actual Multiplicati- 2 
on of ſix Terms only, thus wa 


| 
| 


— = — — —— — — 
— 2 — ————ů — — 
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of Infinite: Thus you ſee, that the Proceſs 


_ — — 
9 


ee 


ee eee 4 Bs x 


Fn OM the Proceſs it is evident, that ad- 
ing the ſeveral Colums, their Sums make 1, 
2, 3, 4, 5, 6, Which is the greateſt, vis BC 2 2 
(from which they deſcend in the ſame Or- Pro 
der to D) and this BC is always the Number 10 2 
of Units in each Factor; ſo that if the Number exce 
of Units multiplied into it ſelf, had been 1000, 
then BF, the laſt Term of the Progreſſion, aſ- Fo 
cending from A would have been 1000; and EI 
conſequently if the Number of Units multi- any © 
plicd into it ſelf, had been «© x 1, then BC, pu. 
the laſt Term of the Progreſſion, would have ptots a 


been * 1. Now the Progreſſion deſcends let 4; 


from BC to D, in the ſame Order as it and + 


aſcends from A to BC; but ABC is the compr 


Sum of the Progreſſion 1, 2, 3, 4, 5, 6, Cc. the II 
ending at BC= IB and this Sum ABC F,, __ 
is but half the Product (of which BCD — 
is the other) that is to ſay, half the Square 


of 


— ———  —  — 
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of Art. 2 of Caſe 1. agrees exactly with 
that of Prop. 1. of F 1. only that of Art. 2. 
Caſe 1. gives you the Progreſſion twice over, 
and ſo makes it double of what it is in Ex. 1. 1 
Prop. 1.S 1. | ; {1 
Scholl. From this Solution it appears, that 1 
the Sum of the Progreſſion in Art. 3. Caſe 1. 1 
viz, 1Þ2+3+6TIoT21, Cc. is not pre- 


1 | ; I 1 
ciſely « or the Cube of Infinite; for r 4 
a — 1 


c 


1 1 — äö—ů—ʒ | — — — 
— 23 — 1 1 1 c. X 1 1 
meer. 


It, Cc. „II : +1, Gc. contains that 


Progreſſion oftner than once; and the ſame 24 
is to be conſidered in all the Progreſſions, 3 
. except when e = I. : it 
l F VI. The Arithmetick of Infinites appli- 4. 
ed to Quadratures of curvilinear Spaces. 1 
| LET DLF be © 4 


any of the Hyper- 

bola's, whoſe Aſym- 

ptots are AC, AH, G 
| 


IS let AK—x, XK L= , 
it and the Equation | 

ic | comprehending all A. K 
„the Hyperbola's 7 


D 38 1 

re Mm By by 
—_ : #4 | 

ess | 114 


— 
ͤ—w— — — — — — 


— * 
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_ —_— 
„ 


— 


By the common & Ik ? 
» Methods, | CAKLD — * . K 7 ö 
And alſo hw * as 


Corol. 15 Let æ = 1 , then, CAKLD = 


1—7, 


—1 
Caſe 1. Let n f, fo the Equation will be 
*I for the — Hy perbola, in which 


CAKLD. =— —=+: So =@ X I, 


And likewiſe | HA GL F n 4 


1 = by I + 1, Ofc. == N I, "Fiowr whence 
it appears, that the Arca of the Apollonian 
Hyperbola is infinite both ways, 

Caſe 2. Let n 23 ſo * N the next 


Hyperbola in which CAKLD = =p 21 
—2 


2 +4 +8 +16, Ge. = 00 X 2. 


Caſe general. If you reſolve 


into 2 Series, 
n | | 


you will have CAKLD= 8 — 4 n „n 


1. 
Au, Cc. and becauſe the Terms of 
this Series are in a geomerrical Progreſſion al- 
cending (ſuppoſing u t) in the Ratio of 1 to 
n, therc- 


"of Religion. 


2 3; therefore by Prop. 2 H. 2. the Sum thereof | 
muſt be 1 I u m, Or, 


. 0 X — — 
| 11 


N | 71 . ) N 41 © 
Now becauſe < t, therefore—— is < 1; 
z N | —1 


therefore in all theſe Hyperbola's (in which 
n<1) the Area CAKLD will be an infinite 
Number of equal Parts, cach of which (Vg. 


2 = is greater than 1. And hence is under- 
„ food the Meaning of the Geometers, who call W 
theſe Spaces greater than Infinite, that is, 4 


greater than o x or Infinite in general. 4 

Corol. 2. In all the Hyperbola's (except the it 
Apollonian ) the infinite Area FLK LD (adja- 4. 
cent to the Aſymptote AC) is equal to an infi- 
nite Number of the finite Area HAG LF (adja- 
cent to the Aſymptote AH) in the ſame Hy- 
perbola. 


Demonſtration. CAK LY. *. 


1 
WW. 
Fr 
e 
9 
of 
: : 


- by the 
ries, 
| dat Caſe, but HAG LE =—— - byc Corol. g 


n t. & 6. Therefore | 
ns of eee 2. E. D. 


bn al- 
i to} Problem, Let „ e be the infinite Area 
here · AK LO of any given Hyperbola, it is requi- 
ed to find another Hyperbola, whoſe infinite 
Mm 2 | Space 
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Space ſhall be to the Space (e x e) of the given 
Hypcrbola in any given Ratio, as of p to 1. Sol. 
Let y x” = 1 be the Equation of the Hyperbo- 
la ſought ; then by the general Caſe foregoing 


*, 3 2 7 
it's Arca is = Kaos therefore by the Con- 


dition of the Problem, 


mr which 


2311 j | 3 
will give 2 = — ; ſo that y . 2 
is the Equation to the Hyperbola ſought; but 
p and e ate given Numbers, and therefore this 
is a known Equation, and conſequently the 
Hyperbola defined by it is alſo known. 
Examp. To find an Hyperbola, whoſe Area 
ſhall be to that of the Apollonian, as 3 to 1. 
Now the Apollonian is=oo x 1, ſoe=1, and 
5 = 3, Ergo the Equation is ) #}=1, wholc 
Area by the general Caſe foregoing is =o x 3, 
which is triple of the Apollonian. 
Prob. 2. To find an Hyperbola, whole inter- 
minated Space HK LF ſhall be equal to any 
given Number (a) let y #2»=1 define the Hyper- 


bola ſought, where <1, then HAG LF — 
n 


r Putting 721 ( Las A) by Corol. 

of $6. and becauſe AG LK, therefore it 

will be HZAGLF— AG LK (=H KLE) = 
- 


> : — I, Therefore by the Condition of the 
Mann Problem 


be —— 
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en 


ul py 
— 1 Sa, which gives n= . 
2—1 a 3 


o 


ſo the Equation to the Hyperbola ſought, i 


Problem 
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Let (as before) AC, C 
AH be the Aſymtotes 
of any Hyperbola DL 
Fdefined by this Equa- 
tion y x"=1, in which G 
the Abſciſſa AK = x, 99 — 
and Ordinate K L=y, N K E 
and z is ſuppoſed either 2690-2 5 
equal to, or greater than Unity. 15. It appears 
that in all Hyperbola's the interminate Space 
CAKLD is infinite, and the interminate Space 
HAGLEF (except in the Apollonian where 7 
1) is finite. 25. In every Hyperbola, one 
Part of it continually approaches nearer and 
nearer to the Aſymptote AC, and the other 
part continually nearer to the other Aſymptote 
AH; that is, LD meets with AC at a Point 
infinitely diſtant from A, and LF meets with 
AH at a Point infinitely diſtant from . 


. 


39. In two different d 
Hyperbola's DLF, 41 
/ if we ſuppole x to be 
greater in the Equati- 
on of 4/f, than it is in 

the Equation of DLF, 
then LD ſhall meet ꝗ 


ſooner. with AC than 


— — —̃ 


— _— —— — — 
— ß ——— 
— — - — GO 


CC en 
— 
. 


— — — -. - 


— — 


— ——— 2 — — tt 2 


aw - —  — — —  — 
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—— 4 


LF ſhall be longer in meet- 


74 with 2 c, 


ing with 4A H than IF with a h. Therefore 
ſince theſe Meetings are at infinite Diſtance 


from A and a, it follows neceſſarily that theſe 
infinite Diſtances muſt be one greater than 
another, viz. a 6 < AC" and! > AH ; 
and in the ſame Hyperbola 4 = AH-and 
ac KA 4 h, except the ne in Wed 
AC = AH. 1 

Therefore it muſt needs contribute very 
much to the right underſtanding*the- Scope of 
the foregoing Quadratures of theſe interminate 
hyperbolick Spaces, if we can determine the 
Length between the Centre A ora, and the 
Point of Concourſe of either Part of the Hy- 
perbola, witti that W to Which it * 
Peuachten FW 149279, 

8 To find the Point'C wheres LD 
meets with the Afymptote AC, and the Point 
H where LF mects with the Aſymptote A 
H, fort any Hyperbola DLF. whoſe . 
tion is given 
Juolution. It is evident, char the Otdinates LK 


(=y N increaſe as the Abſcia's AK (= 


x) EL ſo the laſt Ordinate muſt co-incide 
with the Aſymptote AC, in which Caſe the 
Abſciſſa x »90'= 1— 1. Therefore AC= 


Te NE. A 165 
8 5 4 find AC; in ke common ty: 
"ue" 4 


JJ =. TT LES. 
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1 


Perbola y == . Becauſe in this » t, therefore 


NC=— = (by Art. 1. of 55.) III, 


oe i. 


Examp. 2. To find 40 in the Hyperbola 


holt Equation is y = ==. Becauſe in this ” 


= 2, therefore from the general Solution AC 
2 Ta Ars s, &c. = 


2 That is, AC is an infinite Number of 


equal Parts, each of which is e 2: So that A 
C in this is an infinite Number of equal Parts, 
cach of which is 3 AC in the common Hy- 
perbola. 2 

Schal. If we could give the preciſe Sum of 


the Series in Art. 3, 4, Cc. of Caſe 1. of & 5, 


we ſhould then have AC for all the other Hy- 
perbola's ; but that is not caſily to be done, 
as is declated in the Scholium at the End of 
$ 5. Only this much we ſee (by Caſe 4. of F 

5.) That AC increaſes as the Powers of o 


whoſe Exponents are . So in the Hyperbola 


J _ AC is a8 © 3 in the * — 


—.4 4 is as « in the Hyperbola == „ A 
Ci is  *; and ſo on, M m 4 * 


22 * 
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Part. zd. To find AH when LF meets 
with it's Aſymptote A H. Here we muſt con- 
ſider GL (x) as the Ordinate, and AG ( 
Jy) as the Abſciſſa. Now when GL becomes 
"__ then y =o. But 1 ue GL (=x) 


krefüre 4H — . 
I. 2 * 0 |* 1— 175 " 


I 
pur —= e, and then by Lem. of $ 5. AH = 


I exe 1 $.-1-4EXE I X 
we 1-4 + * 2 1 | gen. 
e523 exe 133388 Oc. 
182 2X 3 * 4 

But ſince we cannot aſſign the Sum of theſe 
Progreſſions, therefore this Series is of no Uſe 
in the Solution of the Problem, We ſhall there- 
fore conſider the Problem (as to the finding 
AH) under two Caſes, firſt when 7 is an Inte- 
ger, and ſecondly when it is a Fraction. 
N i. When x is an Integer. Soify= 1 (as 

I 


in the common Hyperbola) then A H (=— | 


I 


=I + 1 L 3-1, Ge. * A. If n= 2, 
then AH ( === i is 


a mean W cb between i In infinite. 


I —— 


If 13, then Ar; == XI 


is 
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is the firſt of two mean Proportionals be- 
tween 1 and infinite. And univerſally if be- 
tween 1 and Infinite there be ſuppoſed as many 
mean Proportionals as there are Units in #— r 
. 1 1 „„ n | 
then H — — — — 1 — . 

. #4) 1— 16 7 4 V XI) 
ſhall be the firſt of theſe Means. 

Caſe zd. When is a Fraction, ſuppoſe 1 = 


7 butp <q, becauſe we always ſuppoſe 2 A 


except in the Apollonian where n= 1. So then 
. therefore 411 9 


I 11 7 Vi-1q = 
7 —nn * 
eo x 1 > =vV © * 147 So for Ex. if a , UL, 


| | N,. 2. 
Pr 3, q=2, then AH == 


Corol. From both theſe Caſes, it is evident, 
that the greater Number we ſuppoſe ; to be, ſo 
much the ſooner will LF meet with AH: for 
the greater we ſuppoſe ꝝ to be ſo much the leſs 


— 1. 7 | I . 
will . ad: "mn —(or 5 is the Expo- 


I 
nent of —— (or « ) which gives the Value 


of AH. Ergo the greater that #4 is, the 
ſhorter will AZ be. Q. E. D. 


Scholt. 
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Scbol. Since i in al typerbols' $ AH= = 


oy = res 9 * 17 is ſome 
mean Proportiorial between 1 and os x 1, it is 
worth the while to conſider what ſort of Num- 
bers theſe Means are, viz. whether they be fi- 
nite, infinite, or neither, It is certain they can- 
nat be finite; for then it would follow that the 
Square of a finite Number, ſhould be infinite, 
which is abſurd. Nor can they be properly e- 
ſteemed infinite, for the equal part of ſuck an 
Infinite muſt be 1 divided by ſuch a Mean. 


Demon. Let a denote that. poet part, then 
KIT 


= * 2 wy 4 which gives = * 7 


1 


E. D. (Ex. gra.) « x ; or a Mean between 


3 and inhalte muſt be 0 8 an infinite 
a ® 


* 
Number of equa] Parts, each of which —— 


| * 0 
or 1 divided by the Mean Nair den I and « x1, 


So that this equal part 7 r i neither finite, 


nor infinitely ſmall, nor infinitely great, and 
conſequently the mean / X 1 is not proper- 
I an infinite Number, And hence we ſee that 


there 


or 


— — 
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there are Progreſſions of Numbers whoſe Sums 
are neither finite nor infinite, but between n both. 


Me 10 J 


— IIA Cc. is a Num- 


ber neither finite nor infinise: And ſo all the 
Means between 1 and Infinite, are neither fi- 


nite nor infinite. 


I have hitherto conſidered only theſe Caſes in 


Which z Sor I; let us now ſee what would 
be the Reſult if we ſuppoſe 2 — 0. It is evident 


then that the general Equation, vig. h i to 
all Hyperbola' s would, in this Caſe bey t, ſo 


that the Hyperbola's will in this Caſe degene- 
rate into a ſtraight Line DBI. 


F, parallel to AH. But conſi- | 
dering it as the ſimpleſt Hy- 8 IONS. 


perbola, let us conſider at © | 

whardiſtanceitwill meet with > IRS 9G 
# x 

its Aſymptotes. Now univerſally AC = 7. by 


the Sol. of part. f. of Prob, 3.) when x =o, but 
n o by Suppoſition: Ergo, be x what it will, 
x*=1, Ergo, AC=1, 2*, From the Solution 


of part 2. of Prob, 3. we have found that 
I 


A H= — — which in this Caſe will give 


= IF 


AH = A that 18 AH=&&|® 


1—11 1—17TT7 
or the infinite Power of Infinite. Co.: 


* 5 * =, a i — 
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Corol. 1. Conſidering a a ſtraight Line as an 
Hyperbola, it can have but one Aſymprote, 
vis, AH, whole Concurſe with A H is at 
greater Diſtance from A than any other Hy per- 
bola What ſoe ver. 

Corol. 2. All the Hyperbola' 8. K = whole 
Aſymptotes are AC, AH muſt interfect D, 
and the greater 7 is, ſo much the more they 
bend towards AA and receed from DF; and 
as they all interſect DF, ſo they all interſect 
one another in one Point only; and after the 
Inter ſection, that, in which 7 is greateſt, (till 
falls loweſt or approaches nearcſt to AH. | 

A; It you ſuppoſe 7 infinitely great, Vis. 


3 ———, then the Hyperbola will be a WR 


1—1 
Line parallel to the Aſymptote AC. 

Sec. . We have now finiſhed this Buſineſs 
of the Hyperbola's which has afforded us a new 
Speculation of Numbers, vig. of ſuch as are 
neither finite nor infinite, Which deferves to 
be conſidered better than either my Time or 
my Capacity will permit. However, I ſhall 
here ſer down a few Thoughts about them, 
till I haye more Leiſure to proſecute them. 

Firſt then, to diſtinguiſh them from finite 
and infinite, I ſhall call them indefinite Num- 
bers, and denote them by this Sign d. . 


2*. Indefinite Numbers! ſuppoſe to be inter- 


mediate Numbers, lying between finite and in- 
finite: For as we do not deſcend from i to o 
at 


OY 
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at one Step, but muſt paſs through an infinite 
Series of Fractions, , 7, 2, 5, Cc. So it is 
impoſlible that in aſcending from i to, we 
ſhould paſs immediately from finite to infinite; 
therefore the Steps between theſe two are inde- 
finite Numbers; thus before we arrive fromet 
to I, we muſt come at y/ 1, and before we 
come at / 1 we mult firſt come «/ 0 X [ 
and ſo on. 

30. The Rules for the Arithmetick of Inde- 
finites may be made after the ſame manner as 
is done for that of Infinites by D. Chyne. To 


which I ſhall add, that an Indefinite as « 2. gr 
g a | | | P 

J multiplied by another Indefinite as 58 
makes the Product &, ＋◻. this Product be- 


comes infinite when it happens that 4 s + 
pr <or =p s, but the Product is only inde- 
finite when qs—pr> ps. And if an indt- 
finite as *| be divided by another inde- 


. — p * — P 
finite as , the Quotient is 
1 


by 
infinite when qs— pris < or . p; but 
it is finite when 45 —pr =o, and indefi- 
nite when g 5 —Pr > ps. 
Note, Thar in expreſling an indefinite 
Number by ., I always ſuppoſe the 
1 


Nume- 


| 
| 
| 
\ 8 
| 
| 


1 
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Nu merator q leſs than the Denominator 2; 
for if q be either < or = p, then #[= is 
an Infinite. That theſe Numbers are not 
infinite, may be thus demonſtrated. If (ex. 
+.) „ x were. lafinite, tben x/=p——- 
gr.) 4 » XI were infinite, then N 
| | B 1 | 1 | 
(SVK) muſt be infinite, and * 
4 8 4 
13 | 5 © 
(=VSs) = infinite, but o x O = 13 Er- 
£0 1 = infinite, which is abſurd. 


muſt be = 0; Ergo * 0 = © * 


Set. 8. Containing ſome miſcellaneous 
Things relating to Infinites. | 
Len. Let FBDde | 
be a Logarithmick 
Curve, whoſe ficſt Or- 
dinate AB = 1, Ab- 
ſeiſſa 40 x, Ordi- 8 —— Y 
nate CO = y, Wa h A. © E 


ſymptote Ee: Now from the known Pto- 


perty of this Curve, it follows, 


| JE THA r AC are the Logarithms of CD, 
i. e. if you make the Ordinate D re- 
preſent a Number, then its Abſciſſa x (= AC) 

ſhall be the Logarithm thereof. 
. 2*. THAT the Logarithm of 1 is nothing; for 
| the 


hh 10 MH. tine * 
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the firſt Ordinate AB = 1, but its Abſciſla is 
FO, therefore (by 1) the Log. of 1 = 0. _ 

. THarT the Ordinates c (to the left of 
A B ) denoting Fractions, their reſpective Ab- 
icifla's Ac are the Logatithms of theſe Fracti- 
ons: So that as & is the Log. of any Integer, 


CD, in the like manner — x denotes the Log. 
of any Fraction (cd). 


4 - Inar the Log. of any Fraction - — is e- 


qual to — Log. of 7. So that the Log. of any 
Fraction (whoſe Numerator is 1) is equal in 
Magnitude to the Log. of that whole Number, 
which is the Denominator; there being no 
Difference between the Log. of that Fraftion * 


and the Log. of this Integer u, but that this is 
—+yx (becauſcir lies to the right from A towards 


E) and the other — x becauſe it lies to the leſt 


from A towards e. 
LY JI 
Demonſtration. — ſignifies 1 divided by 7, 
2 
therefore by the Rules of Diviſion £ 1— 1 


# = Log, of the Quotient, vis. I: —, Bur 7: 


=0© (by 2 * Ergo —l:n=1: - —. CQ. E. D. 


If this Curve be continued (utrinque) 

ES B in infinitum, then F will meet with the 

Aſymptote at an infinite Diſtance Ae: But i 1 
wi 


* 
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will diverge from the Aſymptote on the other 
ſide, ſo that at an infinite Diſtance AE the laſt 
Ordinate EF will be infinite. And ſince the 
laſt Ordinate ef is =o, whoſe Abſcifla A eg, 
it is evident that the Log. of o is = « or rather 
—=—0« : It is evident likewiſe the laſt Ordinate 
EFis S, whoſe Abſciſſa AE is allo = oo. 
So that the Log. of o, and the Log. of oo are 
equal, only the one is = V and the other . 


Prop. 1. — =« =1 +11 +1-+1, &c. 
This may ſeem abſurd, but the Demonſtration 


is evident from the foregoing Lemma. For— 


I I % — 
'=—, Let then =. That is 1 — 11=/- 

O 1—1 
This reduced to a logarithmical Equation gives 
—1xXx<); 1— 1 g:); that is —1 xl; o=l: y. 
But :o - (by Art. 5. of the Lem.) Ergo 
—Ix — :, that is E =/:y. There- 
fore y is infinite (/ c.) = ) for no Number has 
an affirmative and infinite Logarithm, except 


an infinite Number. Since then y= , then 


1 00 that 5 . 2. E. D. 
e Lv" = 1 
Schol. But by o cannot be underſtood abſo- 


lute nothing, for an infinite Number of abſo- 
lute Nothings cannot make 13 but by o is un- 
derſtood an infinitely ſmall Part, as in the calc. 


dif. 


Pax 
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aff d x is an infinitely ſmall Part of æ, ſo 
that Ax is as o to x: Not that x is abſolute- 
ly nothing, for it is diviſible into an infinite 
Number of Parts, each of which is 4 4 x. And 
therefore the Demonſtration, which ſuppoſing 


Fand e meeting at an infinite Diſtance A e, 


makes the laſt Ordinate e f = o, implies no 
more but that ef= d x. But then it maybe 
inquired what is the Quotient that ariſcs from 
the Diviſion of 1 by abſolute N othing. I ſay, 
there is no Quotient becauſe there is no Divi- 
ſion : Therefore it is a Miſtake to ſay the Quo- 
tient is 1 or Unity undivided, which is demon- 
ſtrably falſe, neither is the Quotient =o. For 
properly ſpeaking there is no Quoticnt, and 
therefore it is an Error to aſſign any. In like 
manner, it is an Error to ſay, that o x 4 makes 
the Product o; for properly {peaking there is 
no Product. It is true, this of Multiplicati- 
on has no influence upon Practice, but that of 
Diviſion has. 

FROM hence it appears, that a Curve is ſaid 
to meet with its Alymptote, when the Ordi- 
nate is infinitely little. 


PART II. Nn Tr1s 
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Furs ame Notion does explain how it 
comes to paſs, that 1 divided by a negative Let 
Number g gives a Quotient greater than infinite. I then 
For if (when you call LM=x,KL=).) 5. b 
Fe dx, then becauſe the Points F and e are | er th 

infinitely near, we may conceive the Logarith- 7-40 
mick Curve continued as interſecting AH in I affirr 
the Point e ſo that FB FZ FZZ BZ FZ G note 
makes but one continued Curve, whereof the dx, 
Part above repreſents. the affirmative Num- || renc; 
bers by its Ordinates, and the negative Num- preſe 
bers are repreſented by the Ordinates of the mick 
Part below; but A is the Beginning of the when 
Axis for the Logarithms of both, wiz. AE, | H wt 
AH, exc. are the Logarithms of the affirmative Ar 
Integers FE, GH, Cc. Ac the Logarithm of 
any affirmative Fraction, A e the Logarithm of by — 
an infinitely little Fraction, Fe d x. A2 A, Let 
A2 E, Gc. the Logarithms of the negative ¶ ced in 
Numbers, 242 3, 2 E 2 F, Cc. divide 

Now let be any Number greater than Uni- I Parts 
ty, then 1 — will be a negative N umber; let I of thi 

3 us 
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a 


* AE. eat 


. * I . 
us now ſee what the Quotient of 2 will be, 


1 . — . 
let it be 9, >=, 7, Eo I 9 =}, this 


reduced to a logarithmick Equation, the Equa- 
tion gives — XI: 1 —n =: y. | 
But 1 — 7 is a negative Number, ſuppoſe 
(ex. gr.) of 2 A2 B, then Az Ais =: — n, 
therefore— 1x A2A—/. q. but AzA< A 
e, and Ae=— o, therefore A2A < — . 
Let then A 2A = — « x4 (wherea < 1) 
then —1 x — 4 4:7. that is „4: 


, but * 4 , Ergo y is a Number great- 


er than infinite. 

And here it is obſervable, that there are 
affirmative Numbers leſs than nothing, de- 
noted by the ſeveral Powers of 4x, as d x*, 
dx*, Cc. or by the ſecond, third, & c. Diffe- 
rences, and theſe Numbers may be aptly re- 
preſented. by the Ordinates of the logarith- 
mick Curve, continued from F towards 2 H 
when d is affirmative, or from 2 f towards 
H when d x" is negative. 

Another way of explaining what is meant 


by —= =. 


Let AH produ- Þb ; 
. 
divided into equal A C k F GH 
Parts AB, BC, CD, DE, exc. ſo that a Part 
of this Linc ſhall denote any Number, ſuppo— 

- * + wp ſing 
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ſing AB l, let then x denote any per, 


nn 


(ex. gr.) Ac TER fog; = 


14 


1 7 = == 


Now luppotz b CSF near to DE ATE JY—x 


I 
BI = x, fo that — ===. But s = 


dx d*+ dx, Sc. That is 1 x * = 1 
1 ff. , Oc. And cmerefore —+=+ 


I 
—_— Sc. But by Suppoſition = A B 


* 

1 
=1. Erg 1—1-|-1, Cc. S x1, 
But —=1 +1-+3-|-1, c. Ergo — = 77 or 
d x = o, but 4 is not ablolute Nothing and 


therefore when we lay = = = IIA, &c.0 


docs not denote abſolute Nothing, but only 
d x, or an infinitely ſmall Part of x. And therc- 


LY 3 [ 
fore when (in the Quotient „.) we ſay let 


x, the Meaning is not that y is abſolutely 
equal to x, (for then there would be no Divi- 
fion, and conſequently no Quotient) but only 
that y exceeds x by an infinitcly ſmall Quantity 
dx, Which is ſufficient to make them equal. 


3 I haye 
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have hitherto conſidered no Progreſſions 
of Numbers except theſe that ate in arithme- 
tical and geometrical Progreſſions, and theſe 

I 
that ariſe from e as in g 5. I ſhall now 
1—1 

procted to treat of other progteſſions, and 
theſe, which offer themſelves firſt, are the ſe— 
veral Powers of Numbers in an arithmetical 
Progreſſion. Let then denote the Sum of 


any arithmetical Progreſſion a, a e, a &, 


a zx, 4x, &c. A the Sum of 1017 | 


Squares, B the Sum of their Cubes, C the 
Sum of their ee e. that is, let 

S a (67*) (ax) ＋ (a3) 
＋ (45-4*) l. 

Ae eee 

Ec, 

E. PAH + Pz Fame 
Pa EAN Se. 

r . 4 FI ＋4 37 
+ 44%] 

And 10 on 42 higher Powers. Now in or- 
der to find the Sum of any of theſe Progre li- 
ons aſcending till the laſt Term is 0x 1, I 
ſhall premiſe theſe following Lemma's, by the 
Help whereof you may find >, A, B. C, exc. 
for any Number of Terms. Calling therctore 
{ the Number of Terms in each Series, and v 
the laſt Term of the firſt, whoſe Sum is S. I lay 

v X xv -F dx — 43 
Lem. Le =” 2 Nan: Lein. 
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Lows; 2 ihe —— 


3 
Lem.; B. = © te — . — 


5 
6 * A 
xl 
Lem. 4. C = 2s 


10 x *A—10x B 

In cach of which fx =v4+x— @ (by Lem. l. 
§ 1.) and it is eaſy to continue theſe Lemma's 
for higher Powers. 

Before we apply theſe Lemma's to the finding 
the Sum of any Progreſlion whoſe laſt Term 
is infinite, it will be neceſſary to ſubſtirute the 
Values of f, &, A, B, C, &c. When you have 
made this Subſlitution, you muſt reje& out of 
the Lemma's every Term in which v does not 
occur; for the laſt Term being infinite will 
make v an indefinite Number; and ſince all the 
other Terms (in which © is not) are finite, 
therefore they are as nothing in Reſpect of 

v, and conſequently to be rejected. So, for 
Progreſſions whoſe laſt Term is = , the 
Lemma 's will be 


8 tx) _— 5 8 
S * 


vv 
Lem. 1. 8 = 
2 x 
| 3 2 2 
UV —& V UV — XD 
Lem. 2. A = — „ 
3 * 2 


en. 
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V TE 2 & V 
Lem. 3. B — — 
4 * 
| v 15 u OU -=; D 
Lem. 4. C. ——— 
5 * 30 
LET us now conſider what the Value of v 
is, in each of the Lemma A, B, C, c. An 
Example or two will make the Thing plain. 
Ex. 1. Let 1. 2, , 4, 4, &c. to v, 
1 whoſe Sum is S. 
Then for Lem. 2.) 1, 4, 9, 16, 25, Cc. to v', 
8 whoſe Sum is A. 
Bur v = (by Supp.) Therefore v —\/ 4 
= |: ſo that « is the Value of v in Lem. 


24, Tnlike manner as or ; is the Value 
of v in Lem. 3. And univerſally if e denote 
the Exponent of the Power to which each 
of the Terms of any arithmetical Progreſſi- 


— 


on is raiſed, then v . . in the 
Lemma that gives the Sum of theſe Terms 


( whole laſt is ) raiſed to this Power. 

Prop. 1. To tind the Sum of a Series of 
Numbers (continued till the laſt Term is) 
whoſe Terms are the Squares of any arithme- 
tical Progreſſion, 


By Lem. 2. the Sum ſought is 4 
3 4 


Nn 4 * 


2 


- x*Y 
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UV — XU 


__ —, but in this Caſe v = Ny Or 
2 
therefore all the Terms, except the higheſt, muſt 


evaniſh, and conſequent iy the Sum of the 
3 


, ak & 305 © 3 0 } 
Squares 1 = —= — 2 Xx ——. 
3X 3x 3X 3x 


Examp. Let x be S t, ſo1, 2, 3, 4, Cc. 
to /o is the arithmetical Progreſſion, the 
Sum (A) of whoſe Squares is ſought; I ſay 
Ar 16, Cc. * %, that is, the 
Sum of the Progreſſion is an infinite Num- 
ber of equal Parts, each of which is 7%. 


Prop. 2. To find the Sum of the Cubes 
of any atithmetical Progreſlion, 


: | 
In this Cale v=v or of, Therefore in 
Lem. z. all the Terms except the higheſt muſt 


* 1 —— oo © 
evaniſh, fo that B = — = =— 2 a= — 
4X 4X 4 Xx 
” 
K — 
4 * 


Ex. Let x t, ſo 1, 2, 3, 4, 5, Oc. to 7 
is the arithmetical Progreſſion, the Sum () 
of whole Cubes is ſought, I lay 15-8 4-275-64 


Prop. 


- my — 
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Prop. 3. To find the Sum of the Biqua- 
drates of any arithmetical Progreſſion. 


. 
IN this Caſe V SV or »*, Therefore by 


UV 13 1 
9. 5 
WR 

S* 


4 
Ex. Let x =1, ſo I, 2, 3, 4, Oc. to is 


the arithmetical Progreſſion; 1 ſay then that 


1-- 16--8245-256, Oc. = 0 „2. 


Prop. 4. Univerſal. Let e denote the Ex- 
ponent of any Power, to which the Terms 
of any arithmetical Progreſſion a, a . a 2x. 
4 ＋ zx, Oc. are railed, and it is required to 
find the Sum of the Terms ſo raiſed. I ſay 


& + A A TATA ax) A 
FRI 


Scholium. From hence may be eaſily de- 
duced the Quadratures of all the Parabola's 
Z—yY (where S is the Ordinate, y the Abſciſ- 
ſa, and e an affirmative Number) which is 
one remarkable Uſe of this Arithmetick of 


Infi- 
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323 — Infinites. For if in this Fi- 
S , it is plain that if you 
nd =1, 2, 3, 4, 5, Cc. ſuc- 
ceſſively, then will 5 = 19, 
2*, 36, 4%, Cc. ſucceſſively; 
which ſhews that the Ordi- 
nates are the Terms of an arithmetical Pro- 
greſſion raiſed to a Power, whoſe Exponent 
ise, and that (x) the common Difference is 
1: But if the firſt Abſciſſa y = 1 be infinitely 
(or indefinitely) ſmall, then the Ordinates 
will be infinitely near to one another, and 
the laſt Ordinate BC will be an » Number 
of theſe Ones. Therefore ſince to find the 
Area ABC, is, in effect, to find the Sum of 
the Ordinates, and ſince the Ordinates are 
15, 27, 3*, 4% 5* Cc. till you come to the laſt, 
which is BC= . Therefore by Propoſition 

2. 


4. ABC , that is ABC BC x 


Fi- 


BC* the ſame which is found by the or- 


" — 


ET 


dinary Methods of Quadratures. And note, 


that the whole Abſciſſa BA denotes the 
Number of the Terms- 

N. B. The Quadrature of all Sorts of Curves 
expreſſed by one Term thus aſſigned, it is eaſy 
by the Method of Aſſumptions of Series's to 
extend this Method to all Sorts of Quaara- 


tures hitherto diſcovered. 
AD- 


„ 


t. 


ADDITIONS. 


I have ſhewn in p. 160. &c. that mean 
Proportionals between 1 and are neither 
finite nor infinite. For a farther Illuſtration 
of what I have ſaid upon this Head, let us con- 
ſider what theſe Progreſſions arc, whoſe Sum 
is more than finite, and leſs than infinite. 

Prop. r. / O is a Mean between 1 and in- 


finite; but os — 


I 
T therefore 9 = 


1 
1 — 2 
* 


1—1 | which by Sir Iſaac Newton's 


Theorem gvies Y 0 =1—1| 2 = 1 -þ 3 + 
I; 1X3X5;1%3 5 X7 : 
— — 6 tha 1 
2 „4 | 2x4X06 2 * 4 Xx 6 8˙ es 


I X 3 IX2XxX6 
Hir, Sc. = 1 41 ＋— 3 5 


2 X 4 2 X4X6 
IX3X$5X7, 
Ti X4X6Xx8 Cc. 

AND ſo (by {quaring each Side of this E- 
quation) you wiil find it in Fact to be 1 1 
＋ 1, Cc. 141, &c, From hence it 
appears that the Progreſſion, whole Sum 
(being neither finite nor infinite) is / & 
conſiſts of Fractions, whoſe Numerators are 
tac Products of the continual Multiplication 


of 
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of the atithmetical | Progreſſion 1 75 
9, Cc. and the Denominators are the Pro- 
ducts of the Multiplications of the Terms of 
this arithmetical Progreſſion 2, 4, 6, $, 10, Uh 


Corol. In like Manner you may find / of 


— 


7 % Oc. by reſolving —— = = I—1 , 
Vie 


I hikes” 


4 


ITY 9 * 8 * o 
." 5p Cc. into a Series by Sir 
Tſaac Newton's Theorems. So 
7 I NTP ue ag: e 


* 3 =I—L 1 ++ 1 
11 
1X 4X7 
* * Sc. where the Numerators and 


Denominators are in arithmetical Progreſſi- 


ons, whoſe common Difference IS 3, 


5 1 "37-4 1X G 
1 — SE L 
C2 1—1 i 
vVi—T1 
TIXGXII e 2 — — 
1 v 1. I „ * 2 2e 1 
e 22. 
„ EX2OXZE 
PETE: of, 1x 20TJ-1X 3270 Ei 
OX2E0X 36 X 42e 2 3 E 


eTFIix3et” I X 4e 
XR ex 1e Ge. 


Prop. 
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Prop. 2. Let 1 be the firſt, r the ſecond, 


and v the laſt Term of a geometrical Progre- 

ſion 1, r, r, „ , &c. and t the Number of 
[4 

Terms, then TU „ Which gives r* 

. 

Corol. Let be the Number of Terms, and 
V the laſt Term in the like Progteſſion 1, 5, 
4, 9% K, Cc. then v = |7—1: 

Corol. 2. From theſe two Values of v, I have 
this Equation r/—! = $7—1 ; whenee it appears 
that if s be greater than r, then will 7 t, 
that is, in any two Progteſſions whole firſt 
Terms are the ſame, that, whoſe ſecond Terms 
is greater than r the ſecond Term of the other, 
will ſooner arrive at any given Number v. 

Examp. Let r = 2, then 1, 2, 4, 8, 16. 
Let 5 =4, then 1, 4, 16, that is, there are 5 
Terms (or F 5) in arriving at 16 in the firſt 
Progreſſion, whereas in the ſecond (7=3) it 
arrives at 16 in the 34 Term. 

Problem. Having r, t, s, to find , in which 
they ſhall both have the ſame laſt Term v. 

Sol. ri ri i (by Corol. 2.) this turned 
into a logarithmical Equation is + — 1 X/$5 = 


— —_ 


t—1 „Ir, which reduced gives r Ir 
＋ 15 — It tr —tr 


2— — 


* — F 1. . E. 4 
15 15 A 


Corol. 


” 
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Cool. Becauſe by Prop. 2. r. r v, there- 


fore Ir = Ir v, ſo ſubſtituting Ir v in place 


Ir u—tro-ls 
of fr, we ſhall have + = — — 
Es 
Ir vo Ir 
— — H.. 
1 50 
Corol. 2. Becauſe by Corol. 1. Ir r v, 
Ir v 
therefore t . And conſequently 
Ir | 
tru Irv tr 
— 12 — —— 1. 
Ir . 


But by the known Property of Numbers we 
have Ir I Ir v, therefore 1 — + = 


Ir -lv Ir—to tr 


— — ＋— k that is ? — 12 
tr 15 ls 
Lo 4 
14 ————-, that is, 
Ir 4 is 
41 tv 
. 
. | 
Corol. 3. Let _ laſt Fn V be infinite or 
2 00 2 00 
o, then - x⸗ L-... — 3 Which ſhews 
tr ls | 


2 


how much ſooner the Progreſſion 1, s, 5“, 
. 


188 


— —_— 
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of Oe. will arrive at , than 1,r, r*,r*, Ge. 

7 Is, how many more Terms there is in r, 

r, „ rf, &c. than in 1, 5, 4, 5, &c. when 
the laſt in both is «. 

Prop. 3. Let BGS & GEA | D 
= } X=1, where „ is any 
Number greater than Uni- 
ty. Then by the Calculus F 
Integralis, we have DEG 

11 —7 


* a 
BA = — ſo putting x — 1, we have 


I 
DEGBA=— 
1—S 
I 
But —=1 + +£f+s ＋ , Cc. 
I—F 
= DEGBA. 

But calling v the laſt Term of this aſcend- 
ing geometrical Progreſſion TEETH 
＋ Cc. we ſhall (as is ſhewn in Page I 135. 
of this Chapter) have 1 +s +s& + $f + 


S 


5 + Cc. =—, therefore DE GBA = 


1 
SV 
——. So that we have three different Expreſ- 
51 


1 


ſions of the Area DE GB A, viz. —;, 
15 
SU 
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and the Series't g +5 =, Ge. 


ä | 1 3 ' 

But what this Number v is: ( which denotes 
the laſt Term of the Progreſſion 1-5 + $457 
c.) is not ſo eaſy to determine; certainly it 


cannot bey =» X orI I, &c. For then 
DEGBA = therefore if in one 


Hyperbola we put 5 = 2, (ſcil. α 1) we 


have DEGBA == x 2 and putting in ano- 
theri=3,(ſcil. yp x'=1): we have DE GBA 
— oO XI; NOW this would make the Area of 


the Hyperbola y x*= 1 til. & x 2 greater 


than the Area of the Hyperbola * =1 ſcil. 
«© X ; (becauſe 2 <+) but it is eaſy to de- 
monſtrate, that in the Hyperbola's y x* — 1. 
the greater we ſuppoſe the Exponent s, ſo ſhall 
the Area DEGBA (adjacent to BG) be the 
greater, and conſequently the laſt Term v of 
the Series HSH, &c. cannot be or 
1+ 11-11 &c. for upon that Value of 


| SU 
v, the Expreſſion t would make the A- 


rea DEGBA todectcaſe as s did increaſe, 


To diſcover the Value of v, we have 


DEGB A=—— = — which gives v 


1 1 is 
$1 S—1 1 
= — 22—ů Xx — — 
S— 8s 5 LIL —$S —-$ 


H AY- 


— 
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* 1 4 | | 
HAvING found Ui we ſce that in 


two different Hyperbola's (Ex. gr. y * 1, 
andy x*=1,) 2 have the ſame Value; 


for in the former VE which is leſs then v 


1— 3 
——, in the other. 
TY 
$—T 1 
Secondly. From the Value of v= ee 


we ſee that the laſt Term v is equal to the Sum 
of the Series (vi. 1-5 Cc.) multi- 


E | $—1 TRE" 2 
plied upon —— for —. is IS. 


Corol. I ſay the laſt Term v cannot be & 
* , take what Number you will for 7 (ex- 
cept in the Caſe of the common Hyperbola, 
where $ = 1.) For if it were poſlible, let v 


I 
=o n; then _— = © X n, there- 


fore 5—1 = «© Xus — , Which gives 1 == 


\ BS —ns* M = ar” 


—=, and conſcquently— = — — 
r q 9 Swok = 


give =I. N. E. D. 
Corol. 2. It is evident that v is ſome Pow- 
er of 5, let the Exponent of that Power be 
I 


—1 — 
PART II. O o * 


I n -u, a 
but. = 0, therefore = o, Which 


' 
' 
: 


— — 
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' * 1 . I 8 1 1 
2 — —, id eft, UE HEA therefore 
9 1 —s$s S — I 1— 

— 


1 .* 
It 5 —, Which reduced to a 


logarithmic {Equation gives 3 I i: 


3 ee 
IAT. — which gives = — _ — 
— 1 2. E. J. 


— ——— 


— 
— 


An 40 NSW E R 70 Mr. Varignon's Reflecti- 
ons upon Spaces greater than Infinite. 


ET BC, AC making a right pale 

at C be the Aſymptotes of any Hyper- 
bola BGA; the Abſciſſe CL = x, and Ordi- 
nate LG =y; and the general Equation to 
all Hyperbola's y x*= 1, Then becauſe y = 
I 


= we have y d x =x—*d x, therefore 
: % = ſ: xd x; ko by the Calculus 


Integralis SOUS x == therefore /: 


— 


dx ==; But J: / d = BGLCB there. 
fore 2 BGLCB; 
I —e 


THIs 


—— —— — — — 


HIS 


„ therefore AC MGA — a 


— — 
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Bl Tus Conclufion 
(though deduced na- 
turally from Prin- 


— 
” 


| 
4 n x 
ciples which Mr, 
* * E Harignon acknow- 
1 "—— A ledges to be true ) 
1 I n denies, laſſuring 


us that it is only 


the negative wt. of the Area AG LA 
or Complement of BGLCB, when e < x. 
But (without any Regard to the Ratio of 

to t) let us conſider the algebraical Expreſ- 
gone of theſe two Spaces BGL Ch, and A 
GLA; we have already found BGLCB — 
* 


Are and calling the Abſciſſe C M = , and 


Ordinate M G = x, we ſhall from the Equa- 
tion y x 1, find AC MGA Se . but 


1 
eXXx.— 


46 — 1 


from which if you ſubſtract C MG I. * 
= x'—*, the Remainder will be (as Mr. Va- 
. 4786) 46 LA ==» which is in- 


heed the Negative of 2 — 


But his Concluſion is falſe and groundleſs, 


1— 


vis. That *— is not the Expreſſion of thc 


l 3 


O Oo 2 Space 
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— — — 
— = — 


Space BGLCB, bur only (when 41) the 
negative Expreſſion of it's Complement AG 
LA. For (according to the Principles of the 


1— e 


. Caleulus Integralis, —_ is as certainly the 


Expreſſion of the Space BGLCB, as its Ne- 


Kt 


- is the Expreſſion of its Comple- 


ment 40 4 And this is ſuitable to Na- 
ture's Proceedings, Viz. to do things in the 
ſimpleſt and moſt general Method, and con- 
ſequently to give one Expreſſion of the Area 
of a Figure, and of its Complement, when it 
can be done. And 4 it not (with as good 


Reaſon) be aid that= — is not the Expreſ- 


ſion of the Space A GLA, but of its Comple- 
ment BGLCB; and not only it may be ſaid, 
but Mr. Varignon mult ſay ſo in all the in- 
numerable Cales where e > 1 ; and to ſay it 
is not when e t, and it is when e > 13 
what is this but to ſay backward and for- 
ward, according as it will anſwer. his Con- 
ceit of denying that there are Spaces greater 
than Infinite? But to put this Controverſy 
beyond all Diſpute, let us reſolve theſe two 
finite Expreſſions of the Spaces B G&L CB, 
and 46 LA into infinite Series's. 


J. = ebe tee, Cc. when 


you 
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you begin the Diviſion with 1, as here it 
naturally ſhould. 


ac Wa I I I I Kc. 
pos e 2 25 e* » 
when you begin —_ — — e. 
* 1 
n. — + D 
e—1 e* 


when you begin 8 Diviſion LA e, as here 
it naturally ſhould. 


em 
IV. —=x'"* x --- eee“, &c. 
e—1 
when you begin the Diviſion with —1. 
Thus it appears, that each of theſe two Ex- 
preſſions give two Series, of which the firſt 
is the Area directly ſought, and the other the 


** 
 BELCB=—= K n eee 
I 1— e 
e* T &c. 
9 4K 12 I I 
—AGLA =— X ———— 
[ 1— e ef 
"Y I 
— —— &Cc. 
Th 2 
0777” I 1 
AGLAZ — g x—+ + —T 
* e ec E 


negative Expreſſion of its Complement; ſo 
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$123 i 6 
— + &c. 
e | 
l Fg — 1 
BOLCB = P , ponies 
2—1 
3 & c. 


Theſe are plain and obvious Concluſions, 
deduced from the known and common Ope- 
rations of Arithmetick, and utterly over- 
throw all that Mr. Varignon alledges againſt 
Spaces greater than Infinite. 

For ay any Limitation (except e < 1 ) 


— 


De is not the Expreſſion of 


he ſays that 


BGLCB, but the Negative of the Space 
AGL A. And if ſo, then (by Series I.) it will 
follow that *—** e f „&c. is 
the negative Expreſſion of the Space AG LAX, 
and this I ſay implies two manifeſt Abſurdi- 
ties; (1ſt) That a Sum of athrmative nay 
titics is negative; and (2dly,) That the 

of an infinite geometrical Progreſſion, whoſe 
Terms are continually increafing, is equal to 
a finite Quantity, 2, e. That Afticmative is 
Negative, and Infinite is Finite. 

That which ſeems to ſhock Mr. * 
is, that there ſhould be Spaces greater than 
Infinite; for he tells us expteſſly, that he 
looks upon this as a Contradiction. But 
this Difficulty will ſoon evaniſh, if he conſi- 

dets 
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—k._ 
— — — 


ders what is the ſimple Idea of Infinite; and 
becauſe he confeſſes that in the Apollonian 
Hyperbola BGA, the Space BG LC is In- 
finite; therefore let us take the arithmetick 
Value of BGLCB for infinite, but in that Hy- 
perbola e=1, and therefore (if we put like- 
wiſe x= 1) we ſhall by Series I. have BGL 
CB=1+1+1+iÞ1 ec. that is BELCB 
= < X I Or an infinite Number of Units. So 
that when we ſay 25-22 +2, Cc. or « x 
2 is more than infinite, no more is meant, 
but that it is greater than ſimple Infinite or 
© X1I; 1. e. (taking x 1 for the Unit, by 
which we meaſure Quantities that are infi- 
nite) Xx 2 2 * , or 2 <1, 

This will be yet plainer in the Caſe of Fi- 
nites. It is certain no Quantity can be leſs 
than Finite (as none can be greater than In- 
finite) which we ſhall denote by o x 1 or 1; 
when I ſay then, that © x + is leſs than © x 
1, I mean no more but that 12 1; and be- 
cauſe I have defined the Idea of finite by o 
x 1 or 1, I may very properly ſay, that o x 
z or ; is leſs than a finite Quantity. 


— — 


September 23 d, 1713. 
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of Bath Waters, the Manner of uſing them, and the Diſeaſes in 
which they are proper: as alſo of the Nature and Cure of moſt 
Chronical Diſtempers, The Fifth Edition, enlarged to more than 
double the former. 

An Eſſay of HEALTH and LONG LIFE. The Se- 

venth Edition. 

Tractatus de Infirmorum Sanitate tuenda, Vitaque producenda, 
libro ejuſdem argumenti Anglice edito longe auctior & limatior, 

huuic acceſſit de Natura Fibræ ejuſque laxæ five reſolutæ Morbis 
Tractatus nunc primum editus. 

The ENGLISH MALA DV: Or, A Treatiſe of Nervous 
Diſeaſes of all Kinds, as Spleen, Vapours, Lowneſs of Spirits, 
Hypochondriacal and Hyſterical Diſtempers, c. In three Parts. 

Part I. Of the Nature and Cauſe of Nervous Diſtempers. Part II. 

Of the Cure of Nervous Diſtempers. Part III. Variety of Caſes 
that illuſtrate and confirm the Method of Cure. With the Au— 
thor's own Cale at large. The Second Edition. 


- Theſe Six by GEORGE CHEYNE, M. P. Fellow of the 
Collage of Phyſicians at Edinburgh, and F. R. S. 


Tentamina Medico-Phyſica, ad quaſdam Quzſtiones, quæ Oe- 
conomiam Animalem ſpectant. Accomodata quibus acceſſit Me- 
dicina Statica Britannica. Authore Jacobo Keill, M. D. 

The Practice of Phyſic reduced to the ancient Way of Obſer— 
vations; containing a juſt Parallel between the Wiſdom and Ex- 

perience of the Ancients, and the Hypotheſes of Modern Phyti- 
4 cians: With many Practical Remarks upon molt Diſtempers ; and 
"TH ſeveral new and curious Diſſertations, particularly of the Taran- 


tula. Written by Ge-rge Baglivi, M. D. 
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